THE AICE LIBRARY

The Examined
Machine

dl %4 = 1
miman'smgﬂ"lmmu

PHILOSOPHY AND COMPUTING, EACH READ THROUGH
THE OTHER

Fifteen hearings on one shared question — what can be known, said, and done by
rule — argued twice, by philosophy and by computing, until each discipline answers
in the other's vocabulary.
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2026-08-02 - FIFTEEN HEARINGS, TWO COURTS



How this book is built

Fifteen hearings, framed by a chapter that sets the courtroom and one that closes
it: principles argued with dates, names, and sources, not a survey. Part I (chapters
01-08) puts computation on the stand and lets philosophy question it; Part II
(chapters 09-15) reverses the benches. Read straight through to watch the case
build, or open any hearing on its own — each chapter's first line places it in the two
courts, and its Connections section says which chapters cross-examine it.
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THE MAP

CHAPTER 00

The Map

P
LLAUN

This chapter is the courtroom itself — the two benches, the rules of examination, and
the standing of the witnesses. Every chapter after it is a hearing.

UnilAeiaINaIsaARies — INTNAAINARIRN NYUBINITTNON LazanUEYDINEIU
NNUNIAIIINUABNIS IREILNINASY

Why are philosophy and computing the same project, separated at birth?
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For three days in September 1930, the limits of reason were argued twice in
the same town by people who did not quite hear each other. The Second
Conference on the Epistemology of the Exact Sciences met in Konigsberg
from 5 to 7 September; John von Neumann came to present the formalist
case for securing mathematics by finite mechanical means (conference pro-
ceedings, Erkenntnis 2, 1931). On the last day, in a general discussion, Kurt
Godel let slip — off-hand, almost in passing — that he could exhibit arith-
metical propositions that were true and unprovable in the formal system of
classical mathematics. Von Neumann understood at once what had just
been said (SEP, Gddel's Incompleteness Theorems). The next day, 8 Septem-
ber, a few streets away, David Hilbert closed an address to the Society of
German Natural Scientists and Physicians with six words later cut into his
tombstone: Wir miissen wissen. Wir werden wissen. We must know. We shall
know.

nenaniuluideufueieu 1930 Tasriaveavmragnldudiansnddluiios
e TasauitliresliButuuasiu msuszguassiiaorindeniaive
YOIINYIAIEN5LIIUATI (Second Conference on the Epistemology of the
Exact Sciences) Sntuinoiinduusnsewinedudl 5 &1 7 fusou 2oviu wou


https://en.wikipedia.org/wiki/Second_Conference_on_the_Epistemology_of_the_Exact_Sciences
https://en.wikipedia.org/wiki/Second_Conference_on_the_Epistemology_of_the_Exact_Sciences
https://en.wikipedia.org/wiki/Second_Conference_on_the_Epistemology_of_the_Exact_Sciences
https://plato.stanford.edu/entries/goedel-incompleteness/
https://plato.stanford.edu/entries/goedel-incompleteness/
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vasndinansAIeIsiBanalndiin (s1891un15UsEYw, Erkenntnis 2, 1931)
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lalusguuguile (formal system) vaspdinAansaatadn Weu usatiutitila
iinnainezlsiu (@1synsuuivarawnunasa (SEP), Godel's
Incompleteness Theorems) Fudian Ao 8 Auenau vielulaifouu nin 8
auuinUaurgnandoauIANTnINGIAIANSSITUBIRUALUNNE LKL DTUTATY
wnAn1erasgnaan IuLnauANYadU: Wir missen wissen. Wir werden
wissen. 1317945 1519¢3

The remark and the vow were about the same thing, and the remark won.
Hilbert's program was not arithmetic housekeeping; it was a philosophical
wager — that every mathematical question is decidable, that certainty can
be made mechanical (SEP, Hilbert's Program). Godel published in 1931 and
the wager was lost. Five years later the rest of the answer arrived, and it
arrived in the shape of a machine.
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— mnAanumsedinmansindule (decidable) I1Aanuwiueusinliitu

nalnla (SEP, Hilbert's Program) tnatfafnunnasulul 1931 uazniswiiy
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That project was already two and a half centuries old. Gottfried Wilhelm
Leibniz spent his life on a device and a dream: a characteristica universalis,
a notation in which every concept decomposes into primitives, joined to a
calculus ratiocinator, a rule-system for computing with them. The point was
not tidiness but peace. "The only way to rectify our reasonings,’ he wrote,
"is to make them as tangible as those of the Mathematicians, so that we can
find our error at a glance, and when there are disputes among persons, we
can simply say: Let us calculate, without further ado, to see who is right"


https://en.wikipedia.org/wiki/Second_Conference_on_the_Epistemology_of_the_Exact_Sciences
https://en.wikipedia.org/wiki/Second_Conference_on_the_Epistemology_of_the_Exact_Sciences
https://plato.stanford.edu/entries/goedel-incompleteness/
https://plato.stanford.edu/entries/goedel-incompleteness/
https://plato.stanford.edu/entries/goedel-incompleteness/
https://plato.stanford.edu/entries/goedel-incompleteness/
https://plato.stanford.edu/entries/hilbert-program/
https://plato.stanford.edu/entries/hilbert-program/
https://plato.stanford.edu/entries/hilbert-program/
https://plato.stanford.edu/entries/hilbert-program/
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(Wiener, Leibniz: Selections, 1951, p. 51). The Latin is one word: calculemus.
He also built the hardware: a hand-cranked calculator that multiplied and
divided, one specimen of which surfaced in a Gottingen attic in 1879.

Tassnsiuiionyaesamssuassegounda novnvinin daddy lavielddin
wiTinlufugUnsaitunilauagauilunile: characteristica universalis 52Uy
dydnualinnuluiminendesanfumienugiu nuandriu caleulus
ratiocinator szuungﬁm%’uﬁmamé’awﬁaamei'lﬁ?u Uszoulilgaanaudu
suiou uideduinin wndeulidn vumadeaiesudlunslivguaveas
feviliiududosldiviouvastnadinenans inefiisazfiunnufianainves
i lalunsuen LLazLﬁaL?m%'aﬁwmwwj'mqﬂﬂa g ayalidn udwu
fudn Tagligesyansely tiegitlasgn (Wiener, Leibniz: Selections,
1951, p. 51) MenazAuAoALAgn: calculemus 1W189a519815ALITAY: 1A309
Anavuuunyuiiefiguuasnsld fermilesiuluatuanluiesddndon
AAniadulul 1879

The line from that dream to the machine on your desk is not a clean one.
George Boole did not learn that Leibniz had anticipated parts of his algebra
until more than a year after The Laws of Thought (1854), when Robert Leslie
Ellis pointed it out. Frege, by contrast, invoked the calculus ratiocinator by
name and claimed the inheritance deliberately (SEP, Leibniz's Influence on
19th Century Logic). The dream was rediscovered at least as often as it was
handed down — itself evidence for this book's claim: two disciplines keep
arriving at the same idea because they are working the same seam.
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wiaUndsa1n The Laws of Thought (1854) iiels10$n 1aaa toasadiviiu Tu
nandui ilsindneiia calculus ratiocinator Inemseuazdrs@nsusaniivegns
2413 (SEP, Leibniz's Influence on 19th Century Logic) mmﬁ]uﬁgﬂﬁuwﬂmi
Uaswos fuiignassiafiuan — Fudundngruvesteiauendnvomilsdoiduil
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https://publicdomainreview.org/essay/let-us-calculate-leibniz-llull-and-the-computational-imagination/
https://publicdomainreview.org/essay/let-us-calculate-leibniz-llull-and-the-computational-imagination/
https://publicdomainreview.org/essay/let-us-calculate-leibniz-llull-and-the-computational-imagination/
https://publicdomainreview.org/essay/let-us-calculate-leibniz-llull-and-the-computational-imagination/
https://publicdomainreview.org/essay/let-us-calculate-leibniz-llull-and-the-computational-imagination/
https://plato.stanford.edu/entries/leibniz-logic-influence/
https://plato.stanford.edu/entries/leibniz-logic-influence/
https://plato.stanford.edu/entries/leibniz-logic-influence/
https://plato.stanford.edu/entries/leibniz-logic-influence/
https://plato.stanford.edu/entries/leibniz-logic-influence/
https://plato.stanford.edu/entries/leibniz-logic-influence/
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The seam runs like this. Frege's Begriffsschrift (Halle, 1879) supplied quanti-
fiers, and with them a logic strong enough to carry mathematical reasoning
rather than merely classify syllogisms. Russell's letter of 16 June 1902
showed that Frege's foundation contained a contradiction. Hilbert and Ack-
ermann's Grundziige der theoretischen Logik (1928) posed the Entscheidung-
sproblem: is there a procedure that decides, for any statement of first-order
logic, whether it is valid? Godel answered a neighbouring question in 1931
with a no. Then in 1936 the Entscheidungsproblem itself fell twice, inde-
pendently: Alonzo Church in April (American Journal of Mathematics 58:
345-363), and Alan Turing in a paper received 28 May.

azuTuAuLUUl Begriffsschrift waainsin (Halle, 1879) TiaausUsuna
(quantifier) 11 uagdaeAeiy assnAaniiudausmeszuuniunsliuewa
nundaaans Lilduasiuundaladu (syllogism) anunevesiasadasiudl
16 figuisu 1902 wandbiiiuinsinguvsansiniidetauddouny

v
o

Grundziige der theoretischen Logik (1928) 4848auusniusaALApSHuULlRIA

914 Entscheidungsproblem (Jeynnisandula) usn: Hnszuiulsniied
snaulauseld Idennulag Tunssnaansouaunils (first-order logic) Uu

A 1 a o v = = ¥ [J 1 M v gj
aunaunania bl inafanauaiudiudsdlul 1931 mer1inlild i
1ut 1936 ¢ Entscheidungsproblem Losnauasaadnsilnedassainiu:
aaouly 1WsvluReuuwieu (American Journal of Mathematics 58: 345—
363) uageau MissluunANunlasuLiie 28 wgunAu

Turing's method is the hinge of this whole book. To prove that no procedure
exists, he first had to say what a procedure is, and "mechanical" had never
been formally defined. So he defined it: an idealized clerk with a paper tape,
a finite set of states, and a table of rules, and argued that this exhausts what
any human computer following fixed instructions could do. The universal
machine, and therefore the stored-program computer, is a by-product of
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that argument. Nobody was trying to invent an industry. Someone was try-
ing to settle whether reason has a decision procedure, and the computer
fell out of the proof.

FvesnSideutuiuremisderiaduil inegaiilifinsruniglaogase
widaueniawiinszuIisheesls uazA13n "ienaln lueegniiauedna
Hunenisindeu widsdewiiuturnies: iafsulugauadnfdimnszany o
anugsuIusia uazeseng udldudeindsiiaseunquyndeiiuyuds
furamusdsmesioziinld iiesanna (universal machine) wagdaeingil
panRImesLULlUsuAsIAUTUR? (stored-program computer) Jadu
wawaosldandeldudaiu liflasdmerswaigramnssutun fau
wilsrhdmereugdinmianaiinssuanisdnaulaniols ud
AeuRImBsATHUEENUIINUNRGATRIY

The estrangement came fast, and it was institutional rather than intellectu-
al. Turing published the founding paper of computing in a mathematics
journal, then in October 1950 put the founding question of machine minds
in Mind, a philosophy journal — one man, two faculties, fourteen years
apart. By the time the first Department of Computer Sciences in the United
States was created at Purdue in October 1962, it was established inside the
Division of Mathematical Sciences: the new field took the machine from
mathematics and left the question with philosophy (Rice & Rosen, Purdue
CS history). Departments are cheap to found and expensive to bridge.

= 1 3 L] @) 4'4 a L]
AMuLUanuen (estrangement) 1184981959A157 wazsiuduiseudanntu
1A NBeleyeN TSIRRUNUNAIIUNBATIBINITAIUIAUTUINTENS
a I3 4 = @ o ) 1 g.ll dl a dl [
AalnA1ans wadlufounainy 1950 AIAIAINNBANTDIINVBLATBIINS lUAS
Tu Mind 25a15U5y1 — AuALRY) daganz eaiuaUEU anialan
INYINIIABUNAABS (Computer science) LAILINIUANIF AOAITUNNSHTU
= L% gj 4 U a o a o |dy
Wwaunaau 1962 dugnaslineludheinermansaainans: aiviluaidien
sesdnsluanadindans uazisaaulifuusaen (Rice & Rosen, Purdue
CS history) aMaivnnendladie uaweulesiuein


https://www.cs.purdue.edu/history/index.html
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https://www.cs.purdue.edu/history/index.html
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Each side then forgot something the other was holding. Computing forgot
meaning. Claude Shannon opened information theory in 1948 by setting se-
mantics aside — "These semantic aspects of communication are irrelevant
to the engineering problem" — an honest bracket, exactly right for building
telephone networks. But a bracket held for eighty years hardens into a
metaphysics, and a field that measures information without meaning even-
tually builds systems whose behavior it can quantify and cannot interpret.
Philosophy forgot feasibility. Its standard epistemic agent knows every
consequence of what it knows — logical omniscience, a creature no re-
source bound permits. Whole arguments about knowledge, rationality, and
belief were built on an agent that could not be implemented at any scale
(Aaronson, Why Philosophers Should Care About Computational Complexity,
2011).

winzdheAudsiisnineiony nsAuraiduauvane Taan uwuusuwda
ngufansaumnalul 1948 ArensiuAunNIg (semantics) aanlunau —
"LLciaguL%qmmvamamaqms?%amiméﬂﬁhjLﬁm%’aqﬁ’uﬂmumL%ﬁmniiu" —
Hunsiuliegnedonse gndeadzdmiunisairandenesinsdni uinnsiu
Biuendwuaduldeuudinarafueiuiun wavanuniiinasaumna
Taglifianuvneluiigafasrsssuuiidaiuianginssuldudfanulals
Usvrauanudululaesa i3 (epistemic agent) insgiuvesiuinnwadu
\fleswasAsiisiug — mnuseudiBansang (logical omniscience) Afigandilai
vauwaniweinslaeynalmnduld delduduimunFomud wnua uaz
auidegnadretuuudiiliiniaiiuldessldluanalaas (Aaronson, Why
Philosophers Should Care About Computational Complexity, 2011)

So this book is not a survey with two halves. It is a cross-examination, and
the difference matters. A survey reports what each side believes; a cross-
examination makes each side answer in the other's vocabulary, where its
habits give it no protection. Three rules hold here. The examiner sets the
terms — a witness allowed to answer in its own words is being interviewed,
not examined. Both voices appear in every chapter: where the machine is
on the stand it answers back, and where philosophy is on the stand it ob-

10


https://arxiv.org/abs/1108.1791
https://arxiv.org/abs/1108.1791
https://arxiv.org/abs/1108.1791
https://arxiv.org/abs/1108.1791
https://arxiv.org/abs/1108.1791
https://arxiv.org/abs/1108.1791
https://arxiv.org/abs/1108.1791

THE MAP

jects. And every claim carries its evidence — a date, a work, a source you
can open — because the fastest way to lose a cross-examination is to assert
what the record will not support.

v & LS| 1 = 1 o P 1 & = o A o ¥
aaunisdeiauillaldnsdrsranuualuassdn duRenisdnaiuniu (cross-
examination) WazAUANNHAIAY N1sd1s1sIBuwsazideess s diu
nsdnanuAutsruliuRazlenaumMeAdwiuesdnie NFsnuLAetu

Y

vasieslionauntlouiuld ngawdetiuegnseil fann1u (examinen) 1lug
svuadouly — weu (witness) 7ildsuaynynlinoudodesdvesiesdio
fdagnduntval laldgndnanu seaeadesusnglunnun: assiiiaiesdnsog
Tudiisweu (on the stand) sfuneuldndu wazaseiiudvaroglufivanenu fu

ARATU LaENNTONEIENUUNUANFIUYDIRIDI LT — Fui NAIUTUNLY unaa

1 J ]
I a A

1 a aa [ Ad a v [ v = S Ly
81989 Ungla — sznenisinaanazunn1stnauAuRn1sEUEUE
LY = = 1 U

Junnaf (the record) laisassu

Part I, chapters 01-08, puts the machine on the stand and lets philosophy
ask: what kind of thing is a program, does a machine's answer count as
knowledge, how does code mean, can a decision be delegated without los-
ing its morality. Part II, chapters 09-15, reverses the benches: computation
asks philosophy what it can actually deliver, and the answers often embar-
rass positions that sounded secure. No verdict is handed down at the end.
Chapter 15 explains why the examination cannot close, and chapter 99
hands you the route to keep running it yourself.

A1A 1 undl 01-08 ﬁ']Lﬂéaﬁﬂsﬁuﬁﬁhwmuua3Uéaaiﬁﬂ%’mywmu: Tusunsu
fedsuiinluuiuu dmauveaniasinstiuluanuivieli ldatinnunune
laaenals nssindulagnueununelulilesligededasssuvesdiunseli na
Il undi 09-15 siilsaduile: msAuImaUSsYITudmaueslsldaseng
wagAmauinvinliigauiiilgiunsdesduens lifinssudiindu (verdict)
dleau unii 15 eueivilunsdnanuBelnluild uazunii 99 dawouidumig
Tinalulssialos
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How to read: seventeen files, each self-contained, principles rather than
coverage. Every chapter opens with one line placing it in the two courts and
closes with Connections — which chapters cross-examine it — plus open
questions and a short, checkable reading list. Read straight through, or
enter anywhere; the Connections lines are the corridors between
courtrooms.

3581u: AU WG uiazlvdauysallusiies Wundnnisuinndinau
asounu Mnundadenilsussiafineiunisvesiuluaesaa (the two
courts) uazdaviedae "doulee — unludnaruduuniitng — vanfud
pwiidalineguazsenisenudug finseaeuld srusadisranduauay
voithunassluuild ussia "Jeulse Aemududouseuinaesiansanad

(courtroom) 1146

Connections - 1Uaula

Everything connects here and this chapter stands on nothing. Chapter 01 is
the closest neighbour — logic is where the two disciplines were still one
family, and where Godel, Turing, and Curry-Howard get handled properly.
Chapter 09 returns to 1936 to ask what the Church-Turing thesis actually is:
mathematics, empirical claim, or definition. Chapter 10 turns philosophy's
forgotten feasibility into a standing objection. Chapter 11 audits Shannon's
bracket in full.

1 = Ao A M e ' a ' a A oA v
nnegraaulesiil wasunilildgusguuadlauinou uni 01 Asiveutiu
! val oA a v & v A [ [ a
nlnangn — nssnAransneganassavidulunseuninfednu uasidugan
\naLAa 1734 waz Curry-Howard gninnsegnegniss uni 09 daunaulud
1936 1oa1u3198 Church—-Turing Aoaglsiuuy: AnlnA1Ens Janan2914
\BeUszand wisdlienu uni 10 Wasuanudululdessiusugaulls
naneidudesnduindundaning uni 11 asedeunisiulivesuvuususeig
AZLOYAATUNIU
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Open questions - A1aundanag

Was the estrangement necessary, or merely administrative? A discipline
that had kept its philosophers might have reached interpretability research
decades earlier — or might have argued instead of building. Is the
courtroom the right shape at all, or does an adversarial framing flatter both
sides by assuming they are separable? And if the two are one project, why
has no institution managed to house them together for long?

Y o & a = <, ) a a a Ao Y
AnuuUanuenuudnduasmsellulAisaatausms aunivnsnein
USvaunvesiiesionalufenuidudnu interpretability loisaninilnanedud

N ' = A a o Y  a a ) A v
— WseRnaDMAnNfsIuUNIzadiioadne iesasanafduguuuunignaies
euse ki senseunuuysUnelindueneensassdiemenisauuRauenan
[y 14 vy & [ = [y a o 1y o v& 1
Auld uazdsasalulassinisifieaniuade vinlulidaaduluugualinsged
aenulaurulay

Go deeper - 911619

— Martin Davis, The Universal Computer: The Road from Leibniz to Turing, W.
W. Norton, 2000 (paperback retitled Engines of Logic, 2001) — this chapter's
arc at book length, told through the people.

Martin Davis, The Universal Computer: The Road from Leibniz to Turing, W.
W. Norton, 2000 (atuunaeutUasutieiu Engines of Logic, 2001) — tilamn
vosuniilumnuenseauntisdeniay laHuAIyana

— Alan M. Turing, "On Computable Numbers, with an Application to the
Entscheidungsproblem," Proceedings of the London Mathematical Society,
ser. 2, 42 (1936-37): 230-265 — doi.org/10.1112 /plms/s2-42.1.230. Read
alongside "Computing Machinery and Intelligence," Mind LIX, no. 236 (Oc-
tober 1950): 433-460 — doi.org/10.1093 /mind /LIX.236.433 — for the split
running through a single mind.

13
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Alan M. Turing, "On Computable Numbers, with an Application to the
Entscheidungsproblem," Proceedings of the London Mathematical Society,
ser. 2,42 (1936-37): 230-265 — doi.org/10.1112/plms/s2-42.1.230 81uf
fiu "Computing Machinery and Intelligence,” Mind LIX, no. 236 (October

1950): 433-460 — doi.org/10.1093/mind/LIX.236.433 — Lwaﬂm'muanw
JudnlonuAuRen

— The Philosophy of Computer Science, Stanford Encyclopedia of Philosophy —
the standing map of the borderland; pair it with the entries on the Church-
Turing thesis and Hilbert's program.

The Phllosophy of Computer Suence SEP — unuiiUsesrvasiunaumsie
wauil muﬂnuswmslﬁawam Church-Turinguaglasin1svasdanusv

14


https://doi.org/10.1112/plms/s2-42.1.230
https://doi.org/10.1093/mind/LIX.236.433
https://plato.stanford.edu/entries/computer-science/
https://plato.stanford.edu/entries/church-turing/
https://plato.stanford.edu/entries/church-turing/
https://plato.stanford.edu/entries/hilbert-program/
https://plato.stanford.edu/entries/computer-science/
https://plato.stanford.edu/entries/church-turing/
https://plato.stanford.edu/entries/hilbert-program/

LOGIC

CHAPTER 01
Logic

ASINANEANS

This is Part I's first hearing, the discipline standing closest to the courtroom itself —
logic is where philosophy and computing were still, for a while, one undivided family.

'
a

wAensldaIuusnvenia | avivindulnanesiansanafiedian — nssnAEnsAe
andSgiuntsAadaduaseuasaferiulidunnuen sgdivazril

What happened when the laws of thought became a machine?

a =1 & 1 a 1 & o
Lﬂﬂﬂ%li‘l]uuli]ﬂ{]LL'Vi\'iﬂ'J']ﬁJﬂﬂﬂa']EJL‘U‘L!Lﬂii]\'i‘\’lﬂi

On 10 August 1937, a twenty-one-year-old graduate student named Claude
Shannon submitted a master's thesis to MIT's electrical engineering depart-
ment. Its claim was almost embarrassingly simple to state: the algebra
George Boole had invented in 1854 to describe human reasoning — an al-
gebra of true and false, of "and," "or," and "not" — was also the algebra of
switches wired in series and parallel. A closed switch is 1; an open switch is
0. Two switches in series compute AND; two in parallel compute OR. Shan-
non showed that any relay circuit could be simplified the way a logician
simplifies a formula, and that any Boolean formula could, in turn, be built
out of relays. The published version, "A Symbolic Analysis of Relay and
Switching Circuits" (Transactions of the American Institute of Electrical En-
gineers 57, 1938: 713-723), led the psychologist Howard Gardner, in 1985, to

call it "possibly the most important, and also the most famous, master's

15



LOGIC

thesis of the century” (History of Information). Logic had been a description
of thought for two thousand years. After Shannon, it was also a wiring dia-
gram.

Fui 10 Fsmau 1937 dnAnuUSeynInieddudalvelaan usuueuiu

a a ¢ a 1 a a X ¥ U a
enfinusUsyanlnseninividcmnssulniives MIT deiausvesdiniauy
YIUUNULUBT8: WYALINYE (Boolean algebra) 9950 yaRnAuaulul 1854
INDa3UIENISIAUANATDINYEE — NYARAYDID3IAULID VB "uag" "Wse"
waz "lai" — AlluRvadinveEndfinouuUsYNTULAZIUIUAIBITUAY @3NT
Unfe 1 adndilafe 0 aindassnaseaynsuAILIn AND da3fdsavuIu
A1 OR wyuusuandbitiiuinssadlag angUlduuuiieaduiitn
nssnINgIansugns uazansyalae nas1euaindadlauiu atufnum "A
Symbolic Analysis of Relay and Switching Circuits" (Transactions of the
American Institute of Electrical Engineers 57, 1938: 713-723) vinl#iin

a a ad 4 4 = = N @ a a T A
Innerg1asa nsaiues Tud 1985 Buniuin "e1aluineinusuSayyn
InidAynan uwaziiyoidenign vornI55w" ("possibly the most important,
and also the most famous, master's thesis of the century") (History of
Information) assnenansiiumesuisauAnuaesiulua, nasusuueu

v @ [ v a [
UUNNAYLUULLNUNINITLAUEN EIVLWWJEJ

That collision was not a straight line, and the straight line usually told is
wrong. Aristotle's Prior Analytics had fixed logic's shape for two millennia:
the syllogism, a machine of exactly three lines — "All Greeks are mortal;
Socrates is a Greek; therefore Socrates is mortal" — valid by form alone, re-
gardless of what the words meant. It was rigorous, and it was also nearly
frozen; logicians spent centuries cataloguing which syllogistic figures were
valid rather than extending the method. Boole's An Investigation of the Laws
of Thought (1854) broke the freeze by algebraizing it: propositions became
equations over 0 and 1, "and" became multiplication, "or" became addition,
and inference became solving. This looks, in hindsight, like a rediscovery of
Leibniz's seventeenth-century dream of a calculus ratiocinator — a calculus
for settling arguments — and it is tempting to tell the story as an unbroken
inheritance. It was not. Boole did not know of Leibniz's anticipations of his
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algebra when Laws of Thought appeared; he learned of them afterward,
from Robert Leslie Ellis, and was reportedly delighted rather than deflated
to find Leibniz had glimpsed the same terrain two centuries earlier (SEP,
Leibniz's Influence on 19th-Century Logic). Gottlob Frege, by contrast, did
claim Leibniz's mantle deliberately when he built the next floor. The seam
between the two disciplines was rediscovered at least as often as it was
handed down — evidence, again, that both keep arriving at the same idea
because they are excavating the same ground independently, not passing a
single torch hand to hand.

nsUznziuiulildidunss wazidunseiingniaiiunia Prior Analytics vaq
asdlafianiungusiswesnssnatansliaesiul: galaddu (syllogism)
iw3esdnsanuussiinllzg — "yn3nynaume lansifadugninin azuu
Tansnfiane” — aumnaunanisguuuudue lidrdesmasnuneiiseslsn
Ay duduansany uaziiiouazutsingly dnassninenldinamans
Ansuladnnianyinguuuudaladdunuulvuaumnauna wuiazveng
35n1599nlU An Investigation of the Laws of Thought (1854) wasyasinany
2 v & v v @ = a L4 < = o

AMULTSLUMENsuUasliluRyadin: Ussnatnareiduaunismile 0 Au
1 "waz" nanerdunisaas "wse” naneliunisuan wazniseyuunansunis
whauns Wienesdounauly AslguiiounsAunudianuiluveslaviely
AN35YNAULIAISBY calculus ratiocinator — uAaRdAAMSUYRTLAIE —

L v a4 dy [ Ay - 1 i 1 1
waztiuyuliiasesiilunsannduneaseiuunlivinane wildly yald
vyl aAM ea ¢ a P v o a
Sisesilaviisaansainvadinuaawiliarmtineun Laws of Thought &
WU w1579 9nlstU59 1aad Leada wazlisneauinduaninniteg
eiiigala nnuilatdveaiiuwiuniwesfuuauieaiuiundougss
ANITIY (mmunmﬂ%’mynmmuﬂa%m (SEP), Leibniz's Influence on 19th-
Century Logic) lumnenduiu nemvideu ilsinged@nsidenauvedlativetng
93la Wewadndudaly axduszninsdasanaivignaunulutvesnes fu

ngndeanuun — 1Wundngudnaivinngdmanisnnuanfeiu lnszi
AmasyasuNufuigaiuegaludassrenu lulddwonunauauiensin
liogile
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Frege's Begriffsschrift (1879) is the second principle this chapter needs:
quantification. Boole's algebra could say "some men are wise" only clumsily,
as a fact about classes; it had no clean way to express "for every x, if X is a
man, X is mortal" as a single manipulable structure with a variable running
through it. Frege built exactly that — a notation, admittedly nothing like the
Vv and 3 symbols used today, but expressively equivalent to them, in which
generality and existence become operators binding a variable inside a for-
mula. This is the single move that let logic swallow the reasoning used
throughout ordinary mathematics, not just its syllogistic fragment — and it
is also, not incidentally, the ancestor of the variable in every programming
language: a slot that a quantifier, or a for loop, ranges over.

Begriffsschrift (1879) ¥aainsinAsnann1snassnuniineenis: n1susdsuna
(quantification) WYANAUDIYANALALADEINNBZIZI "UYBEUIALRAIN" Tu
guztainvvsuiasnand dulifiisazeafiozuans "drusumn x 61 x 1Ju

L4 n9.Y & 1% a ) v A o a
uywd x me" Widulassadafeindnnisld lnefisulsissunase wsina
2/ 2 & &f a o ca v (%4 1 1 A o L% L4 (% o v
$19AUTUIINERA — dynsalifeseansuinlimiloudydnwal V du 3 Ny

Aumniudiiae wasuuihludanisuansesn Agemnuduanadunisilog

U

[ v o a d' Y A & a o o 14
nangidusaaiiunisiigndulslilugas DAensimaeuluameanvinli
nssnAansnaun1siilgnanldnInadinaansnaly lulvuaimwdsivesd

a= O I v 1% =
aladdu — wazduniluusswygwvasiuuslunnawlusunsuse laldizes

a 1 1

Sadey: ¥oeinafisauaUsunn (quantifier) u3agqu for aldnu
The third principle is the split Shannon's circuits do not resolve: proof is
not truth. In 1929, in his doctoral dissertation under Hans Hahn, Kurt Godel
proved first-order logic complete — answering a question Hilbert and Ack-
ermann had posed the year before, he showed that every logically valid for-
mula of first-order logic has a formal proof, and (the companion property,
soundness) that every provable formula is valid. Two years later, the same
man showed the coin's other face: any consistent formal system rich
enough to contain elementary arithmetic must be incomplete — it contains
true arithmetical statements it cannot prove. First-order logic itself is com-
plete; arithmetic built on top of it is not. The two results are not in tension,
because they answer different questions about different systems, but to-
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gether they mean something exact and permanent: mechanizing inference
(soundness and completeness for logic) is not the same project as mechan-
izing all of mathematical truth (which Goédel showed cannot be finished). A
circuit can decide whether an argument's form is valid. It cannot decide
whether every true statement about numbers has a proof, because some do
not.

winnsianudeAuLeniasvasusuueulildudle: mmsigailildain
953 1uU 1929 TwinentinusUsyaynenaeladud a1viu 1AM nadangain
assnAnanssudunilsauysal (completeness) — ABUAINILTIS
awuiniudamesiuidslideddeunti wianddfdiuimngasiaumaay
nadwnssnglunssnenanssusiunisiunfigailuszuusutis (formal system)
uag (AuantRgiufenuannaunaidnssns (soundness)) vngnsii
wgaulanaumnauna doslaeun WuAUREINULEAIATLASITNVB IS EY:
ssuugUilsitauifofuiedng Agaunessussquavadiniugulild dosld
auysal — suussytennuavadinfiiusiudnigailild danssnanans
Sudunilaosauysal uiiavadnfiasatuuuiiuliauysel nadwsnaadlally
Faudaiu mseiunoumnussiuisatussuusieiu udsamfuudagiu
wefsunedsiiuiusuuazans: msviliniseyanudunaln (Anuaumaay
NALTIATINZIAZANNANYIAIVRINTINA1EnS) lildlasanisiiendunisyinlid
mnuieadginansiauadunaln (Funedauansudainihliad
auysallallé) 2svsuilednduldisunuuvesteldudvanmnaunaniol ustu
daaulildmndennuiafsfuiuaiiuniigaivield inzunadoay
luidl

The fourth principle turns logic from a way of checking arguments into a
way of writing programs. Robert Kowalski's 1979 slogan "Algorithm = Logic +
Control" (Communications of the ACM 22, no. 7: 424-436) proposed splitting
any procedure into a logic component — what is true, stated declaratively —
and a control component — how a machine searches for it. Alain
Colmerauer and Philippe Roussel had already built the proof of concept in
Marseille in the summer of 1972, working out the top-down search strategy
with Kowalski himself during his visits from Edinburgh: Prolog, a language
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in which a program is literally a set of logical clauses, and running the
program means asking the machine to prove a theorem from them by
resolution (Kowalski, "The Early Years of Logic Programming"). For the first
time, writing a specification and writing an executable were, formally, the
same act.

[y o a L4 ad v L4 4 @ ad A
nanmsnaasunssnAtansaInIsns1deudelaudslunaiaduisliou
TUsunsu alawnud 1979 veslsidsn laaad "Algorithm = Logic + Control"
(Communications of the ACM 22, no. 7: 424-436) l@uslilennszuiuising

13 1 a a4 a . [y 1
nUUaAIUNTING — AU SeYLUUUsENA (declarative) — nuaIU
AIUAN — LA3adnsAumIiusgsls a1ude neawlsAuilay suvaasenis
a ¢ a Ay v A s Y A a v s v
wgauuAnliudmunsuwdluggioud 1972 AndunagnsnsAuniwuuuu
asanssunulanaaniesssringiiwnluigauaineuugse: Prolog nend
TUsunsunilspegnoylselendemssnslaeunase uazn1ssulusunsunaneda
n1sveliAsengaunguiunatnayuseluamaniiuaae resolution (Kowalski,
"The Early Years of Logic Programming") tJuasausniinsideudenmuauay

= Ao 14 &, o [y o
nsieulusunsuisula naredunisnszrinfeaiulunisguily

The fifth principle is the deepest handshake between the two courts in this
entire book: the Curry-Howard correspondence. In 1934, Haskell Curry no-
ticed that the types assignable to the combinators of combinatory logic
matched, term for term, the axioms of intuitionistic implicational logic
("Functionality in Combinatory Logic," PNAS 20). William Howard extended
the observation to full natural deduction and the lambda calculus in 1969,
though the paper that made it famous, "The Formulae-as-Types Notion of
Construction,” was not published until 1980, in a festschrift for Curry. The
correspondence says something stronger than analogy: a proposition is a
type, a proof of that proposition is a program of that type, and simplifying a
proof — removing a detour — is running the program one step. Logic and
computation are not two things that resemble each other; under Curry-
Howard, for a wide and growing class of systems, they are the same thing
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described twice. Modern proof assistants (Coq, Agda, Lean) are, quite liter-
ally, programming languages in which a well-typed program is a certificate
that a theorem is true.

udnnsivnAensiuilefianiignsewinsaesmanasnaauil: anuaenndes
Curry—Howard 113 1934 ugainad wessdanmiiuinuie (type) Aidvunls
FuiisnveInssneiden1sdn (combinatory logic) tumsei fiazwai fu
Fawarlveanssnedayyuiley (intuitionistic logic) Wakewly ("Functionality
in Combinatory Logic," PNAS 20) 3aideu gnai3davenededunniiludenis
fistfus35uA (natural deduction) ngUnuULazLABATALaNUAT (lambda
calculus) 1u¥ 1969 usiiunaruiiilfunAniifiveides "The Formulae-as-
Types Notion of Construction” aglulafnunwaudiell 1980 Tumisdesiu
unanudeyieshiness Aruaenndasiiveneglsiiudeusandinis
Wisuifieu: Usewaiivilsdeviianils uniigaivesusewatifufelusunsuves
wiintiu warNsangUUNNgaU — nsdiamedeniis — Aennsiulusunsuly
wileiu mssnAnansfunnsiunalliltassdsiindnefu aeld Curry—Howard
dmsunguszuuiinieueuagidsvensd Sufedafsatuiignesuivans
aYq proof assistant (fataeWaa) asielu (Coq, Agda, Lean) Wuniw
Tsunsulneusiads Aidalusunsuiiiarigndas (well-typed) Aelufusesin
nnuiunmdaduese

The people, briefly. Boole was self-taught, working as a schoolmaster in
Lincoln before a professorship at Cork; Frege spent most of his career un-
read, his logic noticed chiefly because Bertrand Russell wrote to him in 1902
to point out a contradiction in it. Kurt Godel worked in near isolation in
Vienna and later Princeton, distrustful to the point of starving himself in his
final year. Haskell Curry and William Howard are barely names outside logic
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departments — fitting, for a correspondence whose own publication was
delayed eleven years, as if the ideas in this chapter have a habit of arriving
before anyone is ready to print them.

%4 [ = Y Y LY ) @ a I3 1 Y @
Wau laega yaseusmeniies innuluasivaluduaedunouladu

o‘dl 4 Vaa o 1 1 1 1
Aans19159NResN sinlddinnsiiaudiulnalegliilaseunasu
pssnzvavlaTuanuaulafwsziuesniud Sawadileuanunananlull
1902 1Nadvatadalutiu AN tnatRarinusg e laameNauauLdalu
BUULILAZNENSINNTUSAU sTUuRstuanamsieselulaniing
V93T uganas wessnuiadeu gdsaunuliilunidnuenainiv
ASINANENS — INUNZANR AnSUANADAAdINNISANUNYBITULBIaNT U
audnt s17UANAnluunidTdsudenaunlasazwsouRnuWu

Connections - 1%a3la4

Chapter 00 is this chapter's parent: the Frege-Russell-Hilbert-Godel-Tur-
ing pipeline is narrated there in full; this chapter stays inside logic's own
family quarrel. Chapter 09 returns to 1936 to ask what the Church-Turing
thesis actually claims. Chapter 11 owns Shannon's later severing of informa-
tion from meaning in 1948; this chapter's Shannon stops at 1937, where cir-
cuits meet Boole and nothing yet has been said about meaning. Chapter 12
takes Curry-Howard to its full depth, through Brouwer's intuitionism and
mechanized mathematics.

Uil 00 Asunusivesunil: AWIUNSIN-SALTAS-Fauus-inaLfa-1a59gn
idlinsuuiitu unifegudlutememeiueduaseundinssnanans undi
09 Faundulul 1936 tienuIndada Church-Turing 81sexlsAuuy unit 11
Dudwesdasmsdnanuaneesnanasaunavasusuueulunionds U
1948 zi'ml,mjuuawumwﬁwqmagjLwi’i'l 1937 8929950105590 VYA uazds
Lifinsyaiennununeias undi 12 winuaenndas Curry-Howard Tufis
ANNANHNIULUU HunssnzdyrulionvesusninesuazatindIansidang

n
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Open questions - A1aundanag

If Boole and Leibniz, and later Frege, kept independently finding the same
seam, is a mathematized logic something humanity was always going to dis-
cover once algebra and doubt about the syllogism coincided — or was the
coincidence itself contingent? And if proof and program are truly the same
object under Curry-Howard, which discipline should be said to have dis-
covered the other: did computing find out it was secretly doing logic, or did
logic find out it was secretly executable?

dryanulavily wazmendanisin AsrununziuiReinulaedassaenugi

v T s I a ¥ & & a a 1 e
waguaT assnAannuUaslundinaransuuluamuyyeyfszAunuagn
luidnegndls Wenvadiniuauasdeludaladduuussauiuned — wse

v a 7 R @ < 1 1 1% a L&Y [

Aanudadytuesnidusediniueu uasirunigadiulusunsuduing
\Reauesas aeld Curry-Howard anunluumsgananindudiedunudn
E18: AISATUIMAUNUIIAILBIBUNNATINANENTE UTONTINANERNSAUNUIN
Aoanausuldegiuni

Go deeper - 91Ui®

— Ernest Nagel and James R. Newman, Gddel's Proof, New York University
Press, 1958 — still the clearest short account of what completeness and
incompleteness do and do not say.

Ernest Nagel and James R. Newman, Godel's Proof, New York University

[ I o a Y Ao a] 1 ¢ 1
Press, 1958 — 844l UUA05UNAUNYALIUNGA ’J’lm'mﬂugimﬂum'mvlu
auysaluanazlsuazlivenasls

— Claude Shannon, "A Symbolic Analysis of Relay and Switching Circuits,’
Transactions of the American Institute of Electrical Engineers 57 (1938): 713-
723; William Howard, "The Formulae-as-Types Notion of Construction,’ in
To H.B. Curry: Essays on Combinatory Logic, Lambda Calculus and Formal-
ism, eds. J.P. Seldin and J.R. Hindley, Academic Press, 1980 (written 1969).
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Claude Shannon, "A Symbolic Analysis of Relay and Switching Circuits,"
Transactions of the American Institute of Electrical Engineers 57 (1938):
713-723; William Howard, "The Formulae-as-Types Notion of
Construction," in To H.B. Curry: Essays on Combinatory Logic, Lambda
Calculus and Formalism, eds. J.P. Seldin and J.R. Hindley, Academic Press,
1980 (1TeuTul 1969)

— Godel's Incompleteness Theorems, Stanford Encyclopedia of Philosophy.

Godel's Incompleteness Theorems, SEP
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METAPHYSICS

CHAPTER 02
Metaphysics

anUsvan

Part I's second hearing: with logic's family quarrel behind it, the court turns to a
plainer question — what kind of object is sitting in the dock at all.

A5lAaIuATINADIY9N1A |: LS aInzLansA ULl UATaUASIVRINTINAIENS MUY
a2 AaiuIngAaunnselunsaunin — dwilalnuduwinisegluaenduas

What kind of thing is a program?

TUsunsumadeviinluunun

In 1988 Hilary Putnam published Representation and Reality (MIT Press) with
what he called a theorem: every ordinary open physical system — anything
not perfectly sealed off from its environment — implements every finite-
state automaton. Two years later, in his presidential address to the Americ-
an Philosophical Association, John Searle pushed the same point to a mem-
orable extreme: "the wall behind my back is right now implementing the
Wordstar program" — because some pattern in its molecular motion is iso-
morphic with Wordstar's formal structure ('Is the Brain a Digital Com-
puter?", Proceedings and Addresses of the APA 64, 1990: 21-37). If a wall runs
Microsoft's word processor, then computation is not a fact about the world
— it is a story an observer chooses to tell about any sufficiently complicated
system, brains included. Putnam's own triviality result, aimed originally at
his own earlier theory, exploded computational functionalism's central
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promise: that being a mind is a matter of running the right program, no
matter what you're made of. If any wall runs any program, running the right
program cannot be what makes something a mind.

Tudl 1988 8a13 WnuRANUW Representation and Reality (MIT Press) wouds
= = ' a = a_ & & Ay vy
Mmansenimguiiuniila: ssuuneaimdaniluynszuu — aglsiaunlila
gnUanuaindiwinasuvesivedvanysal — Ululdass (implementation)
aalaumanIugdna (finite-state automaton) Nnea aasUsaun Tuurgnan
UszsnundudneduauUseewiiu seviu i@sananUsainuieaiulugyn
anlsisfitnens: "funsdramdsauidailusunsy Wordstar Tulde3sagnou
i wzuuuguniislunisiedeulmssduTuanavesiufiduguieaty
(isomorphic) nuimaaswgﬂuwaa Wordstar ("Is the Brain a Digital
Computer?", Proceedings and Addresses of the APA 64, 1990: 21-37) o
Aunsuilssulusunsuussananaveslulasveniila nseuianlaily
14 @ a o [y v A & | A vo I~ 1 a LY P
Jainaaiangaiulan — dufeiseuangdunadananneiuszuulag 7
FUFDUNINND TINDIAUDINY WAANSIIDIANNIVUIBY (triviality argument)
VNI Fufuigairlunngufneuniivessiuwes vianeadu
Aoy rndnveantnleuBeAnuln (computational functionalism) auwuan
dane: Nimsiludnuilsfaiseswesnsiulusunsufigndes lidnaaaziiann
= Y o o @y v o = Y @y
azlsieu drAundlag sulusunsulas Ald n1ssulusunsungndesiliens

]
! A o

Wudsnvinlnunedsnaneduinle

The wall argument is where this chapter has to start, because it forces the
question philosophy usually skips: before asking whether a program can
think, ask what a program even is.

Yalaudusaeniunifaganunifoasuiu inszdudsdulindayainiun
Ysuyiintuly: Aeuasanuilusunsuanlanieli desaruneuinlusunsy
Aeaglsnuuy
The first principle is the split between the abstract and the concrete —
computing's own version of a distinction Charles Sanders Peirce drew for

language in 1906: type versus token. Count the letters on this page and you
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can answer two different, equally correct questions — how many letter-
shapes appear (tokens), and how many distinct letters of the alphabet they
instantiate (types) ("Prolegomena to an Apology for Pragmaticism," The
Monist 16, no. 4, 1906: 505-506). A piece of software works the same way.
"Microsoft Word" the program is a type — an abstract pattern of instruc-
tions, nowhere in particular, no more locatable than the number seven. The
install on your laptop, and the running process consuming memory on it
right now, are tokens — concrete, datable, capable of crashing. When your
copy of Word freezes, Word itself, the abstract program, has not broken; a
token has. Software's whole industry runs on treating the type as the real
product and the token as a disposable instance of it — which is exactly why
a "critical vulnerability in Word" can be announced before your particular
copy has even loaded.

wanMIusNABANULENIEINALNNSTIURUAISUSTI — aturesnanis
FnaesdmiuaLuANA1eTivnad usuaesa sl idmiunulul
1906: %iln (type) fUi18819934 (token) Tudadnusuuniin udnuaznou
pwdesdotisstunigniesviniuld — Ssusdnususingis (hegease)
wazuduunuvesidnusiiunnsaiuludnusas (wiin) ("Prolegomena
to an Apology for Pragmaticism," The Monist 16, no. 4, 1906: 505-506)
gonFuastuniainauLuuREIRY "Microsoft Word" Tuguzlusunsufeiia
Wil — uuusUwmssauvasds lalldegilumilnsianty seysumidlaildunn
Tuninauidn Asiidarseguuniuiiovvesnm waslnswaiiidesufumiog
mmai"lag'mauﬁ Aofegnea3e — 1Wugusssu izqﬁuﬁ'”lﬁ wazauld dediun
Word w83AmuAns 62 Word 1as Tusunsuuusssuniu lailfide fuddegnenss
Fanilefide qmmwnssmaﬂﬁn%ﬁ%mﬂél’jaaEﬂiuumiﬂﬁﬁ’aﬁia%ﬁmaﬁamﬁu
Audne3e wazdegnsesaduudnsalldudfisvesiu — Jadummuaidizg
vinla "goslnideusslu Word" fegnusemeld deufidiurvesanilasianiz
arTnantuindaedh

The second principle is identity, and it is harder than it sounds: when are

two programs the same program? Take a bubble sort written in Python and
the identical algorithm rewritten, variable for variable, in C. Same steps,
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same inputs and outputs, different languages — same program, or two?
Now take one Python file compiled by two different optimizing compilers
into two binaries that never produce a single identical machine instruction
but always agree on output — same program? Philosophers of computation
have no settled answer, and the disagreement tracks a real fork: identify a
program with its behavior (the input-output function it computes) and the
two binaries are one program,; identify it with its structure (the algorithm,
the specific steps) and a compiler's optimizations may quietly turn it into
something else that merely agrees on outputs so far tested. Software engin-
eers live this dispute daily without naming it, every time they ask whether a
refactor "changed the program" or just changed its clothes.

o a a oA v W ¢ .. . LY 1A @
nanni1siaesfasesdndnual (identity) wazduginnitnneg: TUsunsuaesa
Julusunsuiieaiuidielns assiindie bubble sort MAsudlelnsou Au
U a R = U ‘dl = LI 1 o ¥ gj = U
danasnuhpanulzndeulnil faudsrediuls Meunien C Junsuheliv
a o a L4 1 % a L4 G d‘;l
BuWALLIANALAEINU Al — TUsunsuReiU vseaaslusunsy Nt
asstindslnalwseulwafengnesulnamenaulnassinuyse@nsnnass
N N I = sy - T @ o
Aananeiu esnunduluusaesinanlinendnddiniesiuioududedn
AR U liNaanSasITuENe — TusunsuReaiuwseld tnuSugume
nmsanalifidneufinnasiuld wazauiiudsiinusesnauenaie sy
TUsunsumenginssuvessiu (Hesnduduna-ordnanduaiuin) uailuus

s < & = LY 4 v/ LY LY a )
asslwauuidulusunsuiien seydumelasaineediu (Sane3iiu Tunau
1% a a a 4 a o 4 [
N12) kaansiiuUsEanSnmnessraulniaasonaneuasuiulvinanadu
azlsdnegranuatudylinaansnseiuvinirenageunn Idnssenaulsly
Finagivteninminniulaglimeisanteiu nnassiwinwiainiinis
refactor "Wagulusunsu” lUudmseuailavudedi iy

The third principle is the wall itself, formalized. Putnam's proof works by
constructing, after the fact, a mapping from a chosen sequence of the wall's
molecular microstates onto the automaton's state transitions — a mapping
guaranteed to exist for any finite stretch of time because there are always
enough distinguishable microstates to go around. David Chalmers's reply,
"Does a Rock Implement Every Finite-State Automaton?" (Synthese 108,
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1996: 309-333), grants the construction and denies it proves what Putnam
needs. A genuine implementation, Chalmers argues, must track the auto-
maton's transitions not just along the one trajectory the world happened to
take, but counterfactually — for every input the automaton could have re-
ceived, the physical system's causal structure must have produced the
matching state, whether or not that input actually occurred. Putnam's wall
satisfies the mapping only along the single path molecules actually followed;
feed the wall a different "input” and nothing in it is disposed to track the
automaton's corresponding response, because nothing in a wall is wired to
respond to inputs at all. A laptop running WordStar, by contrast, really is
built so that pressing a different key really would produce the counterfactu-
ally correct state. The reply does not make implementation cheap; it makes
it a genuine, checkable, causal fact about a system's dispositions — restor-
ing exactly the distinction Searle's wall was built to erase.
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ihluldasaduemlaie uivinliiududomassaduvndedenuiaswas
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The fourth principle takes the same question into worlds built entirely of
information: virtual realism. In Reality+: Virtual Worlds and the Problems of
Philosophy (W. W. Norton, 2022) and the paper that preceded it, "The Virtual
and the Real" (Disputatio 9, no. 46, 2017: 309-352), Chalmers argues that ob-
jects inside a simulated world are not lesser or fictional — they are real
digital objects, meeting the marks philosophers use to certify anything as
real: they exist, they have causal powers, they are not merely someone's
say-so, and they are mind-independent once the simulation is running. A
sword forged inside a game world is not made of steel, but it is made of data
structures that really exist, really can be transferred, and really can be sold
for currency that buys real coffee. Chalmers's target is not that virtual and
physical objects are identical in kind — a virtual river is not H20 — but that
being virtual is not the same as being unreal; it is one more way of being
real, alongside being physical.

ué’nmsﬁ%wﬁ']muLﬁmﬁuf‘ilﬁﬂﬁlﬂanﬁa%w%mmmsaumaﬁauq:
Fatlouraiiou (virtual realism) Tu Reality+: Virtual Worlds and the Problems

of Philosophy (W. W. Norton, 2022) LATUNANNNBUNLNNU "The Virtual and
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The fifth principle is a horizon this chapter only touches: the ontology of
information itself. Luciano Floridi's informational structural realism (The
Philosophy of Information, Oxford University Press, 2011) proposes that what
ultimately exists is not substance but structured information — "dedomena,’
primordial data-like differences — of which physical objects and virtual ob-
jects alike are patterns at different levels of abstraction. If Floridi is right,
the type/token puzzle and the virtual-object puzzle are not two separate
metaphysical headaches produced by computers; they are two symptoms of
the same deeper claim, that information was always the more basic cat-
egory and substance the derived one. Chapter 11 audits that claim on its
own ground, against Shannon's severing of information from meaning; this
chapter only notes that metaphysics, once it starts asking what a program
is, cannot easily stop there.

nann15NIABYUNIMNUNTUAZINGIRLAL: A7 (ontology) Vo4
ANSAUNALDY datluuttelAseas19dnsaumdA (informational structural
realism) ‘Uadgﬂi’ﬂ;u Wao3A (The Philosophy of Information, Oxford University
Press, 2011) iauaindsnilagasdlurnenanlulyaans unRsansaumnani
1A598579 — "dedomena” AMULANANLUUTBYARIAN — FINTINGNIBAIN
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The people, briefly. Hilary Putnam changed his mind about the philosophy
of mind more publicly than almost anyone in the field, ending his life doubt-
ing the very functionalism he had founded. Searle's wall is a philosopher's
weapon turned, characteristically, against a friendly-adjacent target — com-
putational theories of mind he otherwise also opposes on different grounds
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(see chapter 04). Chalmers has spent a career doing what this chapter
shows twice: taking a claim meant to dissolve a distinction and finding the
exact repair that saves it.

L4 1 a v U dl ﬁl L7 1 a 1 a '
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Connections - 1%2uleg

Chapter 04 needs this chapter's implementation problem directly: if
implementing a program is not enough to be a mind, functionalism about
mental states inherits the same objection Searle raised here. Chapter 11
owns the full audit of information as a candidate ultimate substance.
Chapter 15 asks the largest version of the virtual-realism question: is the
physical universe itself the simulation.

uni 04 sesnstymnisihluldasswwesuniilaense: dnisiilusunsululy
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Tueyiidn: LenannIenINeIRBnIIIaemse il

Open questions - A1aundalnag

If Chalmers is right that implementation requires tracking counterfactual
structure, is that structure an objective fact about a physical system, or
does specifying "the right counterfactuals" still require an observer to say
which inputs count? And can one consistently hold, as Chalmers does, that
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game-world objects are real without holding that the base universe is itself
a simulation — or does virtual realism quietly commit you to taking chapter
15's simulation argument more seriously than you intended?

¥ (4 ! o Y a v > a ¥
avawesanagninsitluldeieserdunsiinniulasiasniuy
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Go deeper - 91Ufia

— David J. Chalmers, Reality+: Virtual Worlds and the Problems of Philosophy,
W. W. Norton, 2022 — the book-length case for virtual realism, built from
the implementation problem up.

David J. Chalmers, Reality+: Virtual Worlds and the Problems of
Philosophy, W. W. Norton, 2022 — Forauesyiunlsdonadudmiudaioy
witou a¥rstuandymmsihluldesadugiu

— Hilary Putnam, Representation and Reality, MIT Press, 1988 (the triviality ar-
gument); David J. Chalmers, "Does a Rock Implement Every Finite-State
Automaton?’, Synthese 108 (1996): 309-333 (the reply).

Hilary Putnam, Representation and Reality, MIT Press, 1988 (‘z’J"e'JI(;fLLE’JJdL%I‘EN
A2143UIY); David J. Chalmers, "Does a Rock Implement Every Finite-
State Automaton?", Synthese 108 (1996): 309-333 (A1naula)

— Types and Tokens, Stanford Encyclopedia of Philosophy.

Types and Tokens, @1571UnsuUSBeY@RAUNDSA (SEP)
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CHAPTER 03

Epistemology

UIUINYI

Part I's third hearing: having asked what a program is, the court now asks what it is
entitled to claim it knows.

Asleaiuasanauvasnia I: wanruludiinlusunsufassls Aradenusadinduians
g1vi3ezlslavig

Does a machine's answer count as knowledge?

o < [ Y 1 Y A 1
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In 1976, Kenneth Appel and Wolfgang Haken, at the University of Illinois at
Urbana-Champaign, announced a proof of the four-color theorem — the
claim, open since 1852, that any map can be colored with four colors so that
no two adjacent regions share one. Their method reduced the infinite vari-
ety of possible maps to an unavoidable set of 1,476 configurations, each of
which had to be checked for "reducibility" by machine; the computer ran
roughly 1,200 hours (Robertson, Sanders, Seymour & Thomas, "The Four
Color Theorem"). No mathematician has ever read that check line by line,
and none ever will; the case-work is too vast, and no journal referee re-de-
rives it. The result was the first proof of a major theorem that essentially
required a computer, and it unsettled mathematicians precisely because it
broke an assumption so old it had never needed stating: that a proof is
something a trained human being can, in principle, follow from first line to
last and certify with their own understanding. The four-color theorem is
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almost certainly true. Whether the Appel-Haken argument counts as a
proof in the older sense — something surveyable, something a mind can
hold — is a question the mathematical community has never fully closed.

1wl 1976 1AuLUS waUwaiuailis sau NunIneaedaduesd lwasuiun-
wyNUey Usen1Auningaung uunaad — 9anana819ilamneunsaust 1852
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That unease is this chapter's opening exhibit, and it names the first
principle directly: surveyability is not guaranteed, and its loss changes
what proof can do for us. Descartes's classical picture of mathematical cer-
tainty assumed a chain of steps small enough, and clear enough, for one
mind to inspect every link. Appel and Haken's proof is sound by every form-
al standard computer scientists can specify, yet it asks for a different kind
of trust — trust that the compiler compiled correctly, that the hardware did
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not glitch across 1,200 hours, that the case-generating program itself
contained no error. The theorem may be certain; the route to believing it
has become an engineering claim as much as a logical one.

AanulidunsiufsndnguTwUavesunil waziuniendnnisusnlaenss:
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The second principle addresses a method that never pretended to survey-
ability in the first place: simulation. Paul Humphreys and, at greater length,
Eric Winsberg (Science in the Age of Computer Simulation, University of
Chicago Press, 2010) have argued that computer simulation supplies neither
classical empirical evidence (you cannot rerun Earth's actual climate as a
controlled experiment) nor classical theoretical deduction (a climate model
is stitched from theory, numerical approximations, and hand-tuned para-
meters no single equation justifies). Winsberg calls this a distinct epistemic
category: trust in a simulation rests on trust in the model's construction —
the physics it encodes, the tricks it uses to make intractable equations
tractable, the track record of similar models on cases you can check —
rather than on trust that the modeled object and the real object are, in the
experimenter's sense, "the same kind of system." A hurricane-track simula-
tion is neither an observation of a hurricane nor a proof about one; it is a
third thing, evidence built rather than found.

nanmsiaeazaslumsmsuilanluined19insreaeulanIuuafsueLsn
agLaD: 115971984 (simulation) wea FUNW4 uazie3n Iudilsnluseaziduan
11nn31 (Science in the Age of Computer Simulation, University of Chicago

L4

Press, 2010) ldudvinnisinassarsasununeslulalinamangiudsedng

36



EPISTEMOLOGY

Aanadn (aaslienasuaningionniasssvaslangilugiugnismaassniugy

a

16 wsensiistuBimguijaatadn (WwuiiasegiisnniAgnuzinUesiaain
nud Mivszanandsiuan uaswimfiveiiusudeiiedslifiaunsidele
$usasld) AudiiinGundeilimnanyiBsaaivefiuendrann: aauld
dlalunssraemiisiseguuanilindelunisadiauuusiaes — Wandd
furdsialy nadladisuldvinldaunisfiudlaildnareduudld s ianas
vaauvuassndeiulunsiifinunsiaasuld — unnitezdseguuaauly
ndlatringiignsrassiuingeiadu "ssuvviiadeaiu” luanuvansvesd
nAaes Miasadumasesiaulilienisdunaeeiinuniuaslaildun
Agalifeafuiu fufedsiian wingiufignadretu lildgnnuiee

The third principle is opacity, and it cuts a line straight through modern
computing. Humphreys coined "epistemic opacity” for processes in which
not all the elements relevant to a result's justification are, even in principle,
available to the epistemic agent making use of it (Extending Ourselves:
Computational Science, Empiricism, and Scientific Method, Oxford
University Press, 2004). A traditionally written program is transparent in a
specific sense: however long, its logic is in principle inspectable, line by line,
by a competent reader. A trained neural network is opaque in a different
sense: its "reasons" are distributed across millions or billions of weighted
connections that were never designed, only grown by gradient descent, and
no human — not even its authors — can trace why one output rather than
another emerged. This bears directly on machine testimony: when a
diagnostic model flags a tumor, is that a report from a reasoning entity, to
be weighed the way we weigh a colleague's judgment, or a reading, to be
weighed the way we weigh a thermometer's? The two carry different epi-
stemic weight, and opaque systems make it uncomfortably hard to tell
which one you are getting.
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#13 (Extending Ourselves: Computational Science, Empiricism, and
Scientific Method, Oxford University Press, 2004) IUSLLﬂimﬁL‘ﬁﬂuLLUU%ﬂLaM
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The fourth principle replays an old civil war under new names: program
verification versus testing, rationalism versus empiricism. In May 1979,
Richard De Millo, Richard Lipton, and Alan Perlis published "Social
Processes and Proofs of Theorems and Programs" (Communications of the
ACM 22, no. 5: 271-280), arguing that mathematical certainty rests on a
social process — peers checking, re-deriving, and eventually trusting a
proof — that program verification could never replicate at scale, because no
comparable community will re-verify a million-line formal proof of a
shipped product. James Fetzer's 1988 "Program Verification: The Very Idea"
(Communications of the ACM 31, no. 9: 1048-1063) sharpened the objection
into a philosophical claim: algorithms, as abstract logical structures, admit
deductive proof; programs, as physical processes running on real, occasion-
ally faulty hardware, do not, because no deduction can certify that silicon
will behave as its specification assumes. The verificationist's rationalist ideal
— prove it once, know it forever — meets the tester's empiricist reply, dis-
tilled by Edsger Dijkstra a decade earlier: "Program testing can be used to
show the presence of bugs, but never to show their absence" ("Notes on
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Structured Programming," EWD249, 1970). Neither side has won; software
ships today on some blend of both, verified where it is cheap enough, tested
everywhere else.

winnsialdudaseunanadiainelddelusi: msfigatinnugnievos
Tusunsu (program verification) AUN1SNAEBU WRKALEM (rationalism) i
Uszaunsalfley (empiricism) Tutiaungeniau 1979 34150 wnediala 3v15a
AUGU uazedU tWaSAARNUNW "Social Processes and Proofs of Theorems and
Programs" (Communications of the ACM 22, no. 5: 271-280) lau§431A273
LUUBUTNIAdNMANSRIBEULNTFUIUNITVNEIAL — HBUTINAINTS
asvaey ayunutn waglufigaiideunigatinis — anisigaianugnéios
vaslusunsulaifimavhanldlusedulng insgbifiyusuiiiioudesddozan
ATvaRUTIUNTigasUtBE A uUTIiRvaIHAnSuefidenouuda "Program
Verification: The Very Idea" ¥asiaud inwwast 1988 (Communications of
the ACM 31, no. 9: 1048-1063) dutasnautilinudududena1nsnads
USyay: danasiu Tugiuelaseadiadenssnsuiusssy sausuuningaiigs
fistiele wilusunsu Tugnuenseurunsmmanenwiisuuusnsaufasedaung
afafidounnsas livendu msglifinsinivlaiusesldidaneuasrindany
fidormunauuily gauafuuumawaisuvesheiigainnugnies — Agat

v

v b4 U [ ¥ o a 1 dl
ASAET Jnaenly — uedudmaulduuudssaunisaliivuvesdenagou
< |4 (3 v 1 v & ' v
waanes lanansiagulinlmaissenouniinuuin "nmsnegeulusunsuld
wansnsiiagvesunld wilinelduaninisliusioguesduleiag” ("Program
testing can be used to show the presence of bugs, but never to show their
absence") ("Notes on Structured Programming,” EWD249, 1970) laifileln
VUL FONAKITNNIUTAINDUAINAIUNANVDINIADILUY NFAUAUYNADINGI

S ovy S &
VIV]']VLG]Qﬂ‘WE] wﬂaaﬂumauq MINUA

The fifth principle is the oldest trap in epistemology, wearing a sensor's
housing. Edmund Gettier's three-page 1963 paper, "Is Justified True Belief
Knowledge?" (Analysis 23, no. 6: 121-123), showed that a belief can be justi-
fied and true and still fail to be knowledge, when the justification and the
truth connect only by luck — the classic image is a stopped clock that hap-
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pens to show the correct time. Automated pipelines manufacture this
structure routinely: a facial-recognition system with a genuine bug — mis-
calibrated, say, on faces at a certain angle — can still output the correct
match on a given frame, by accident, while carrying all the institutional jus-
tification ("this system is 99% accurate") that would normally certify a belief
as knowledge. The output is true, and reasonably trusted, and arrived at by
a process that, on that occasion, was not doing what its justification
assumed it was doing. Gettier's stopped clock now has cameras.

wdnnsiivhaerudnfiniudiigaluaaine asdenvoasuivesuil
UnANENUNYeLdnlug nnfwsy 1963 "Is Justified True Belief
Knowledge?" (Analysis 23, no. 6: 121-123) LLaﬂﬁﬁ’LﬁudﬁﬂmuL%wﬁama]ﬁ
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The people, briefly. Appel and Haken took considerable heat for a proof
many still call inelegant rather than false. Humphreys and Winsberg built an
entire subfield — the philosophy of computer simulation — out of taking
seriously a method working scientists had already trusted for decades
without asking what kind of evidence it was. Fetzer's 1988 paper triggered

40



EPISTEMOLOGY

pages of technical correspondence within a year and a debate still cited
today — one of the longest-running controversies Communications of the
ACM ever printed.

dau Tnega uetimatusnaulnuinsaivtinneaumsdmiuunigatiivas
Audsnaisendtldadnauunnndiazieninie sunsdnuviudidsnasisavidey
WeanuTum — USBRY I HINI591a0908ABNNILADS — 2INNTI5LDN1DIILDIVY
fuisnsnieiininenmanidiviausislindaunaneduliué Tagliee
aunduduvanguviialuuiuud unaul 1988 veunnwesgavwIl
anmneldneuiBanaiavatswinneluniad uagnisanifesiigagndnedetis
nnuil — nildludedaugaiitusniiigai Communications of the ACM LAgf
WUN

Connections - 1%a3la4

Chapter 01 supplies the proof-theoretic background — soundness, com-
pleteness, and Godel's limits — that surveyability quietly assumes. Chapter
09 asks what undecidability licenses philosophically, a companion question
to what unsurveyable proof licenses here. Chapter 13 returns to opacity
from the learning side: interpretability research as a laboratory for finding
out what, if anything, is inside the black box.

Ui 01 THNUNALTIN VY UNNFIU — ANUALUAAUHALTINTING AN
< a o w a A . avyy a a

auysel wazlndninvesnaiiia — 1 surveyability auusliognadaus) uni 09
audnnasandulalla (undecidability) ayeaunlianselslavnsludsuaya fn

T A A a ca A v Y aa d' o/ d'
augfvasiuniigaunasivaeulilinanuneyinliegand uni 13 aaulun
AUTIURINRINISITBUS: $IUAB interpretability Tuguzismnassdnsuau
mdieglsegdnslundesdntng dndl

Open questions - A1aundanag

If a proof can be certain but not surveyable, has "proof" quietly changed
meaning since Euclid, or did it always mean "warranted to the standards of
the day" and Euclid's standards were simply stricter than ours by accident
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of history? And is machine opacity a temporary engineering limitation in-
terpretability research will eventually dissolve, or a permanent structural
feature of any system whose "knowledge" is distributed statistically rather
than written down as rules?

fruniigniniaiveulfusnmeaeuldvammnlaild drin unigad” Wasu
anuvngluegneidoun saudgpgadavieli wiotunneds Idsunisiuses
AANIATEIUTOILATIL" LINADA LATLIATHILTBYARATLALTNIANT IV
freanutadynalseifmans wazmufivveunsesdnsiludosinds
Aenssutansaiienide interpretability azaanegluldluiian vieidu
AMdNYuzLBNlAsIEas19n1sveesEULlRY i "M VBIUNTTRELTIANA
uwnuftazgnidieulfiiung

Go deeper - 91Ufid

— Eric Winsberg, Science in the Age of Computer Simulation, University of
Chicago Press, 2010 — the founding case for simulation as its own
epistemic category.

Eric Winsberg, Science in the Age of Computer Simulation, University of
Chicago Press, 2010 — St’J'aLauaﬁa&y’aﬁﬂu%’umsﬁmaﬂugmwmmm&'LG?N
UIUINYIVDIAINULDY

— Richard A. De Millo, Richard J. Lipton, and Alan J. Perlis, "Social Processes
and Proofs of Theorems and Programs,” Communications of the ACM 22, no.
5 (1979): 271-280; James H. Fetzer, "Program Verification: The Very Idea,’
Communications of the ACM 31, no. 9 (1988): 1048-1063.
Richard A. De Millo, Richard J. Lipton, and Alan J. Perlis, "Social Processes
and Proofs of Theorems and Programs," Communications of the ACM 22,
no. 5(1979): 271-280; James H. Fetzer, "Program Verification: The Very
Idea," Communications of the ACM 31, no. 9 (1988): 1048-1063

— Computer Simulations in Science, Stanford Encyclopedia of Philosophy.

Computer Simulations in Science, @157UnsuUvaY AL UNDIA (SEP)
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PHILOSOPHY OF MIND

CHAPTER 04

Philosophy of Mind

USBEY 19N

Part I's fourth hearing: metaphysics asked what a program is; this chapter asks
whether that same kind of thing could be what you are.

nslagiuasindvesnia I: eAuSvauIlusunsuAeeyls uniianuseindein
= v & & a o 2 v A '
weriutuenludsmaanduldvsely

Is the mind what the brain computes?

a & a dl o = 1
ﬁ]ﬁ]ﬂ@ﬁ\?ﬂﬁﬂ@\‘iﬂ’]ﬂ’)ﬂ«!ﬂi@iu

In 1980, John Searle asked readers of Behavioral and Brain Sciences to ima-
gine him locked in a room with a rulebook written in English and a slot
through which cards covered in Chinese characters arrive. Searle does not
read Chinese. But the rulebook is good enough — for any incoming string of
characters, it tells him, by shape alone, which characters to pass back out.
To a Chinese speaker outside, the answers look fluent, even witty; the
room, treated as a black box, could pass a Turing test conducted in Chinese.
Searle's question was simple and became one of the most argued-over
pages in twentieth-century philosophy: does anyone, or anything, in that
room understand Chinese? His answer was no. A person manipulating sym-
bols by their shape, however successfully, is not thereby extracting their
meaning — and if that is true of a man with a rulebook, it is true of a com-
puter running the equivalent program, however large. Searle called the
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paper "Minds, Brains, and Programs" (Behavioral and Brain Sciences 3, 1980:
417-457); the journal ran it in its open-peer-commentary format, its object-
ors printed alongside, and the arguing has not really stopped since.

Tud 1980 29%u L%%fa%a‘lﬁpﬁé'm Behavioral and Brain Sciences 3UauIN1591
éf'aL%ﬁgn%’aagﬂuﬁaewﬁaw%’auﬁuagﬂngﬁL%aul,i‘;lumisné’enqw ALY DININ
Unsihulumesisnesdugnaudnun @sasunwidulisen usayanguuf
wa — dmsuaednusendadiunlag duvenwld Aregusediue azde
snwsluunauseanld dmsugnaniwIuniagtsuen AnaugAasILAa? Wil
U al a 4 & 2 a wva & 1 o & 1 v a .
nseNadlvansu e WiegnujuRidunaednn Aeun1snaaauiise (Turing
test) Mindunreduld Manuveadsasuuirswaznatadunisluminign
a a ) Ada A A v & P =
anfieaungalulsvayranissungdu: dlasvsedddaluiestiudilaniendu
= o P P & Ao Y ¢ ' Y a
wsolil AneusavAe il Aunilandanisdydnvalniugusisvesdiu lidas
dnSaualvu Aldldaiaanununeveuivesnuidiemauu — wazdniostiilu
BsdmSuveaunilsivayang fuiidusisdmsunouianesnsulusunsy
= [ [ 1 i < ad A a’lll n . .
Wisuwiniu lidnaglugualuunaiu Wsasenunaaiuilin "Minds, Brains, and
Programs" (Behavioral and Brain Sciences 3, 1980: 417-457) 215a15ANUN
fiuluguuuuinsaliUamelagiiousanaenis Aundednauliniugiu uag
nsanieenldimengnasn duustuun

The Chinese Room was aimed at a specific, then-dominant target, which is
this chapter's first principle: the computational theory of mind. Hilary Put-
nam's papers from 1960 onward, culminating in "The Nature of Mental
States" (1967), proposed that a mental state is not defined by what it is made
of — neurons, silicon, anything — but by its functional role: what causes it,
what it causes, how it relates to other mental states. His guiding picture
was the Turing machine, whose abstract "machine table" of states is exactly
the same whether it runs on relays, vacuum tubes, or a napkin and a pencil,
so long as the transitions are honored. Jerry Fodor pushed the theory from
an analogy into an architecture in The Language of Thought (1975): thinking,
he argued, is computation over an internal symbolic code — "Mentalese" —
with a combinatorial syntax and a compositional semantics, exactly the kind
of structure a digital computer manipulates. On this view, a mind literally is
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a program running on the wet hardware of a brain, and Searle's room is the
theory's most inconvenient test case: a system that, on Putnam and Fodor's
own terms, is running the right program, and yet — Searle insists — plainly
understands nothing.

#043u (Chinese Room) it lufiilmneanizinngasiinsesninulaniiu
Tuneuiiu udundnnsusnvesunil: NOUHINTIAIUIU (computational
theory of mind) UNAIUVDITAS Wnifudausd) 1960 1uduan auasd "The
Nature of Mental States" (1967) iuaitanugdamiislalfgniomsedsd
furhtusn — wadUszam aneu e¢lsinia — uwideunumBmih
(functional role) vaediu: azlsilumaliiAniu dudumaliinesls su
Fuiusiuaaugdinduetndls mmmihmswesuAen3esias 7i "msaases
wusssuvDIanIuzaneg wilsudwlzliinaziuuusiad vasageyayinid uie
nsgaumdaunduauas asulaiinsiUAsuanuedingnéo 19e3 Tnaes
Né’ﬂwqwﬁﬁmﬂmsm‘%uLﬁ&JU‘lﬁnmaLﬁuamﬂmansiu‘lu The Language of
Thought (1975): lw1laudvinnisanmAenisAwIamilesiadydnualniglu —
"Mentalese" — fifinneduiusidanisdansjuaganuninedessnay
(compositionality) 1) mﬁauimaa%’wﬁﬂauﬁamas‘ﬁ%ﬁa%’ﬂmsagj Tu
yunesil Iavdadulusunsuiisueguuaiauaslionvesauaslneuioss uaz
vesweadiaensiinaaauiigunlafigauemquiil: szuunieit anudeuly
vosmiufulnaesios mdssulusunsufignsos uindu — @sabudiu — i
wWleszlswegstalau

The second principle sits one level below that metaphysical claim, and it is
easy to confuse with it: Alan Turing's 1950 proposal, in "Computing
Machinery and Intelligence" (Mind 59, no. 236: 433-460), that the question
"can machines think" is too laden with undefined terms to argue product-
ively, and should be replaced by an operational one — can a machine's con-
versational behavior be mistaken for a human's, in a structured game of
questions and answers? Turing was not claiming that passing the game
proves the presence of a mind; he was proposing to stop asking the meta-
physical question and start measuring the behavioral one. The distance
between Turing's move and Putnam and Fodor's is exactly the distance the
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Chinese Room exploits: Turing offers a test for behavior; the computational
theory of mind claims that the right behavior-producing process, whatever
it turns out to be, simply is thinking; Searle's room passes the first while, he
argues, refuting the second.

ndnnsfiaesagenittenansnadsedusvatuniesedu uasduauiuiiy
Tedne: vorauel 1950 vosoau 1239 Tu "Computing Machinery and
Intelligence” (Mind 59, no. 236: 433-460) fid1dana "asasdnsanlalng”
wuneiildldfeulinnifuniezanidesldosneing uagasgnunuiidase
QAU URANIT — annssumsauwuwmLﬂ%aé’fﬂswﬁmﬂLéﬁ'ﬂ%ﬁﬂ'jwﬁu
suamuw&ﬂwsavl,u IuLﬂummummawulmaaiw M3elilaanainniswu
Lﬂuuwmumsuawawmwm wauslivganuAnuIBee AU LazIEY
A UTINGRANTTUUNY 588LUNTERINWINTIVDS
issuresiniunazinines Aeszesiiaieniuiivesdulduseloms: Wse
LlAUDNISNAAOUA NS UNANTTY mqwﬁ%mLﬂ?jqﬁm'smé"la'jfmssmuﬂﬁﬁwﬁm
woRnssufignees lidnlufigasiuaznaneiduerls Aden1sAnlaenss iesves
\Fsariudousn Tuvasdl wilduds siuindnstodiaes

The third principle is the argument's afterlife: the replies, and what they
reveal. The "systems reply" holds that Searle is right that the man alone un-
derstands nothing, but wrong to conclude that no one does — understand-
ing, on this view, belongs to the whole system: man, rulebook, and paper to-
gether. Searle's counter was to have the man memorize the entire rulebook
and work the transformations in his head, leaving no separate "paper" for
understanding to hide in; by his lights, still no understanding, only a faster
clerk. The "robot reply" tries a different repair: wire the room to cameras
and motors, so the symbols are caused by, and cause changes in, a real
world instead of arriving from and returning to another room. Searle's re-
sponse — the symbols are still just more symbols, now merely triggered by
transducers rather than slips of paper — names, without quite solving, what
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later literature calls the symbol grounding problem: rules connecting sym-
bols to other symbols, however elaborate, may never on their own reach the
world the symbols are supposed to be about.

Y = A Aa Y v v v N o Do a o
nannIsNauAedInuaIAunevesdelaudeil: Amauldsinge wasdndu
IWEBBNUT "ANBULALGITEU" (systems reply) Buduindsanngniiingeny
wuaudglinleezlsiae uwidanaguinlidlasdiloee — anudile Tu
yunoell IHUYBITEUUNIINR: YIBAUTIY dYAng LaTNSEANY SIUAY Amaulh
voudfanelivisauLuiasdIayangay uavinnsulasluiiveawies
lawde "nszae” uenarannlianudnleludeuey muiiruzven ndiag

' v a1 A da X o Y a “n
lufianudnlengd duAiaiisuisrdu "dnauldiBaiueun” (robot reply) aas
FoULTNBNUUY: Aedeipalfunasuaruanes Wdnyanualgnnetulag
waznaliiinnisitasuudasiu Tanade ununazunanuaznduludadnieamils
AnaUvDITsa — dydnvalndulunadeydnvalivufuegd neutluagn

L4 4 LY L% g.’l lﬂl M v ¥ = =
nszAumemuladyaaunuAsnseay — astie laglilduidayvludei
e a dl o A 1 = o/ L% L4
W Aaassaunssumendaseninleymnisialesdayaneal (symbol
grounding problem): ny7ieudydnuwalitniudyanualau lilnazdudouua

] v

Tuu o1alusinelutalanndydnvalivaiuunisazyaialameniiuies

The fourth principle is an older civil war that current Al reopened rather
than settled. Fodor, together with Zenon Pylyshyn, turned his defense of
the language of thought into a direct attack on the rival architecture then
rising in cognitive science: connectionism, the parallel distributed pro-
cessing (PDP) networks of David Rumelhart and James McClelland's 1986
volumes. "Connectionism and Cognitive Architecture: A Critical Analysis"
(Cognition 28, 1988: 3-71) argued that thought is systematic in a way pure
connectionist networks cannot, in principle, explain: anyone who can think
John loves Mary can think Mary loves John — the two thoughts share com-
binatorial parts that recombine, which requires, they claimed, an underlying
symbolic syntax, not a pattern-matcher trained on enough examples of
both shapes. For thirty years the argument looked mostly settled toward
hybrid views. Large language models reopened it at a scale nobody in 1988
anticipated: systems built from nothing but weighted connections now pro-
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duce output systematic enough to fool most casual tests, with no hand-
built symbolic layer in sight — and the field is still arguing — empirically
now, not only philosophically — whether that refutes Fodor and Pylyshyn or
whether large networks quietly learn something symbol-like after all, a
question chapter 13 picks up.

1
aaa I

nann1sNdReaInTIunaliieniuind1uu 71 Al gatagiudavulutiuinndi
zgfduas Ines Suduwueu Iwadu wWasunislesiuniviwisnuda
4 < = 1 1 P Ao w1 &
vaulinaneilumslaufnseieaadnenssuguasnaiasgasasluy
MyAARIN1SFANRDUNL: ABUIATUTAL (connectionism) 13U 8UsENIA
nanszaneuuuvwIL (PDP) Tunilideaauaut 1986 voundn sua
o U o < o n . . og e .
F1INNULANE wHALAaLAUA "Connectionism and Cognitive Architecture: A
Critical Analysis" (Cognition 28, 1988: 3-71) Taudei1AuARI systematicity
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The fifth principle is the one no reply above touches: David Chalmers's dis-
tinction, first presented at the 1994 Tucson conference on consciousness
and published as "Facing Up to the Problem of Consciousness" (Journal of
Consciousness Studies 2, no. 3, 1995: 200-219), between the easy problems of
mind — explaining discrimination, integration, reportability, attention, all of
them tractable, in principle, by computational or neural mechanism — and
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the hard problem: why any of that processing is accompanied by subjective
experience at all, why there is something it is like to be the system doing it.
A computational theory of mind, however complete, explains structure and
function; Chalmers argues it can stay silent on why function comes with
feeling, illustrated by his "zombie" duplicate — functionally identical to a
conscious being, with no inner experience at all. Whatever one makes of
zombies, the hard problem marks where this chapter's apparatus — pro-
grams, functions, computation — may run out of the right kind of thing to
explain. What current Al revives is all four earlier principles at once, unre-
solved, at a scale nobody argued at before: the field keeps measuring beha-
vior, because behavior is what it knows how to measure, while the Chinese
Room's question has not gone anywhere.

nannsiiAenann1stAg lidAneUlAT19ALLAZD: AMULANAIUBY
a (4 d' o g.’l = P-4 a o =

WIn Yrawesa Mminaueasusnlunisussguysaull 1994 Taaedndaiin
wazAnuWL T "Facing Up to the Problem of Consciousness" (Journal of
Consciousness Studies 2, no. 3, 1995: 200-219) s¥1#i19Usyn1478 (the easy
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wieuAuUsEaUN15allieonIde (subjective experience) lagaaedi vinlufied
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WAt nsAIuIn — 91anundingnulianeazesuigld Jeyausehvgan
UaguunluAunsdndnnisnauntinioudu Inedalalasunisudly Tuanaily
filasireanifisauinou: 29n1599AsIaNgAnssuAD U LINSIENOANTTURD AT
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The people, briefly. Putnam abandoned computational functionalism before
many of his own students did, uneasy with a theory that could not survive
his own triviality argument from chapter 02. Fodor defended the language
of thought against successive rivals for forty years and outlived most of
them. Searle has never claimed computers cannot in principle think — his
target is the sufficiency of syntax, not the possibility of machine minds by
other means. Chalmers named the hard problem in his twenties and has
spent every year since being asked to solve it.

WY laage WniiuiantnnilsundsiiuinnougnAvdusuuneinalunuay

o A a v . o o & oA Y sy v A & e o
vindwudn Janluauigladungufjnilansenaindeldudusosninuauiesvesi
waasluuni 02 Lild neesuntasmuniinnufnainguisingniuung
aull wavegsongmuruninguusdilng \@salimedsinreunamasanlala
Tundnnis — WmugveswAeauigswevesnedunus lildamudu
Uldvasinasesdnsiiedsou yawesanielymeinnausiggdunii uag
TgnnUlivusuugnuelnuiiu

Connections - 1%a3la4

Chapter 02's implementation problem is this chapter's silent premise: if im-
plementing a program does not settle what a system is computing, func-
tionalism inherits that gap directly. Chapter 08 returns to embodiment from
Dreyfus's angle, against which the robot reply is a partial, contested answer.
Chapter 09 owns the Lucas-Penrose argument, which aims Godel's limits at
this chapter's thesis from outside. Chapter 13 owns the full empirical run of
connectionism versus symbols, grounding, and what interpretability finds
inside the systems this chapter can only interrogate from outside.

Yeymnsu a3 swesund 02 AededuuiRauvssunil: Snsilusunsy
Tula3alailagRdnszuunilsmasdunnesls wihileunsugigesiraulay
n53 Unil 08 nAUlUN embodied cognition (N153AAKUUITIY) ANYUVBS

L4 = Y a 1 ¢ & o 1 Ao oy L4 1 A
w3dWa FemneulagwivsuailuAmauusdiundalivelaudeat uni 09
Wudwesdeldudgid-mwulsa Ndedindrinvesneidamniineinusves
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4" a [ v a v ¢ @
unilannnieuen uni 13 1 Wwdvesnsnaasudelsednnusuuuuusinau
waguiadifisunudydneal n1sales uagded interpretability wugnglu
szuununivinlawAtnanaInNIe U NNt

Open questions - A1auigalnag

If Turing's operational test and Searle's understanding-requirement are
both individually reasonable, can they be held at once — is passing the imit-
ation game evidence of thought, weak evidence, or simply orthogonal to it?
And if the hard problem is genuinely intractable to computational explana-
tion, what follows for how we ought to treat systems whose behavior in-
creasingly resembles a mind's, when behavior is the only thing any test —
Turing's included — was ever built to measure?

fnsmageuideuftinisvesinsitudeienfessosmmuidilavendsa s
auvnALNAaRsaNLENAL AL Revsassindousulivdell — nsk
nudsunuuidundngiuvesnisan ndnguiisou wieidudesiilifadosiu
wenuud azdrdameinesuielilaeieg Areedunedsdiuim evlsas
pandmiuisiimmsufitressuuiingiinssuvesiundredauilanntu
Souq Tuillowginssuedaieaiinmageulag — sudswesinieing — e
gnadtuanivea

Go deeper - 911619

— Margaret A. Boden, Mind as Machine: A History of Cognitive Science, 2 vols.,
Oxford University Press, 2006 — the field's own history, told by one of its
central participants.

Margaret A. Boden, Mind as Machine: A History of Cognitive Science, 2
vols., Oxford University Press, 2006 — Us¢IRA1an5v8929n15104 tanlnanil
lugfiunumuan

— John R. Searle, "Minds, Brains, and Programs," Behavioral and Brain Sciences

3 (1980): 417-457; Jerry A. Fodor and Zenon W. Pylyshyn, "Connectionism
and Cognitive Architecture: A Critical Analysis," Cognition 28 (1988): 3-71.
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John R. Searle, "Minds, Brains, and Programs," Behavioral and Brain
Sciences 3 (1980): 417-457; Jerry A. Fodor and Zenon W. Pylyshyn,
"Connectionism and Cognitive Architecture: A Critical Analysis," Cognition
28(1988): 3-71

— The Computational Theory of Mind, Stanford Encyclopedia of Philosophy.

The Computational Theory of Mind, msmﬂsuﬂ%’sumﬂmmum%ﬂ (SEP)
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PHILOSOPHY OF LANGUAGE

CHAPTER 05

Philosophy of Language

USyey1n1un

This chapter sits in Part I, the Court of Philosophy — the fifth hearing, where
philosophy asks the machine what its code, and our own speech, actually mean.

unilaglunia | mauiyey — mslaanunsan 5 TuSvgrnemauiuiaiasinginlan
Vouiu waTANATELITIEY AunieInezl sl

How does code mean — and how do we?

Tandsianununelasdnals — waasnfanununglasgnals

On 17 June 2016, an anonymous attacker called a function named splitDAO
inside The DAO, a decentralized investment fund that had raised over $150
million in ether from thousands of contributors that spring. The function
was supposed to let a member withdraw their share and then update the
fund's internal ledger — but it updated the ledger after sending the funds,
not before, so the attacker called it again from inside the same transaction,
before the balance had changed, and kept calling it in a tight recursive loop.
By the time the loop stopped, roughly 3.6 million ether — around $50 mil-
lion by the day's reporting — had drained into an account the attacker
controlled (Chainlink, "Reentrancy Attacks and The DAO Hack Explained").
Nothing the attacker did violated a single line of the contract's code. Every
call matched every rule exactly.

Tui 17 fguieu 2016 flandtisuinaunilasenldwantude splitbAo aelu
The DAO NasuaIuUUNSEeAudNszaunududisaslangn 150 a1u

4 v g Y ad gj o v dy ¥/ 2
Aaaa1sInKInasuatswuauluggluldnaluu Weiduilnisesliaundn
naudILUaIi I UnaTuinaeTuvenamu — uidudUnatuiin
#8990 dadueenluuds lulvneu lanfdusenilsidunugrainaielu
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Ethereum's community split over what had just happened. One faction in-
voked the movement's own slogan, "code is law" — a contract's terms are
whatever its bytecode executes, and a transaction that follows the code to
the letter cannot be theft, whatever a plain-English reading of the fund's
purpose would say. The other faction held that a contract has a purpose
beyond its literal text, and on 20 July 2016, at block 1,920,000, the majority
forked the entire Ethereum blockchain to reverse the theft — the holdout
minority who kept the original chain became Ethereum Classic (The Block,
"The DAO Hack at 10"). Both camps were looking at identical bytes of source
code. They disagreed about what those bytes meant.

Yu¥U Ethereum unneenidudesdeiFesdsiiviaiatu dreuilsdrsdaey
YVBNVUIUNTTLDN — "Ié’ﬂﬁanguma (code is law)" — L'f%au"l,waaé’zymﬂﬁa?iaﬁ
bytecode vosstudslivinemuinty uasgsnssuiivhnaldanssiadegonlaly
n15ulue 191n1581UAMULIMINEYEINBVULUUATEIIN UETIUAITUDN
egslshany Snc'hsJLﬁudﬁé’agwﬂﬁmwgmmaﬁagmﬁaﬁhé’ﬂmmuﬁa
wagluiudi 20 nsngIAN 2016 fudendi 1,920,000 tFssdraunnAnednuden
\u Ethereum sisaneiiienannadunisaluetiu — dhethaiesiibunsiusne
arerinlinanedu Ethereum Classic (The Block, "The DAO Hack at 10") 17?\1
gesrhefdwesludifennuls g veswesalan winwnlaviunsauinlugd
waufiaamanednesls

That disagreement is philosophy of language's oldest question, arriving
through customs with a shipping label that says computer science. Fifty-
five years earlier, Ludwig Wittgenstein had already named the trap waiting
for anyone who thinks a written rule settles its own application: "This was
our paradox: no course of action could be determined by a rule, because
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any course of action can be made out to accord with the rule" (Philosophical
Investigations §201, 1953). Saul Kripke's reading of the passage sharpens this
into a skeptical challenge: nothing in a rule's text, and nothing in your past
training on it, logically forces one continuation over any other of the
infinitely many that "accord" with it (Kripke, Wittgenstein on Rules and
Private Language, 1982). Computing built an entire discipline, formal se-
mantics, on the bet that code was the one place this problem could finally
be closed. The DAO is the place the bet came due: the reentrancy loop ac-
corded perfectly with the contract's literal rules, and whether it violated the
rule depended on an interpretation the bare text could not supply.

anuuldassiutuAsmanununigavesUssgyiniw dunisitue
Aan1nsnFeunedveillewinaIngIN15ABNNIMBS (computer science)
a Y v . . . vY A& o v A =3 Aa 1
AuinUneaunitu Ludwig Wittgenstein lanstiaiuaniisensslasnnunanin
A v o 1% Y I = a s '
ngneulinmuanisldanuesiasiueslaliudiin "Uasugnssaiveas 1
= a wa P o 14 a wat < & o V4
fuumsugudlaningazauale tnsizuwamauiRlanaunvinlig
aaﬂﬂé’aaﬁ’mg"l,é'l,aua" ("This was our paradox: no course of action could be
determined by a rule, because any course of action can be made out to
accord with the rule") (Philosophical Investigations §201, 1953) n1591u
¥ 1 . [y Y o X < Y v a U a s
YJoAulves Saul Kripke aulwiuaudududavinmeuidsasdoiion — ldiiadle
Tusrunvesng wazliufidgslalunisilnduneinuunvssnuiudu ATIAUNIG
Y A 1 dl d! s ) d! [
pssngliniaenanuseldosnuulanuunilaniednuuunileanussaanudu
Tulauulsidaun "aenndes (accord)" Audiu (Kripke, Wittgenstein on Rules
. a a ¢ ¥ a gj g
and Private Language, 1982) 7g1n19A8UNIADIAINAIVIVINNAIUIVUUNN
a a o . o 1Sy A& A 1 a a
1@ AoAUMNNELBegUTE (formal semantics) lngwiiuinlAnAaiuiafiedn
UaymilazgnUnleaseluiian The DAO QAN sWILLUINIMUARDIT1Y —
aunisisengndnluln (reentrancy) aenndasfiungmiudidnysvasdeyayn
DYWAUYTAILUU wazn1siduazilia ng wse ity Yuegiunsinaunaaun
wWaneg Tilaila
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Formal semantics offers two rival answers to "what does this program
mean," and both were built to escape exactly Wittgenstein's problem by fix-
ing meaning so completely that no ambiguity survives. Operational se-
mantics, in the tradition Gordon Plotkin formalized in his 1981 Aarhus
lecture notes "A Structural Approach to Operational Semantics" (Plotkin,
DAIMI FN-19, Aarhus University, 1981), defines a program's meaning as the
sequence of machine states it produces — meaning as a trace, checkable by
simulation. Denotational semantics, which Christopher Strachey and Dana
Scott built at Oxford's Programming Research Group, instead assigns each
program a mathematical object directly, typically a function from inputs to
outputs, and handles the hard case — a loop, a recursive call — by finding
the least fixed point of that function over a structured space called a
domain (Scott & Strachey, "Toward a Mathematical Semantics for Computer
Languages," PRG-6, 1971). Both approaches genuinely succeed at their stated
job: they make what happens fully determinate. Neither one touches Wit-
tgenstein's actual question, which was never about the machine's next state
— it was about whether the state the machine reaches is the one the rule
was for. That gap is exactly where the Ethereum fork fell.

AMUNNNBLT 93U (formal semantics) LEUBANNBUALIINUABILUUADAIAY
Tusunsuiifianumneierls uasdesuuugnadrstuinieniiamues
Wittgenstein lagnss menisassanunaneliuduauliianuiiniuviesen
AUMNELBIUR URNS (operational semantics) muUszInglf Gordon
Plotkin vilidusutisl luenansusenaunisussensii Aarhus 3 1981 (30
"A Structural Approach to Operational Semantics" (Plotkin, DAIMI FN-19,
Aarhus University, 1981) 1131214111899 1USUNSUINADAIA UAD1ULVDS
\nTesiituadetu — arumangluguzsesses (trace) finsavaeulfdaenis
$1ae9 daunnunsnei@aied (denotational semantics) 3a Christopher
Strachey tLag Dana Scott a%w‘ﬁuﬁ Programming Research Group U84
Oxford ndusvuaingreadnmanslifuudiaslusunsulaenss lagiilude
Wanduaindunaluiendnm wazdnnisnsalen — gu mMsseniantunates —
Faunismngansedieniian (fixed point) vasierdutumilonuifiilaseads
Senlawu (domain) (Scott & Strachey, "Toward a Mathematical
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Semantics for Computer Languages,” PRG-6, 1971) Ni9@0uun1avindsa
A Y a Y o vya aa é{ v 1 & o i 1y
ﬁqNWUﬁgﬂqﬁifJf\]i\‘] — ﬂlquiw AINLNAVY YALIULLUUBDULAUN LLG"]bLgJﬂJLL‘N'JVHQ
TnuungAInIuaTIee Wittgenstein tag FsliinaiduiSesantugdnlives
& 4 ' | 1 a4 = ¥ A = avyy &
n3eesauansn — SuduiFesianuzinseslufalufsaniuzingil 1ine
= ] | Y & a ¢ a
wsaas19mIn YaeinsuuuarAagain1swesn Ethereum anaslunef

Protocols answer a different question about meaning: not what a message
describes, but what it does. J. L. Austin's How to Do Things with Words —
delivered as the William James Lectures at Harvard in 1955, published
posthumously in 1962 after his death at 48 — named these performatives:
utterances that are the act, not a report of it, valid only when "felicity con-
ditions" hold, the right speaker, the right circumstance, the right procedure
in the right order (SEP, "Speech Acts"). A commit does not describe a
change to a repository; it is the change. A cryptographic signature does not
report that you consented; producing it is the consenting. A TCP handshake
does not describe an agreement to talk; completing it opens the channel.
Protocol designers were enforcing felicity conditions mechanically — a mal-
formed handshake simply fails, the way an insincere promise fails to bind —
before Austin's vocabulary for it had even reached computing.

nsinAaanauAIaudnLUURgINUANUNLIE — Lildindaniunilaussans
agls umsiusinezls J. L. Austin Tu How to Do Things with Words — ussenelu
4@ William James Lectures 1 Harvard U 1955 fnunwraswndediniuil 1962
A8 48 U — AsdedananiiinusewaullBensgiin (performative) Aodouiaag
t:l' LYY =1 ) 1 o Y d' n .:'4
NertuesAanisnseiii lildsiaaunisnsein Iolansaiie "Heuluainy
d159vesiaunssu (felicity condition)” 1Uua3s — HNAQNAN A01UN150igN
J99E TuURBUYNEAU (SEP, "Speech Acts") 1135 commit lailausseenis

a P . A a & [ 1%
wWasuwlasluiliiu (repository) — dumanisiuagunlastiues ALY
SWa (cryptographlc signature) Vluvlm'lm'mmﬂmauaau — mim’]mu%um
ﬂamsauaauumm n1s3uile TCP (TCP handshake) lafl@ussenedonnasiias
Hoansiu — nsvinfuaudnsarenislnvesdeynia gesnuuulnsinaea
Fadulditeuluanudnsavesiaunssunuunalnuinauual — n1savilenia
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I3 1Y I~ o Ao o 1a v
sUnuunuAduanlUae g wuuiiennuiadyynliesdedumailunng

Y o

WNAA — FaudnauNAANYIves Austin 195U 09HRENIDINNITABUNIADS
21l

Meaning at the level of whole sentences split into two research programs
computing has now run as a fifty-year experiment. Richard Montague's
"The Proper Treatment of Quantification in Ordinary English" (1973, univer-
sally cited as PTQ) tried to give English the compositional rigor Frege had
given arithmetic: every syntactic rule paired with a semantic rule, a sen-
tence's meaning built strictly from its parts via intensional logic (SEP,
"Montague Semantics"). Its rival needed no logical form at all. J. R. Firth's
1957 line — a word is known "by the company it keeps" — built on Zellig Har-
ris's distributional hypothesis to found distributional semantics: a word's
meaning just is the statistical shape of its neighboring words. Tomas Miko-
lov and colleagues made that idea computationally cheap in 2013 with
word2vec, and every large language model since has inherited the bet
whole (Mikolov et al., "Efficient Estimation of Word Representations in
Vector Space," arXiv:1301.3781, 2013). For four decades computing funded
Montague's structure-first program; the last decade switched almost en-
tirely to Firth's context-first one — and the switch produced fluent ma-
chines built on a theory of meaning with no place in it for a proposition.

mumnglussdulseloansuseloaunnesnifuaesaslusunsuiseiiomnis
ABNNIADSlANAADINULAIINAUY 91U "The Proper Treatment of
Quantification in Ordinary English" 984 Richard Montague (1973 G‘T}mﬂﬂu
$reiidluiede PTQ) nenenuueummdunnidalszneu (compositionality)
Tinwdanguuuuienfiuil Frege wauliavadin — nngneduiusiug
fungaravaneniete mnumnevesseluagnadisiuegranseninain
d1uUszNaUYAIUNIURIINZLBIAAU (intensional logic) (SEP, "Montague
Semantics") Ausvasiulisiasnisguuuunssng (logical form) aauliusivioy
Usgleavad J. R. Firth Tull 1957 fiddmiladuiidn "anwaniifuaum’
AOYaNINANNRFIUTINTTNTERNY (distributional hypothesis) ¥4 Zellig
Harris ausaifuAumneIBan1snszans (distributional semantics) —
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AMURUIYVDIAINRTIAADSUNTITIAD AV IR T D8 U1 AR LLINTIULD

Y U

Tomas Mikolov uazanizvilsileifeiimuanldgnadlud 2013 §2s wordavec
uazlumaniwivua g (large language model) nﬂﬁ'sﬁfmwif?uﬁ%'uwﬁu
Lauﬁumﬁﬁuﬂ (Mikolov et al., "Efficient Estimation of Word
Representations in Vector Space," arXiv:1301.3781, 2013) maaﬂﬁ'mmssw
wnsAaunanesuulilusunsuuuulasias1enauved Montague NAISsY
aanaduluifouiamuadslusunsuuuuuIundeuvas Firth — wagnnsaduiiy
NamLﬂéﬁ]ﬂ{]’ﬂﬁﬁlmﬂﬂﬁadLLﬂﬁ?%UJJ']UUVIZ]H?]ﬂ’J’]NWN’]Elﬁvl,ijﬁﬁ’i’]ﬂﬁﬁ‘lj
Usznail (proposition) Lagdniia

Which is the test an LLM actually runs on philosophy of language, and the
verdict splits. Wittgenstein's later view — "the meaning of a word is its use
in the language" (Philosophical Investigations §43) — looks vindicated by a
model that has never touched a referent and still produces sentences no
fluent speaker would flag as wrong. But Stevan Harnad named the missing
piece in 1990, before any of this was built: a system that manipulates sym-
bols by their shapes and their relations to other symbols alone, never
anchored to what the symbols are about, is stuck trying to learn Chinese
from a Chinese-Chinese dictionary — perfect internal coherence, zero
contact with the world (Harnad, "The Symbol Grounding Problem," Physica
D 42, 1990). The large language model is the best evidence a pure use-the-
ory of meaning has ever been handed, and the clearest working model of
exactly what grounding critics warned an ungrounded use-theory would
look like.

HunagAounmageuiilinanuunalve (LLM) Suadesieudvennie uag
AdindunuAneanUuaevng YUNBIgARIed Wittgenstein — "ANAIY
vosrmilsAenisldeuesiuluniun’ (Philosophical Investigations §43) —
auileungldfunsiigaiingndesonlunadiliineunzassnads (referent)
wwednass wiidwwdnuseleailifidwesnuaulvuiniiasinia us Stevan
Harnad lé@atatudauiivrameludeudd 1990 roufidunariiazgnairetu
1Fet — sruuidansdydnuainiugUinsesiuuasauduiusiu
dydnuaiBuiisesnuien Taglinedalssfuasidydnuainaduyais
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9399 NidlouRnegiunmsneneussunteduainnauynsuIu-3u —
aonmdesiuludesegianysaluuu unliupzlana3uasudusies (Harnad,
"The Symbol Grounding Problem," Physica D 42, 1990) ‘[umammmmﬂimyj
a 9 Ao P = o .
AanANgIUNANAAWINTINg ¥ AUMNIB1N15TY (use theory of meaning)
wuuuiansaelasuun wazidusuudrasdddanuldndaungavesdditn

a o & = . a v = yay
Fa15aliseanisgnles (grounding) treiioulimguijaunaneainnmslanly
fimsgalesaziinimndusgsls

Connections - 1%a3la43

Chapter 01 supplies the logical apparatus — Frege's quantifiers — that both
Montague and denotational semantics depend on. Chapter 02 returns to
the type/token question this chapter only brushes: is a smart contract's de-
ployed bytecode the same thing as its Solidity source? Chapter 04 runs the
same grounding argument through the Chinese Room, and chapter 13 tests
it against machines trained on nothing but text. Chapter 12 shows what
happens when "the code says what it means" is pushed furthest — a proof
assistant, where the rules really do settle every case.

undi 01 TinalniBanssne — fauaUSunal (quantifier) ¥8s Frege — fiona
Montague LLazﬂ'J'ummEJL‘?NﬁEJ% (denotational semantics) Fosiant unii
02 naulumtsynasiin/fiee19934 (type/token) Funilunsieaioiy —
bytecode 7 deploy 93304 smart contract Aedufeafugeda Solidity vassiu
vsawan unit 04 T4deldudadesnnsaled (grounding) enfuiisnuedu
(Chinese Room) uazumil 13 nadausiufuinsesdnsiitlnunaindeninudaue
unil 12 uandliiiuindneslstudle Taavenarumnevesiasiues” gn

o . At <, Y a a a
nanlugan1e — proof assistant NFengLUURFAAUNNNTAIATIY

Open questions - A1aundanag

If formal semantics can specify a program's behavior completely and still
leave open what the program was for, has it solved Wittgenstein's problem,
or only changed which question gets answered? Did distributional se-
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mantics win because it is a better theory of meaning, or because it is the
theory computers could finally afford to run at scale? And if an ungrounded
system passes every behavioral test of understanding, what work is
"grounding” still doing, beyond naming a discomfort?

a1ANMNNELTIFUNY (formal semantics) seynginssuvesiusunsula
AsUiuaNysal uageiaaaulidnlusunsunud 1we agls fuuitaymives
Wittgenstein l@asansauAlUagumaiungnmnau AununeBen1snszane
(distributional semantics) uziws1ziulunguiianununefinnii wseinsiz
O a a ndl a v = = v a o
fulunguffeinaeniamessulabmlungalieveneaina wazdrszuunlaid
nsdaledrunUNINAGBUTINgAnTsTaIRNUtlale "n1sEnleg
(grounding)" §avihuiiiiezlsed uenanaadieliiuaiuidnliauiele

Go deeper - 91Ufid

— Ludwig Wittgenstein, Philosophical Investigations, trans. G. E. M. Anscombe,
Blackwell, 1953 — §§138-242 is the rule-following argument this chapter
borrows.

Ludwig Wittgenstein, Philosophical Investigations, trans. G. E. M.
Anscombe, Blackwell, 1953 — §§138-242 Aadalaugai3ainisiinniuny)
(rule-following) Tuniinguduulad

— Richard Montague, "The Proper Treatment of Quantification in Ordinary
English," in Approaches to Natural Language, ed. Hintikka, Moravcsik &
Suppes, Reidel, 1973, pp. 221-242 (PTQ), read against Tomas Mikolov, Kai
Chen, Greg Corrado & Jeffrey Dean, "Efficient Estimation of Word Repres-
entations in Vector Space,' arXiv:1301.3781, 2013 — the two theories of
meaning computing actually tried, forty years apart.
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Richard Montague, "The Proper Treatment of Quantification in Ordinary
English," in Approaches to Natural Language, ed. Hintikka, Moravcsik &
Suppes, Reidel, 1973, pp. 221-242 (PTQ), read against Tomas Mikolov, Kai
Chen, Greg Corrado & Jeffrey Dean, "Efficient Estimation of Word
Representations in Vector Space," arXiv:1301.3781, 2013 — ﬁm‘wqwﬁ
AMungiisnsreniimesasdldase vinetuaaul

— Stanford Encyclopedia of Philosophy, "Montague Semantics" — the standing
account of where formal and natural-language semantics meet.

Stanford Encyclopedia of Philosophy, "Montague Semantics" — Guinuan
13999ANANUNHNETTUTBAUANUNINEATBSTTUVIRNIUTTAUAY
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CHAPTER 06

Ethics

A3uAIEANS

This chapter sits in Part I, the Court of Philosophy — the sixth hearing, where
philosophy asks the machine whether a decision keeps its moral weight once a system
makes it.

unilaglunia | mMauiyey — mslaanuasan 6 TUSveyIRemauiuAIaIdngIINIg
Andulonilidinsimtindedasssuvesiulinseld Weszuulugdnaulaunu

Can a decision be delegated without losing its morality?

nssindulaniegnasdeligauinunulalasligadeiiinidasssuveadiv
wialy

On a spring afternoon in 2014, eighteen-year-old Brisha Borden and a
friend grabbed an unlocked kid's bike and scooter in a Fort Lauderdale sub-
urb, rode them half a block, and were arrested for burglary and petty theft
— total value, $80. The previous summer, forty-one-year-old Vernon Prater
had been picked up for shoplifting $86.35 of tools from a Home Depot; he
had already been convicted of two armed robberies and an attempted
armed robbery. Both were scored by COMPAS, a proprietary risk-assess-
ment tool used across Broward County, Florida, to predict the likelihood of
reoffending. Borden, Black and a first-time adult offender, scored 8 out of
10 — high risk. Prater, white and a repeat violent felon, scored 3 — low risk.
Two years later, ProPublica's investigation found the algorithm had gotten it
backward: Borden was not charged with any further crime; Prater was soon
incarcerated again (Angwin et al., "Machine Bias," ProPublica, 23 May 2016).
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Across more than 7,000 Broward County cases, Black defendants who did
not reoffend were misclassified as high-risk at roughly twice the rate of
white defendants who did not reoffend.

Uneunilsluggluldinal 2014 Brisha Borden JAundatifuiiouninsadng
srunazafimmesifiniililéfonluguynudios Fort Lauderdale 3 luldn3eng
Anngnduteninuszuazanningdianiios — yaA15au 80 neaans gasou
rouwtiniu Vernon Prater SoAauidatigniutenalusiaiosiioyan 86.35
Maa1521n Home Depot LW tABgNFAnaUINTIANNRAFIUUAUNTNEA 188175
wudraesnsiuazneslduningdvenstnuilnds aggnlinzuuulae
COMPAS in3psiioUszifiumandsanssuansionsuiildia Broward County 33
wasinn ieviuelenaiinznseviriiaga Borden duduaufinduaznsevindin
Tugnuzdlvnifiuadousn Téazuuu 8 990 10 — Anandeaga Prater daiuny
fAvnuazliuenvinsguusedien Tdaguun 3 — anuiAssdh aesddeun
n158uaIUYB4 ProPublica wuindanasfiuvinunenaustuiuias — Borden la
gnestemneenvyInTsIIRANBNIAY dau Prater nduiihandnasaluailsi
WU (Angwin et al., "Machine Bias," ProPublica, 23 May 2016) INAR MULYA

Broward County 131 7,000 AR Snasiiasmiilalinsevirdagigndnindumina
\@esgarananaludnsigenindnasiivinlidldnsevidegieuaasin

Northpointe, COMPAS's maker, did not deny the numbers — it denied that
they proved bias. Its scores were calibrated: among defendants who scored,
say, 7, roughly the same share reoffended whether they were Black or white.
ProPublica had measured a different quantity — the error rates within each
racial group — and by that measure the tool was plainly unequal. Both sides
were right about their own arithmetic, and this is where the story stops
being a scandal about one company's software and becomes a theorem. Jon
Kleinberg, Sendhil Mullainathan, and Manish Raghavan, and independently
Alexandra Chouldechova, proved in 2016-17 that when the base rate of the
outcome differs between two groups — as recidivism rates did between
Black and white defendants in this data — no risk score can generally satisfy
both calibration and equal error rates at once, except in narrow special
cases (Kleinberg, Mullainathan & Raghavan, "Inherent Trade-Offs in the Fair
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Determination of Risk Scores," arXiv:1609.05807; Chouldechova, "Fair Pre-
diction with Disparate Impact,' Big Data 5(2), 2017). COMPAS and ProPublica
were not arguing about facts. They were standing on opposite sides of an
impossibility result and each calling the other's axiom the wrong one —
which means "make the algorithm fair" is not an engineering instruction
until someone first answers a question philosophy has never closed: fair by
which of several mutually exclusive criteria, and who gets to choose.

Northpointe §ja311 COMPAS afldufiasiinumantiu — wiufiasinduigail
oA AzILUYDILIEVN USuifieu (calibration) uéda — Tuussadaedld
ATWUL AUNRT 7 dadufinsevhiindrindidesiulidnesduaufiasivie
4712 du ProPublica YauSinaBnuuunils — Sasrauiianann (error rate)
ﬂ’]EJIiJLLGiﬁ%ﬂEi&JL%lE]?ﬂa — uaziloYauvuiu insesdleiliviniivuiustng
Fanau eaesdhegniedlulavadinuosiaies wazAsIEuvaziisessIEn Ty
30950911709 NALTUT LAY warnaneungeiiun Jon Kleinberg,
Sendhil Mullainathan wag Manish Raghavan uagueniulag Alexandra
Chouldechova figaiflull 2016-17 1uiladnsgiu (base rate) vosnadWSLAN
Ansffuseninsaedngu — feiisasnsnserifinduandnafuseninesiasiia
suirmludeyaynil — Lifiezuuumnuidsddaiiozaussisnisuduiiioy
wazsnsanuianaaiiviiuldndeuiulneiialu sniulunsdndvunug
(Kleinberg, Mullainathan & Raghavan, "Inherent Trade-Offs in the Fair
Determination of Risk Scores," arXiv:1609.05807; Chouldechova, "Fair
Prediction with Disparate Impact," Big Data 5(2), 2017) COMPAS fiu
ProPublica lalléifssfuiFesdoiiionss wanwBusgauagilewadndid
andululaile (impossibility result) waasnselentsuanindanaivesdn
fhefin — Sanneaudn vihlidanesindussse Lilldmdaddmnssuiay
auninezillasmoudauiivssaldnedalddou — Wusssumunaaiivuly
vssainasinaedeiidaudstues uazlandudiden

Delegating the decision does not just relocate the fairness question — it can
dissolve the chain of responsibility that used to answer for it. A system that
adapts from data after deployment can produce an output its own engin-
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eers cannot predict or fully reconstruct, which breaks the ordinary assump-
tion that a designer's intent traces forward into a machine's behavior.
Andreas Matthias named this the responsibility gap: when a learning auto-
maton's actions no longer trace predictably to any human's decision,
neither the manufacturer nor the operator can be justly held liable by the
old rules, and yet someone has been harmed (Matthias, "The Responsibility
Gap,' Ethics and Information Technology 6(3), 2004). Helen Nissenbaum had
already catalogued the mechanics of this a decade earlier — "many hands"
spreading a single harm across enough contributors that no one holds the
whole of it, bugs treated as acts of nature, blame displaced onto "the com-
puter,’ and software shipped under licenses that disclaim liability by default
(Nissenbaum, "Computing and Accountability,’ CACM 37(1), 1994). A gap in
responsibility is not an absence of harm. It is harm with the addressee miss-

ing.
nsuouvanensindulaldlduaiemomEesrndusseuluiidu — fu
annsaazaevnldauiuinveuinenaumautiuldiaun ssuuiiuiu
frendeyandagmitluldnusisausandanadnsitmnsgaiiaod
virunenioairedoundulinsulild daharsaunfigiulndiidianuivesy
oonuuuardudelURmginssuveaniesinsldians Andreas Matthias Hadfe
faiiin Yeeinsanuiufinvey (responsibility gap) — iilensnszvinvecasin
waiiFeuslélidudoulumnisdnaulavesywdaulaldesrsaannldan
selU sagnanuazduaudniliioragnlisufinesadusssumung s
wantinulduanudeneass (Matthias, "The Responsibility Gap," Ethics and
Information Technology 6(3), 2004) Helen Nissenbaum lalaisssnalnues
Besiiliudraudnounth — "flevaneile (many hands)" nsvansanudiewe
weneenludsiidusaunnwesuliflasuuniuianualiauden Sngnues
\Judusssuu@ anudagnleulli "aeuiunes” uazwenAwisgnasauniy
‘lﬁé’a;zy'laqmﬂmﬁﬂﬁLaﬁmw%’uﬁmi‘]um&y’ﬂﬁu (Nissenbaum, "Computing
and Accountability,” CACM 37(1), 1994) %asinaluminusuiinveulaildnislaid
amnandeme Sufeanudsmeilifdiuinveulideds
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If responsibility can slip away from a system, philosophy has to ask what a
system is, morally — object, agent, or something newly in between. Luciano
Floridi and Jeff Sanders argued that "moral agent" need not require free will,
consciousness, or intention at all: an entity that is interactive (responds to
stimuli by changing state), autonomous (can change state without external
stimulus), and adaptable (can change the very rules by which it changes
state) qualifies as a moral agent at the relevant level of abstraction,
whatever else it lacks (Floridi & Sanders, "On the Morality of Artificial
Agents,” Minds and Machines 14(3), 2004). That loosens moral agency
enough to fit a recommendation engine or a trading bot without claiming it
has an inner life. It leaves untouched, and does not answer, the harder
question now being asked of the systems this book keeps discussing:
whether something interactive and adaptive enough could also become a
moral patient — able to be wronged, not just to act — a question no
consensus method yet resolves.

f1AnusuRnvevasangaasylunszuuld Usindesanuinssuunis
Aeazls lutidasssu — Tng gnsevin wIedsluinegnsenas Luciano Floridi
waz Jeff Sanders 1Audein "gnszvindadasssu (moral agent)” lidndudaadl
e Indriin visaunaswivsiies — AslanmuTufduius (neu
L a v v = @ a =~ Y A

ausradusenisiasuaniue) Wudase (Uasuanuzldlaglideadias

1% [V 14 a g v a Y v, @
519 nneuen) wazusudala (Wasunginldivdsuaniuzvessaduiesls) Al
aaauliRdugnszindedasssuluseiu abstraction Atientes laidduazain
Qmﬂuﬁaaﬂﬂﬁmu (Floridi & Sanders, "On the Morality of Artificial Agents,"
Minds and Machines 14(3), 2004) ﬁ'usiauﬂmﬂﬁau’lmmmmﬁu@’nsxﬁw‘z‘m
AasITuIINNBNIILATEUARNIBUAULUEIN (recommendation engine) ©TaUD
awmsaiu laglidesdreinduidinanglu widuldunzuazlinoudaiuienn
n91 FaindgnauiusEuUTINisdsIaulyafswnuaiviia — ANNU EuNuS
wazUsumldunnwesznanaidu fgnnszvinded@asssu (moral patient) lagae

& 1 = o a 14 1 1 o 14 o lﬁl L 1aada U Y @
wsolil — Aegnnszvidald lulduanszyinla — Aaundlidiganasiulaidu
LenNdUN
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Alignment research turns out to be metaethics wearing an engineer's
badge. Iason Gabriel's 2020 analysis distinguishes several things "align an Al
with human values" could mean — instructions, revealed preferences, ideal-
ized preferences, interests, or values — and argues the central difficulty is
not discovering the one true set of moral principles, but designing prin-
ciples fair enough to win reflective endorsement across people who deeply
and permanently disagree about ethics (Gabriel, "Artificial Intelligence,
Values, and Alignment,"” Minds and Machines 30, 2020). That is exactly the
problem political philosophers call the problem of legitimacy under plural-
ism — alignment did not invent a new question; it gave an old one a training
loop and a deadline.

Av Y . I3 a ¢ . P v a 1
UIYAY alignment nareLdULUNILBNNE (metaethics) Vlﬁ’)iJU’lEJ’Jﬂ’Jﬂs’ngJjﬂ
UNILASIZIW04 lason Gabriel 1ut 2020 wonuazdsrngeg #anan "Usu Al T
aanAABIUAMAIYBINYEY (align an Al with human values)" 919%uN8A9 —

o o = a = a ¢ '
Ads ANUNInelaniuanteen Aunanelalugauaf nausylevi wsennA
— wazlaudrinanueinudnlilynisAuniyaranAasssunuiasanesyaLae?
usrenseanuuunannsildusssuunnesslafunisiusesetnelasasiy

4 P 1 (Y 1 -1 = a . n g -
NFAUNIUANAUDENENTIAZN1I51599938555U (Gabriel, "Artificial

Intelligence, Values, and Alignment," Minds and Machines 30, 2020) HUAD
JayniernulziuninusvgyinisdieaseninUymainuveusssunialang
lou (legitimacy under pluralism) — alignment lail@AnAuaranulvaidiuun siu
WALE1UN15NIU (training loop) Auwaalatluldlvidanuin

Privacy submits to the same delegation problem in a quieter register. Helen
Nissenbaum's contextual integrity, developed across the 1990s and set out
fully in Privacy in Context (2010), argues that privacy is neither secrecy nor
control over information but the expectation that information flows ac-
cording to the norms proper to the context it came from: a diagnosis flow-
ing from doctor to insurer for billing is a different flow, governed by differ-
ent norms, than the same fact flowing from doctor to employer (Nissen-
baum, Privacy in Context, Stanford UP, 2010). Most data-collection systems
are context-blind by construction — a field in a database carries no memory
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of which norms it was gathered under — which is why so much that feels
like a privacy violation involves no secret at all, only information moved into
the wrong context.

arududusundgdymmsueumnsuuuideruiilulnuiifeundt aaw
ASUIULTIUSUN (contextual integrity) ¥e4 Helen Nissenbaum Fewaundu
naBANA235E 1990 uazanensaulfifuguuuulu Privacy in Context (2010)
Tudsimnududuslilanmuduuaglilinmsmuaudoya udfeanny
meavfeidayavglvalumuussiaguiivangaufuuiuniisiuiman — s
ItadelsaiiluaanuusludauidmussiuieSoniutudenislvawuunis
anifudsusTingIuLuunis ssndaifieniafenduiilnaanuueluds
w8919 (Nissenbaum, Privacy in Context, Stanford UP, 2010) szuutnudoya
dnlngauenseuiunlaglassaiesiiues — Madidlugiudeyalid
mamsesindugnifumnaeldussingiule — DRewauaiidedsliausan
wileuntsazfinanududiusisuinnldfinnudulag Wertesas dud
Foyatignéedrluluuiuniian

Google convened an eight-member external Al ethics council, ATEAC, on 26
March 2019 and dissolved it entirely nine days later, after employee protest
over two of its members made the board's continued existence untenable
(MIT Technology Review, "Google Has Now Cancelled Its Al Ethics Board," 5
April 2019). An advisory board's authority depends entirely on the goodwill
of the institution that convened it and can be withdrawn as easily as it was
granted. Mechanism design does not ask for goodwill: a fairness constraint
written into a training objective, or a differential-privacy bound written
into a query system, keeps operating on the day nobody is in the room to
enforce it — which is a narrower kind of ethics than a board's, but a harder
one to dissolve by memo.

Google Aaana3uss Al mMeusnuuaaudie ATEAC Sulutuil 26 fuay
2019 uwiguiisianualudniiniusonn udawineuusginanssunisassauly
ﬁ?uauv‘iﬂﬁamagjsia"l;ﬂﬁ (MIT Technology Review, "Google Has Now
Cancelled Its Al Ethics Board," 5 April 2019) éi’ﬁu'mﬁuawa%ﬂﬁﬂ?nm%uagiﬁ’u
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anuiulavesaniunaiudunviaiun wazaouesnladtewes Audiueuli
1 mechanism design (Mseanuuunaln) lufssisanudule — dadiin
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anudusssundeuliludinunenisivsu wisveuwwn differential privacy 9
Weuliluszuuduau devinnuselUlaudluiunliilasegluiosnsstaduld
1y — Gadussusssuussiamiiuaunitwesuedn uiguivmeduiinarglualtu
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Connections - 1%auleg

Chapter 02 supplies the deeper question of what kind of thing a "decision"
made by software even is. Chapter 07 takes platform power into the register
of governance, where the question stops being who is accountable and be-
comes who is sovereign. Chapter 13 returns to the responsibility gap
through interpretability — can you hold a system accountable for a decision
no one, including its designers, can fully read back out of it?

= v o e A v a wa o LA P
unn 02 idanunanninuuin "nssinaula” NvinlaevenduisAedussian
Tuuiuui unn 07 wiguavssunannesutgnziiouvassssuniuia 19
o a [ & v a 1% [J a a a LY a
maaaniduiseslassurageu udnanadulasiosulee uni 13 nduud
199119ANMUFURAYB UL interpretability — AalviszUUSURAYOURBNTS
andulanlaiilas sadeesnuuuidiuies erudousanuilaasudulaniali

Open questions - A1aundanag

If calibration and error-rate balance cannot both hold, is choosing between
them a technical decision at all, or is every deployed risk score a silent vote
on which kind of injustice a society will tolerate? Does Floridi and Sanders's
minimal moral agency dissolve responsibility further by making blame dif-
fusible to "the system," or does it at least make the diffusion visible enough
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to argue about? And if legitimacy under pluralism was always the real prob-
lem behind alignment, what does computer science have to offer political
philosophy that centuries of contract theory did not already try?

fnsuTuLiisu (calibration) fuAnuaugavesdnsIAURAANAIATLAS
wiouiulilld nsidensewinsaesdsiisaiuidunsdnduladunaineguielsl
wioazuuuaudsmniiigninluléesedonsmaioug dsauasseumu
anueyfssauuuulnu fnszvindefasssunuudusives Floridi uag Sanders
vilarusuiiavevazansluiniudniensvinliauianseaslui
"suu" 18 wioagatiossiufivinlinnsnseaetiuueadfiulddaneazanidesiy
18 uwazdanuveusssunelanyiion (legitimacy under pluralism) Aataymn
a3s7iogiiomas alignment annaen Inensaeineiileylseziausly
U%’mvnmsLﬁaqﬁmqwﬁﬁmapﬂwmmﬁfummswﬁsi'mmé'fq"lajmsammfiau
U9

Go deeper - 911619

— Cathy O'Neil, Weapons of Math Destruction: How Big Data Increases
Inequality and Threatens Democracy, Crown, 2016 — the general-audience
case this chapter's theorem underwrites.

Cathy O'Neil, Weapons of Math Destruction: How Big Data Increases
Inequality and Threatens Democracy, Crown, 2016 — ﬂimﬂﬂw’lﬁ’mww
E]'IUVI’ﬂU‘VWIi]UQUVI‘U@QUVIUﬂWEJEJL‘U’e]s‘i‘ViEN

— Jon Kleinberg, Sendhil Mullainathan & Manish Raghavan, "Inherent Trade-
Offs in the Fair Determination of Risk Scores," arXiv:1609.05807, 2016, read
against Alexandra Chouldechova, "Fair Prediction with Disparate Impact,’
Big Data 5(2), 2017 — the impossibility result from both directions.

Jon Kleinberg, Sendhil Mullainathan & Manish Raghavan, "Inherent Trade-
Offs in the Fair Determination of Risk Scores," arXiv:1609.05807, 2016,
read against Alexandra Chouldechova, "Fair Prediction with Disparate
Impact,” Big Data 5(2), 2017 — waansiBaanudululadld (impossibility
result) 91nVadBTAN1
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— Stanford Encyclopedia of Philosophy, "Ethics of Artificial Intelligence and
Robotics" — the standing map of this chapter's whole terrain.

Stanford Encyclopedia of Philosophy, "Ethics of Artificial Intelligence and
Robotics" — WNuNaNUeIAUTLNANIAUATUUNY
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CHAPTER 07

Political Philosophy

USaunsiiies

This chapter sits in Part I, the Court of Philosophy — the seventh hearing, where
philosophy asks the machine who is actually governing when its code sets the terms.

unilaglunia | mauiyey — mslaauasan 7 Tusvgnemauiuiniasinsinlasiu
uuunasesey WislAnvesiudugivuatouly

Who governs when code is law?

TasUnases WsldAnAonguuie

On 16 August 2017, days after the violence in Charlottesville, Cloudflare CEO
Matthew Prince terminated the account of The Daily Stormer, a neo-Nazi
website, cutting off the DNS and content-delivery service that kept it
reachable on the open internet. In an internal email later published by Giz-
modo, Prince described his own reasoning with unusual honesty: "Literally,
I woke up in a bad mood and decided someone shouldn't be allowed on the
Internet," he wrote. "No one should have that power" (Gizmodo, "Cloudflare
CEO on Terminating Service to Neo-Nazi Site," 2017). No court had ordered
the takedown. No legislature had voted on it. One executive, at one infra-
structure company, flipped a switch, and a publication that had survived
years of public outrage disappeared from the reachable internet within
hours. Prince was right that no one should have that power — and right,
too, that in that moment, he had it.

Suit 16 Aoaw 2017 L Fundsanuguussii Charlottesville Matthew Prince
@8lawas Cloudflare snianttyTves The Daily Stormer Lulwaiilound én
U3n15 DNS uag content-delivery Avinlsduiidnaslduudumesiiinansnsus
Tudiwansluil Gizmodo weunslun1euds Prince a5uNBIAHATDIILDS
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dheanunsslunsaniiiaund — "wanseq muduiudiesunilin ledndu
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grunauuutiy (Gizmodo, "Cloudflare CEO on Terminating Service to Neo-
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Lawrence Lessig had already named the mechanism a decade earlier. Code
and Other Laws of Cyberspace (1999, revised as Code 2.0 in 2006) argues that
four forces regulate behavior — law, social norms, the market, and architec-
ture — and that in digital environments, architecture usually wins, because
it does not ask for compliance, it makes the disfavored action impossible
rather than illegal (Lessig, Code and Other Laws of Cyberspace). A law against
a website can be appealed, delayed, ignored pending review. A DNS provider
withdrawing service is not a rule about the website; it is the website's dis-
appearance, instantly and everywhere, the moment the change propagates.
Cloudflare's decision is Lessig's thesis in its purest form: code did not
enforce the law here, code was the only law that mattered, and it was writ-
ten by a company's terms of service rather than by any legislature.

Lawrence Lessig K¥onalniiliudrdulineunti Code and Other Laws of
Cyberspace (1999 U§uusaifiu Code 2.0 Tul) 2006) Tdudeinfiusedussiisiu
NOANTTU — NYUNY UTITNIAFIUNNAIAN Aaa uasanrUnenssy
(architecture) — wazluanmuandeundvia anrUnenssudnyuziaus Lnse
fulsilFualiufofinnm usvilinisnsevhiliiessasdidululaildiasunud
WUARANYNUY (Lessig, Code and Other Laws of Cyberspace) ﬂgumaﬁl
weduiulednilsdignesalld Sananld innesewinasenumiuld uddl
U3n13 DNS fineuuinmslalngieafudivledmiu — sufensmeluveadu
Tasftiues vuiinazyni Tuluiiinnsasuudasunsnszaeseantu n1sdndu

Taves Cloudflare Aaineniinusuas Lessig Tuguuuunusansian — lanlila

4


https://gizmodo.com/cloudflare-ceo-on-terminating-service-to-neo-nazi-site-1797915295
https://gizmodo.com/cloudflare-ceo-on-terminating-service-to-neo-nazi-site-1797915295
https://en.wikipedia.org/wiki/Code_and_Other_Laws_of_Cyberspace
https://en.wikipedia.org/wiki/Code_and_Other_Laws_of_Cyberspace
https://en.wikipedia.org/wiki/Code_and_Other_Laws_of_Cyberspace
https://en.wikipedia.org/wiki/Code_and_Other_Laws_of_Cyberspace

POLITICAL PHILOSOPHY
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Every major platform now runs something that functions like a legal system
without being one. Kate Klonick's "The New Governors" describes Face-
book, Twitter, and YouTube as private jurisdictions complete with legisla-
tion (terms of service), adjudication (content moderation review), and —
since October 2020 — an appellate layer: Facebook's Oversight Board, a
S130-million-endowed panel of twenty members whose rulings on content
decisions are contractually binding on the company, and which overturned
four of the first five decisions it reviewed (Klonick, "The New Governors,'
Harvard Law Review 131, 2018). It is jurisprudence's full apparatus, minus the
one thing that ordinarily justifies it: no user elected the legislature, and the
constitution can be rewritten unilaterally by the company that wrote it the
first time. Prince's discomfort with his own power was, in effect, an admis-
sion that he had briefly become one of Klonick's "new governors" without
any of the checks a real government answers to.

puiluwanweiulugnnididussuuusedsiviimifimiioussuungmaneg
Toglaliiduszuunguuneass unaanu "The New Governors” vas Kate
Klonick U55818 Facebook, Twitter uag YouTube sndunsunamaenvud
AsUATDY — TRATAR (Fermuanisliusns) finsdadund (n1sarsan
muALiion) uazdeumireunatay 2020 tugnssaifae — Oversight Board
84 Facebook AignssunsBauALATRuYUAIEY 130 Suneams e
313‘\)5&1Ld'illi’NL‘ﬁ@ﬂ’l‘lla\‘lﬂm%ﬁ@ﬂﬁngﬁVIM’]uﬁﬁymﬂ wazamziinanmsnaudly
ﬁf'lﬂal,l,iﬂﬁﬂm’sm'] (Klonick, "The New Governors," Harvard Law Review 131,
2018) sfufenalnfifcansifusuuuy avdaderiiundvilinalowuui
Yousssueeniy —1:Jﬁ;ﬂsﬁ'ﬂuvlwuﬁaﬂ&gwhaﬁaﬁzwaﬁﬁ WAYSFEITUYYVO
fugnideulmitheiderlflasuisnildouiulundausiusn anudndaves
Prince Aa81uN9v84109 Tio3audrAenissensuinutldnaneiduniily
"funmsaslul (new governors)” 484 Klonick agtvaiznils Taglaifing
ATNABUNNNALULASFUNATS BT UARYe AL LATDY
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The deeper stake, Shoshana Zuboff argues, is not who moderates speech
but who extracts and owns the "behavioral surplus" generated by everyone's
use of these systems — the data left over once a service has been rendered,
repurposed to predict and shape future behavior and sold as a prediction
product to advertisers and beyond. The Age of Surveillance Capitalism (2019)
contends this is a genuinely new form of power, distinct from the industrial
capitalism that classical liberal theory built its protections against, because
it operates through unilateral claims on experience that the subject never
consented to and typically cannot see, let alone exit (Zuboff, The Age of
Surveillance Capitalism, PublicAffairs, 2019). Contract law and privacy torts
were built to police visible transactions between two parties who both
know an exchange occurred; they were not built for a form of extraction
whose whole design depends on the other party not noticing.

Shoshana Zuboff TdudrinduiuiianniniulilviFesdasauaudiy uside
lasanauazidudves "druiudanginssu (behavioral surplus)” finan
nsldnuszuumaniivemnau — doyanimdendauinsgndsusunda gni
nduinldlmiierhuenasiuanginssulueuan wdrueduudvinune
Wﬁ’uéaﬂmwmmasﬁ'uq #olUdn The Age of Surveillance Capitalism (2019)
iauainiifesnunaguuuulntiosen fusnsnsnnyuiisugaamnssuding ]
s deunaradnasnistiesfutuinsedu mszdurianusuntsdnsans
theifisunileussaunsaifiidvesdssaunsallineBuseunazinuoslsl
Wiugaegn Tuusvanerlsiunisaeusieenun (Zuboff, The Age of
Surveillance Capitalism, PublicAffairs, 2019) ﬂgwmﬂé'mumumazmsamﬁm
Bosmnnduduignaidunieriuguagsnssuiiveaiiulfsswineaos
thefisedhiinsuanivdewdntu fuliildgnasandmiunsaiaguuuui
anseenuuuTuegiunisiiandielaidin

Not every digital institution has defaulted to sovereign-or-corporate. Elinor
Ostrom's Governing the Commons (1990) identified design principles by
which real communities manage shared resources without either a state's
coercion or a market's pricing — clearly bounded membership, rules
matched to local conditions, graduated sanctions, cheap and accessible
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conflict resolution, and governance nested across scales — overturning the
assumption, inherited from Garrett Hardin, that shared resources are
doomed to overuse absent private ownership or state control (Ostrom,
Governing the Commons, 1990). Ostrom and Charlotte Hess later extended
the same principles explicitly to knowledge and digital commons, arguing
that open-source projects, Wikipedia, and shared research infrastructure
could be read and governed the same way (Hess & Ostrom, eds., Under-
standing Knowledge as a Commons, MIT Press, 2007). Linux and Wikipedia
are the proof this third path is not merely theoretical: neither a state nor a
corporation, and yet governed well enough to outlast most of both.

laildantufdvannuisiinsesuuuigniousstmanslu Governing the
Commons (1990) ¥4 Elinor Ostrom sxwé’ﬂmiaanquﬁﬁmuaﬁaq T4
Fan1sminennssa (commons) Tnglsidesiaisnistafuresiguagnises
ABINAA — Andnamdtiiveundaiau nyfisenadestuaniniiesiu
unaslnwuuututiula nssutumssefudeRinmiignuasidnieine uaz
sysunAunafideutuinusedu — fudsauufigruiidunenautann Garrett
Hardin fiiwinenssaufivzanssudesgnldiiuvunamalaifinssuans
Lan%uw%ﬂ'ﬁmuqmm%’g (Ostrom, Governing the Commons, 1990)
Ostrom uag Charlotte Hess aenaudnmsifisafuillunmendsiuganuiuas
NSNeINIINAINaeY TR lalaudsinlusnalaiwuyesa Wikipedia
LLasiﬂsqﬁ%ﬂaﬁugmm53ﬁaﬁﬁémﬁ’ummsadmuazﬂﬂﬂiﬁ)ﬂé‘lmmu
L8 (Hess & Ostrom, eds., Understanding Knowledge as a Commons, MIT
Press, 2007) Linux ua Wikipedia fandngiusndumaiianitlslduang
— lailesesguarlaildussn uddgnunasedldfinevzegdBusaninisans
wuvdulney

When a state itself delegates to code, the failure mode changes shape en-
tirely. Danielle Citron's "Technological Due Process" (2008) warns that auto-
mated systems collapse two functions administrative law has always kept
separate — writing the general rule and applying it to one person's case —
into a single, undocumented act, evading the notice, hearing, and reasoned
explanation either function alone would owe a citizen (Citron, "Technolo-
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gical Due Process," Washington University Law Review 85, 2008). Michigan's
unemployment agency ran exactly this experiment between 2013 and 2015:
its MiDAS system flagged fraud automatically, ran start-to-finish without
human review in most cases, and falsely accused more than 34,000 people,
at an error rate later estimated at 85 percent, triggering wage garnishments
and bankruptcies (IEEE Spectrum, "Michigan's MiDAS Unemployment Sys-
tem"). No rulemaking notice, no individual hearing, no appeal built in — due
process was not violated by any one decision; it had been designed out of
the system before the first case was ever flagged.

& o ° P 1 2 o ]
Wasgoauaunungdualilan sunuuauaumanasulunmun
UnAYIN "Technological Due Process" (2008) wa4 Danielle Citron tfiawdn
SEUUER L LLRYUARIMIINNMUNEUNATEILENIINAUNINADA — NISITBUNY
& Y o Yo o = Y A& o A  av aa
milununisihngluldnuafvesauaunila — Timaeilunisnsevinfenlad
o = Yy a v A ' o _a o = ' v o
Tuiinld vaudesnisuduiiow n1slaaiu wazAredureniivanadaudazning
Wgsaansfsuaulyinaliios (Citron, "Technological Due Process,"
Washington University Law Review 85, 2008) #1i78971UU52AUN1531991UVD4
Spigunusun1Taaswuuililzs 531319U 2013 83 2015 — $3UU MiDAS U84
MieuilnsInsaslndlaednluln sunsuanuauaulaeldduyednuniulu
nsaldiulng) waznarmiiaaulunin 34,000 Au AMednsIAURANAIAT
Usziliunenaslan 85 percent autilugnisendamidnauaznisanazany
(IEEE Spectrum, "Michigan's MiDAS Unemployment System") laifinsuds
weauniseanng Lilinisldaruseyaaa Lifinnsanssallusiszuu —
NSEUIUNSNYBURILNYIAUIY (due process) lalldgnasilinlaunisandulanss
Tansanils — siugnesnwuuliiameluainszsuuniinounfnsnazgneasy
AT

Benjamin Bratton's The Stack (2015) offers the frame that holds Cloudflare,
Facebook, Zuboff's harvesters, and Michigan's benefits algorithm as one
phenomenon rather than four unrelated scandals: planetary computation —
cloud, city, address, interface, user, layered as a single accidental
megastructure — now performs sovereign functions (deciding who may
speak, who receives a public benefit, who is reachable at all) continuously
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and at a scale no state apparatus can match, without ever standing for
election or answering to a constitution (Bratton, The Stack, MIT Press,
2015). The state has not been abolished by the stack. It has been joined by a

second, unelected one, and most days it is not obvious which one actually
decided.

The Stack (2015) ¥4 Benjamin Bratton L@uansausiu Cloudflare,
Facebook, 1asaaiuiigadayaves Zuboff wazdane3fiuaiannisvesituny
Pidudsingmsalifieniu unufiesduisedsandsedldineatoaiu — ns

AIUIUTLAUAILATIEN (planetary computation) — AA1IA Ll T1ag
Sumesiny Jlg doutulunmlassasrsiiintulaedadeysmiaien —
mauilvimtnuuuesulag @eduinlasyals laslasuaiannisasisae las
YV = 4 | 1 1 1 dl dl U & [l v 1
wWhnslataenseli) egnsdaitiwazluainannalnsglanmisulile laglinae
AesasalinsSuRanAInsasURnvaURasEsssuYaylaay (Bratton, The Stack,
MIT Press, 2015) sgluilagnanidnlulaeaunni duualidsnassilidléunain
nsidenAsauVURIY waziisuyniunlidaaumediitdiglvuiuuindu

Hrnaulagsa

Connections - 1%aule

Chapter 06 owns the responsibility gap this chapter's automated systems
keep opening, asking who is accountable rather than who governs. Chapter
11 explains the bracket that lets "behavioral surplus” be priced as a quantity
while what it is of goes unasked. Chapter 14 picks up Ostrom's commons
again through consensus protocols — cooperation among strangers with no
sovereign to enforce it.

dl [ v 1 1 v a d' [ A &IQ :g ’5 4
UN? 06 WULIUD9Y89719ANUSURAYDUNTLUU DA LUNR lUUNTLU AT UG LA
¥ 1 1 v Aa a a 3 A o v
a1 lngauinlassuiaveu lildlasunaseas uni 11 aSuleradunyinlag
nat a a a . n ] [ a 1% a
drAugangfnssu (behavioral surplus)” gnassianduusunald Tuvauei
laifilasanuinsfuAedlruiu vae aglsiuwd uni 14 nBuNsSweInssIu
(commons) V849 Ostrom NAUNIDNASIHIUINSINABAIUNIUR (consensus
1 =& 1 v a va a v W v
protocol) — AusmileszrinausUannileglifigiiesulenemeeeruldy
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Open questions - A1aundanag

Is "code is law" a warning about what has already happened, or a program
for what should happen next — and does confusing the two let more power
slide into architecture than anyone actually voted for? Can a private plat-
form hold due-process-like authority legitimately, short of becoming a
state in miniature complete with the checks that make states bearable? And
does Ostrom's commons model generalize to physical infrastructure —
cables, satellites, spectrum — the way it generalized from irrigation to code,
or does infrastructure's need for capital always pull governance back
toward a state or a firm?

‘Tadengmang (code is law)" Wusniouisosdsiiintuluuds niewdu
unuudmiudsimsiintudely — uaznsduauswinsaesegnailvivl
snadeulnadnluegluanidnenssuannnirdilasiaeasazuuuliaiudoli
uwannasuenvuiesunauvunsEuIunsiveufengringldesng
yausssunioli Taglidesnaedudgsiassiifinalnnsaaeudasgansuuuy
fivilvEswenuld uaglunandnenssauves Ostrom veneluldifulaseadig
Nugrumanienw — aetanda anadien aauauE — Tduuudeaiuiitu
vgrpanmssalsenuluglannseld nsennudeinistuuvedaseasng
Nugruazisssaniviandulumignieussiaue

Go deeper - 91Uf1®

— Lawrence Lessig, Code: Version 2.0, Basic Books, 2006 — the revised edition
of the argument this chapter's opening case runs on rails built by.

Lawrence Lessig, Code: Version 2.0, Basic Books, 2006 — atuuiuu§iuas
Paldudannsaiilnisasvesuniiseguusianiiuingll

— Kate Klonick, "The New Governors: The People, Rules, and Processes
Governing Online Speech," Harvard Law Review 131 (2018), read against
Elinor Ostrom & Charlotte Hess, eds., Understanding Knowledge as a Com-
mons: From Theory to Practice, MIT Press, 2007 — private jurisprudence
against the commons it displaced.
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Kate Klonick, "The New Governors: The People, Rules, and Processes
Governing Online Speech," Harvard Law Review 131 (2018), read against
Elinor Ostrom & Charlotte Hess, eds., Understanding Knowledge as a
Commons: From Theory to Practice, MIT Press, 2007 — Ifrnansianau

LVISJUﬂUVIiWEJ’]ﬂiTJZWISJUL’U']N’]LL‘V]‘L!‘VI

— Stanford Encyclopedia of Philosophy, "Political Legitimacy" — the standing
account of what a governing power owes the governed, against which every
case in this chapter can be measured.

Stanford Encyclopedia of Philosophy, "Political Legitimacy" — Uuinu&n
\sesdnsIuUnAsasslisegnUunAses Gannnsailuuniliniisuiuliula
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CHAPTER 08

Aesthetics & Phenomenology

gunssaansuazUsingnisalingl

This chapter sits in Part I, the Court of Philosophy — the eighth and final hearing
before the benches switch, where philosophy asks the machine what the critics and
the artists notice that the builders do not.

unileglunia | arauivgyn — nslaaiuniei 8 duluasiaavinenowlintsganuazaau
ils MUSweyImsAauiuesasdnshiiniansaluazAaludunaiues lsigad el

What do the critics and the artists see that the builders miss?

U a L4 a a [ Ay v v
in3asaluasAaluiiveslsigasswestnuly

In October 2018, Christie's auctioned Portrait of Edmond de Belamy, a
blurred, unfinished-looking image of a stout man in a dark coat, estimated
at $7,000-10,000. It sold for $432,500. The work had been produced by a
generative adversarial network trained by Obvious, a three-person Paris
collective, on roughly 15,000 portraits scraped from WikiArt — and, as re-
porters soon discovered, on code adapted almost unmodified from a public
GitHub repository written by Robbie Barrat, a teenager Obvious never
publicly credited until pressed (Hyperallergic, "Christie's Sells 'Al-Gener-
ated' Art for $432,500 As Controversy Swirls Over Creators' Use of Copied
Code"). Where a painter signs a canvas, Obvious printed, in the lower-right
corner, the mathematical objective their network had trained against: min G
max D Ex[log(D(x))] + Ez[log(1-D(G(z)))] — the generator and discriminator's
loss function, standing in for a hand. The painting had, quite literally, signed
itself with its own machinery instead of an author.

lufiounanau 2018 Christie's Uszya Portrait of Edmond de Belamy a1
waee guileunaliidsavesmesiwuludeldpdidy Assiauszdulin
7,000-10,000 naaans wavrelulan 432,500 naaans nasuduinandulag
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generative adversarial network i Obvious ﬂejuﬁa?lummumﬂﬂﬁamsu%u
anWwEiaus 7 15,000 AMineanan WikiArt — uazanuiingndunuly
nasown Sldldnfidaulannunuliivasuulasaniiiiu GitHub ansisa
#iuulay Robbie Barrat Juguauwdisii Obvious liiiasliiashnsoansnsuzau
ﬂ’jﬁﬂxgﬂﬂﬂﬁu (Hyperallergic, "Christie's Sells 'Al-Generated' Art for
$432,500 As Controversy Swirls Over Creators' Use of Copied Code") ‘luqmﬁl
Insnsendudevuiiudilu Obvious RuithmnemeadinAansnniotie
suaqwamsu']mswﬁsui"iﬁguéwm%mu — min G max D Ex[log(D(x))] +
Ez[log(1-D(G(2)))] — Wangun1sgeyide (loss function) ¥ed generator Ay
discriminator ¥iuthilunuaneile mwneiidutedatesdenalnvesiuies
unufiazifugusewus ausidnusaies

Every question this chapter has to ask is already sitting in that signature.
Whose work is it — Obvious's, for choosing the dataset and the frame and
the price? Barrat's, for writing the network that actually learned the
weights? The eighteenth- and nineteenth-century portraitists in WikiArt,
whose brushwork the model had statistically absorbed and recombined? Or
no one's, because a loss function has no hand at all? The builders of com-
puting have their own, older answer to a related question — not who made
a thing beautiful, but why beauty should matter to engineering at all — and
it is worth hearing their case before the critics take the stand.

° a4 Xy & 2 ¥ v X
nnAaununiidesnuiiegluateiduiuuad waduiiluvedlas — vag
Obvious LW zIEBNYATDYA NTOU UAZIIAT V4 Barrat tns1idumudeu
\A3RYIBTIFEUTANIIN (weight) 9399 YasRnsNIEIAA WIMTBUluARITTY
navuUauazduiinlu WikiArt NuUsvesninuIgnlunagaduLas nauKaIy

1 aa A 1 & 7 o = 1A ¥ Y
Tmineadia vseliuiluvedlasiay szisidunisgeydslilidonsudiuntey
HA31929N15ABNNIMBTHAIN UV NAINT1 sioAauing 1Teaiu —
lulalasvinlidamidsenau wivirluauanudsmsianununesaimnssuiag
— wazAsilstaldudedelineuntiniansalazdulvinis
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G. H. Hardy opened A Mathematician's Apology (1940) with a claim that
sounds like vanity and is actually an epistemic demand: "Beauty is the first
test: there is no permanent place in the world for ugly mathematics" (Hardy,
A Mathematician's Apology, 1940). Computing inherited the demand and
gave it teeth. Edsger Dijkstra's 1968 letter to Communications of the ACM,
"Go To Statement Considered Harmful," argued that unrestrained jumps in a
program's control flow make it impossible for a reader to hold a correctness
argument in mind — not merely ugly, but unverifiable, because a mind that
cannot trace a program's structure cannot check its proof. Donald Knuth,
who had begun the project in 1962, published the first volume of The Art of
Computer Programming that same year and has spent more than six dec-
ades still writing it, volume by volume, because for Knuth an algorithm's
elegance and its correctness were never two separate virtues to trade
against each other. In this tradition, beauty is not decoration applied after
the logic works. It is the condition under which a human being — not just a
compiler — can tell that the logic works at all.

G. H. Hardy 1Ua A Mathematician's Apology (1940) fredenanndnsinla
AWIHBUAMUNAIAILDY U399 LAIABUBITUNT AT I 104INe (epistemic) —
"anuuAsunmageudeusn Tanilifiinisansliiuadnmansfiunnaea”
("Beauty is the first test: there is no permanent place in the world for ugly
mathematics") (Hardy, A Mathematician's Apology, 1940) 29n15ABNNNDS
Sudeidundesiindunenudslansndulsiiu annunel 1968 ves Edsger
Dijkstra 18 Communications of the ACM Ld'il'a\‘l "Go To Statement Considered
Harmful” TEudeinasnselnadnudilsifidosninlu control flow vaslusunsy
vinliggudedeldudaiosanugnaodliluialaild — lildudunndon ud
aswaeuliilfia wngdaiilamulassairevesiusunsulild Aasunigad
voufdlaildiguiu Donald Knuth §iFulusiondifaudd 1962 fifuriduusn
484 The Art of Computer Programming ludlifignfutiu uazldinainiann
wmsim%auﬁueiavlméaaq Nazlay ns1zdImIU Knuth Auadaueeg
Fane3fiufuanugniesvesiuliineilunmusssuassatnsiideuantuas Tu
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Hubert Dreyfus thought the builders were solving the wrong problem en-
tirely. In a 1965 RAND paper commissioned to evaluate artificial intelligence
research and titled, pointedly, "Alchemy and Artificial Intelligence,’ he
argued that treating cognition as rule-governed symbol manipulation
missed what Heidegger and Merleau-Ponty had already shown about ordin-
ary human competence: skillful coping in a world — knowing how to finish a
sentence, cross a room, read a face — is holistic, embodied, and pre-theor-
etical, not decomposable into the explicit rules a program could follow
(RAND, Alchemy and Artificial Intelligence, P-3244, 1965). The expanded ar-
gument, What Computers Can't Do (1972), was met with outrage from the Al
community it targeted and quietly vindicated by a discipline that had not
yet been founded. Rodney Brooks's subsumption robots, described in "Ele-
phants Don't Play Chess" (1990), abandoned symbolic world-models entirely
for layered, reactive behaviors coupled directly to sensors and motors —
Brooks's own slogan, "the world is its own best model," is close enough to
Dreyfus's phenomenology that embodied robotics reads, in hindsight, like
Dreyfus's critique built rather than merely argued. Large language models
complicate the picture from the opposite direction: fluent, contextually apt
conversation produced by systems with no body, no world to cope in, and
nothing at stake in any outcome — an achievement Dreyfus's argument, on
its face, should not have permitted. Whether that is a refutation or a change
of subject remains open: fluent text is not obviously the same accomplish-
ment as skillful worldly coping, and defenders of the critique — including
Dreyfus's own later essay "Why Heideggerian Al Failed" (2007) — would say
the goalposts moved rather than the argument broke.

Hubert Dreyfus Aningasamdaudtamandeviamn Tuiue$ RAND U
1965 #l¢Funeunneliusaifiueisetyyiusziug uazateliesnsasla
31 "Alchemy and Artificial Intelligence" w1 lALE1INNITNBINITZAN
(cognition) ﬁflumi%’mmsé’agé’ﬂwniﬁgnﬁ’uﬁ’ué”mng WanAad Heidegger way

85


https://www.rand.org/pubs/papers/P3244.html
https://www.rand.org/pubs/papers/P3244.html

AESTHETICS & PHENOMENOLOGY

v v A Y '3
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Jun1siigalingnfesedakiaue ananivndilifendavulunaunuy
‘VjusJuﬁLLUU subsumption 84 Rodney Brooks f1uss&1e131u "Elephants Don't
Play Chess" (1990) fsuuudnasslanidsdayanuwall unevun wululdnginssy
wuuiugiug NnevauewiufiuaziiounsiiuuEesLasNaIABS LY — A
vTayuas Brooks 1847131 "TanAeuuuitassianaavasiaiues Indidesiu
U51n9n15043Me1ua Dreyfus 1INWaNiUEUALUULSI9 (embodied robotics)
tﬂl k4 L4 ¥ 1 b = Y a L3 ¥ g a 1
Wienadounduluudn avaruldmiioudaiansaluas Dreyfus gnasiaduass 1y
TouAgnlandald lunanwvunalugvinlinwdudauduainiianssdnu —
unaunNuIAaILAIAZIiAUUSUN Kanlaaszuunkitdsienie Tusilanlv
¥ v A 1 @ a U [ @ o @ v Y v
aessulie wazlidiezlsiluhuiulunadnslame — Wumnudnsandelauda
& a a 1% 1 v a X P v Y =
w843 Dreyfus Wianaiaiunaildmsazeyainlinanduld Lildunisindawse
3 a C . [ o a 14 P} 1 1 1 o &
wAadswindadinauludaiunte — deanunaaesuadililyanudusa
Wenfuegetaluiunissuliolanagnstitungy waskunUastadnsalil — sau
D9UNAINYANAIYD4 Dreyfus 1841384 "Why Heideggerian Al Failed" (2007) —
szvaninlmunegndie lulddelaudans

Heidegger's own later work supplies the vocabulary for what happened to
Barrat's code once it entered Obvious's pipeline. "The Question Concerning
Technology" (1954, developed from a 1949 Bremen lecture) argues that
modern technology's essence is a mode of revealing he calls Gestell, en-
framing: the world shows up not as something encountered on its own
terms but as standing-reserve (Bestand) — resource, on tap, awaiting further
ordering (Wikipedia, "Gestell"). Barrat's repository, released in the spirit of
open-source sharing, was absorbed by Obvious as exactly this: not an au-
thored work to be encountered and credited, but raw material on tap for a
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saleable print. This is also the moment this chapter owes its reader the fact
usually left out of Heidegger's aesthetics: he joined the Nazi Party on 1 May
1933, ten days after being elected Rector of Freiburg, delivered a rectoral
address endorsing the regime, and never fully accounted for either after-
ward. A philosopher who diagnosed the ordering of the world into mere re-
source is not thereby cleared of having served, at the one moment his insti-
tutional power was greatest, a regime that ordered human beings into
exactly that category.

o . <, Yo o oo v oA da X o I
NULANAIYDY Heidegger tauluglirmdnndmsudaninaduiulanues
Barrat \{83iuiU1dn5ruIUNITHENYDS Obvious "The Question Concerning
Technology" (1954 WaIu1aINN15US5889 Bremen Tudl 1949) Taudsinunu
wiveawmaluladadelnifeguuuunilavanisiameiiunsendi Gestell n15
Inn38U (enframing) — lanlilausingilugiusdmgnnuweniueulyves
£ 1 & v o v v . [ ]
sueg undu aasdrsesndould (standing-reserve) (Bestand) — nswensi
wioudne san1sdnsziluunaly (Wikipedia, "Gestell”) AinulAnvas Barrat 9
USRI IN Iy sy 1auvaeniIsuUstunuuleiwugesda gn Obvious gaduly
[J =1 1 Ay o e b4 a 1@
Junuuildzg — ldldwasnunddusenusdnisgnnusuazlinasin uaidu
TagAuRuindeudredmsuaununivgls 2dadugafiunifindedenanss
Auggundngnazlianngunieransuas Heidegger — lWULITIUNTIAUNT
Tuiuit 1 wguwanay 1933 utundslasuidaniduednnsuAves Freiburg na1n
gunsNALSUALMseSnsURNatuayussuauily wazlineaSuieiaans
sesilldegensudrulumenas dnUsveyriitdadenisdnssideulanlinaty
Dunaninensuu ldldwuinannsiuldssueuiidnssifouuyudlinans
Wumnenyuuuideanuds Tugrenanfisnsluaaduveswngedn

Andy Clark and David Chalmers's "The Extended Mind" (1998) offers, unex-
pectedly, the frame that ties the signature back to the hammer. Their parity
principle holds that a part of the world counts as part of a cognitive process
if it plays the role a part of the brain would play were the process run en-
tirely in the head — illustrated by Otto, their thought-experiment
Alzheimer's patient, whose notebook functions as his memory precisely be-
cause he consults it as unreflectively as a person consults recollection
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(Clark & Chalmers, "The Extended Mind," Analysis 58(1), 1998). That trans-
parency-in-use is close to Heidegger's earlier and more famous idea, from
Being and Time (1927): a hammer, skillfully wielded, withdraws from
attention and becomes ready-to-hand (zuhanden); only a broken hammer
becomes present-at-hand (vorhanden), a mere object demanding inspec-
tion. Elegant code disappears into a reader's understanding the same way;
Otto's notebook disappears into his remembering the same way; and a pro-
grammer pairing with a language model that completes half their key-
strokes is asking, in practice, exactly Otto's question — where does the
boundary of authorship sit once part of the work happens somewhere the
hand never touched. Obvious signed their canvas with an equation because,
whether they knew it or not, that was the one honest answer available: the
hand had already withdrawn.

"The Extended Mind" (1998) w83 Andy Clark w&ae David Chalmers Tinsoudi
Tinadnuneu fagnaeidutiundulumaeuld winanaanenia (parity
principle) vaswaIniw1dudiuindrunisveslantiu Li‘;luai'awﬁwmﬂszmumﬁ
Anld frfuduunumitdunilesanesgiaumnnszuaumstwiauegly
wanianun — uandliidfiusu Otto fthedalumeslunsnaasmisaudn
vaawani fayasufinimthiluanunssswoauidsg meseuinw
fulaglidosAanumu mioufinuauniisuinuanumsesivessaies (Clark
& Chalmers, "The Extended Mind," Analysis 58(1), 1998) anulusalalunis
1%'\ﬂuLLUU‘Ifu°lﬂé'LﬁmﬁU19LﬁaqﬂﬁawﬁﬂLLasﬁ%aLﬁmﬂdwm Heidegger 210
Being and Time (1927) — Aoufignldaiuegetunaozasuiaoonainany
aulouaznaneifiu wieuile (ready-to-hand) (zuhanden) fluddeuiivinwintud
nanellu Ussdndsiantin (present-at-hand) (vorhanden) }J'mqﬁ'i'ium‘l?l'
Zunfesnsnvaeu laafaineameluluanudlevesgsunuuieatu
ayatuiinves Otto melulunsnsveawiuuuiieatu uaglusunsuimesd
vanugiulunanniiduadalasnliesmishdmudsanuieiuues
Otto TunaUfiii — iuutsvesarudugusswusegnsdlmuiuu iedu
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=) a X Aaa 1 . & A = v
wilwesnuintuluniiieldmeunzias Obvious WudsuuAuknluvaawan
washeaun1s wszliiwnwieziivseli duRsinauntedndinemn

= dﬂld = ¥ v v
nauLRgINiey — lalanausioanlUudd

u

Connections - 1%aile

Chapter 04 supplies the deeper argument about symbols, minds, and the
Chinese Room that Dreyfus's critique runs alongside. Chapter 05 returns to
Barrat's code through Wittgenstein's rule-following problem — what a re-
pository "says" once someone else runs it. Chapter 13 continues the embod-
iment question through the grounding problem in learning machines.

unil 04 Wideldudfisnniniuieaiudydnuel 3n waziosdu (Chinese
Room) fid83a150iv04 Dreyfus Ssvunuludae unii 05 né’uvlﬂmiﬁmm
Barrat H1uleyninisvinnung (rule -following) ‘um Wittgenstein — Fifundls
"o oglsilefinuduiusiu unil 13 audedinuiFaanisiisn (embodiment)
rudguninisdales (groundmg)’Lumsawnmaug

Open questions - A1aundalnag

If elegance is a precondition for verifiability rather than decoration, does an
unreadable but provably correct proof — the kind machines increasingly
produce — count as beautiful in Hardy's sense, or has that criterion quietly
stopped applying? Was Dreyfus's critique refuted by fluent language mod-
els, or did fluency simply stop being the test that mattered? And once au-
thorship can be distributed across a dataset, a borrowed repository, a cur-
atorial choice, and a signature that is itself an equation, is "who made this"
still a question with one right answer?

aAuainuduteulvatmtiveanisnsiaaauls (verifiability) lula
w3esUszAu unigaunsuliosnusingauladngndes — wuuiiAIesdnswan
24 CVR = oA
panuUNTUIFeE Y — duiluanuanuluaunuieves Hardy wseli wie
4 2_’1 a ¥ 1 =) ¥ Y a L4 L4
wnanuuanldlaegadsus lUudn Ya3ansalvea Dreyfus gniinandlasluna
aMwifinanaesadmsell vieanurdswaauadniuunageufidrdeyly
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> =

& & v Y4 v & A < a A
weq uazllennudugusziusnszarseenlulavisyadoya Mnufinduduun

A a o [ 4 . . R Ao o <A
NLADNLBINEUNITNY (curatorial choice) LASANYLYUNANINULBINADANNTT

Tasvidedl” daduaunfidneugniesieswmiafeieguseld

Go deeper - 91ufia

— Donald Knuth, The Art of Computer Programming, Addison-Wesley, begun
1962, first volume published 1968 — the canonical case that correctness and
elegance were never two different virtues.

Donald Knuth, The Art of Computer Programming, Addison-Wesley, begun
1962, first volume published 1968 — N3AIAIBLE1NANTTIAINYNABINY
anuairnulirelunusssuaetedeiiuenainiu

— Hubert L. Dreyfus, "Alchemy and Artificial Intelligence,” RAND Corporation,
P-3244, 1965, read against Andy Clark & David J. Chalmers, "The Extended
Mind," Analysis 58(1), 1998 — the critique of disembodied cognition against
the theory that lets a notebook, or a network, count as part of a mind.

Hubert L. Dreyfus, "Alchemy and Artificial Intelligence," RAND Corporation,
P-3244, 1965, read against Andy Clark & David J. Chalmers, "The Extended
Mind," Analysis 58(1), 1998 — da313ain35AnwuUlisenie euiungu)
fveuliayatuiinuioindevievisiuudunisvesinléd

— Stanford Encyclopedia of Philosophy, "Martin Heidegger" — the standing
account of enframing, readiness-to-hand, and the biography neither can be
read apart from.

Stanford Encyclopedia of Philosophy, "Martin Heidegger" — Guin#énisos
A15IANTOU AMUNSBULD wazUseIRTINNNIADsaIena uaanaIniul

6
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CHAPTER 09

Computability

o v
asauala

This is the first hearing of Part II. Computation stops being the witness and takes the
examiner's chair — and its first question is aimed at itself: what does its own
founding limit actually prove?

%

HAan1sleaIuAsILsnveniA Il N1SANUIAENLTUNEIULAZIUTIADHINATULNY —

A
Ngaveylsle

U

wazArauusnvasiunudilafdues: Iadiaiidusingruveiuies
A3V?

What do the limits of computation prove about the limits of reason?

U

Yndrinvesmsauinngaeslsineriuiadrinveunnuna?

Two papers settled the same question six weeks apart in 1936, and neither
author had read the other's proof. Alonzo Church'’s "An Unsolvable Problem
of Elementary Number Theory" appeared on 15 April in the American Journ-
al of Mathematics (58: 345-363), showing by lambda-definability that no
algorithm decides the Entscheidungsproblem — the question, posed by Dav-
id Hilbert and Wilhelm Ackermann in Grundzige der theoretischen Logik
(1928), of whether a mechanical procedure could certify the validity of any
first-order sentence. Alan Turing's own paper, "On Computable Numbers,
with an Application to the Entscheidungsproblem,” was received by the Pro-
ceedings of the London Mathematical Society on 28 May — and reached the
identical negative answer by an entirely different route: a human clerk
idealized down to a paper tape, a finite set of states, and a table of instruc-
tions. Turing, disappointed to learn he had been beaten to publication, ad-
ded an appendix proving that his machines and Church's lambda-definable
functions compute exactly the same class of functions. Two definitions of
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"mechanical,’ invented independently, turned out to coincide exactly. That
coincidence is the whole of the evidence for what is now called the
Church-Turing thesis, and evidence is not the same thing as proof.

ansudfenaudanuisiiuiefuuanndunilud 1936 Tnsfigideuusdas
auliinguunngauvesdniie unAU "An Unsolvable Problem of
Elementary Number Theory" 484 Alonzo Church fifuswiufl 15 wwneu Tu
American Journal of Mathematics (58: 345-363) Lan4K1U lambda-
definability 1laifidana3iulanndu Entscheidungsproblem (Jayninsanau
Ta) e — @10t David Hilbert wag Wilhelm Ackermann @al5Tlu Grundzlge
der theoretischen Logik (1928) ’Jlﬂﬁﬂ'iz‘U’J‘Llﬂ’ﬁL%ﬂﬂavl,ﬂﬁ%JUiaﬂﬂ’J'lﬁJﬁuL‘Viﬁ]
aunaveUszloaduiunil (first-order sentence) Tnq Tduseld unanuves
Alan Turing t@4 "On Computable Numbers, with an Application to the
Entscheidungsproblem” Qﬂ%JUIﬂEI Proceedings of the London Mathematical
Society Jufl 28 waun1au — waglufsrneuldiaunuuiiieaiugieduniad
snseenlulneduds: Laﬁauquéﬁgﬂqﬂmaaamﬁatﬁmmﬂﬂszmw Y
anugsinyanils uagm139ends Turing SAnfaniafifindesgniifiasiuss
wih SaiunAnuInigatiinaiesuaaufuilaidu lambda-definable 484

v
=

Church Aurianduratafenules denuvad "Beanaln” @aswuu NAnT

=

weniulnedase naunsaiunefuned AuTLByUUABNANgIUNIRUATA
dwmsudandagiuisenintens Church-Turing (Church-Turing thesis) wag
nanguldlvddaneaiuiuunigal

It cannot be a theorem, because "effectively calculable" was never a formal
term before Turing formalized it — you cannot prove an identity between
something precise and something that, until that moment, was only an intu-
ition. What Turing actually did was analyze, by exhaustion, everything a
human "computer” — a person following fixed instructions with pencil and
paper — could do: read a symbol, change an internal state, write a symbol,
shift attention. Every rival formalism proposed since — Godel-Herbrand's
general recursive functions, Emil Post's production systems, register ma-
chines — has been proven equivalent to Turing's, and Stephen Kleene, who
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named the conjecture "Church's Thesis" in 1943, treated that convergence
as inductive support rather than deductive closure. So the thesis sits in a
category Hilbert's program never anticipated: not quite mathematics, not
quite empirical science, held up by the fact that everyone who has tried to
break it has instead confirmed it.

fudunguiiunldld ey "Aunaldedndiuss@nsua” (effectively
calculable) luitnaiduienudeguilunneui Turing azvinliiuduguily —
wngataMUA ST uiugvadiouiwmeuiudaduud

deyvmeynaulailel 9 Turing vina34q Avdiasziwuulaliasuynnsalinuywd
&

AU "computer" — AuNYIIINAIFIERIRIBRUdRNUATEAY — Vinezlsla

b.

4 1

{e: srudnydnual Gsuanuzansly 1 eudydnual droauaule yn
woiiadasl (formalism) gudsiiiauauausiiu — Hefdudsutadaly
(general recursive functions) U84 Godel-Herbrand, 5Uun150&n
(production systems) 984 Emil Post, \ARa3danes (register machines) —
Fugnigatindriniisurinfuues Turing uag Stephen Kleene Fisdiationn
n15afiian "Church's Thesis" T 1943 serinsgidniutudunandngiu
aduayuiBeguits lildn1sUndudisds demilsseglunnanyilasins
w84 Hilbert liwnsarndnunneu: lalldadnmansiouda ldldinerdanside
Usdnsisiudh ueglddhedeiinseiiimnauiinenenuindreiunduiusu
Tuunu

That instability is itself philosophically productive, because the method
Turing used to reach it — diagonalization, turning a system's own ma-
chinery against itself — outgrew the theorem it built. Cantor used it in 1891
to show no list of real numbers can be complete; Godel adapted it in 1931 to
build an arithmetical sentence that asserts its own unprovability; Turing
adapted it again to show no algorithm can decide, for an arbitrary program,
whether it halts — feed a hypothetical halting-decider its own description
and a contradiction falls out in one line. The same skeleton reappears in
Tarski's proof that no sufficiently rich language can define its own truth
predicate, and in Frederic Fitch's 1963 paradox of knowability. Diagonaliza-
tion stopped being a mathematician's trick around the middle of the twenti-
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eth century and became philosophy's standard proof that a system cannot
fully turn its lights on itself — the argument form this book's own
courtroom spine depends on.

anuliiffupsiuesndulinananBuSven wsng3an Turing Tl et —
n1sVLeeY (diagonalization) Aanisiunalnvesszuvunlaufidiues — v
TniAunimguiuniifuasretuunifiedn Cantor Tuludl 1891 ilenansinlal
fisnonssiurusidlaasudnld Godel dauvasiulull 1931 ineasreuselon
invndnfisuduauigalildvesiaiuies Turing daulasiudnaduie
wansilisidanasiulasnduleyinisugn (halting problem) 16 dwsu
TWsunsulamuazvenliladnduezugarinaunseld — Jeudidindu halting
problem @uuARI8A185UNEVDIRTULEY uAANUTALSR IndaanuN Y
ussTiaien Tasaifeafuiusingiluuniigaves Tarski filifinwnla
AUYIINDALUYIUAIAKAAIAIINDSA (truth predicate) vassatiuiadl uaglu
Uﬁwiiﬁﬁmmﬂﬁ (paradox of knowability) w84 Frederic Fitch U 1963
diagonalization laniduudnalinvesinadamanisnansamssui 20 ué
ﬂmﬂLﬁuuwﬂgaﬁmmgmmmU%’munﬁ'i'ﬁzuwﬁaL?Jﬂ”leimQﬁ'JLaﬂﬁﬁ"'s
savualally — sUuuuteldudsiununansiesiansanafivesnisdeiauiiios
RN

e,

It is also the argument form behind the most publicized claim in this territ-
ory. J. R. Lucas told the Oxford Philosophical Society in 1959, and then
argued in print in "Minds, Machines and Godel" (Philosophy 36, 1961: 112-
127), that Godel's theorem refutes mechanism: for any consistent formal
system F strong enough to encode arithmetic, Godel's construction yields a
true sentence F cannot prove, yet a human reasoner, standing outside F and
reflecting on it, can see that the sentence is true — so no single formal
system captures everything a mind can know, and minds are therefore not
machines. Roger Penrose revived the argument at greater length in The
Emperor's New Mind (1989) and defended a reinforced version in Shadows of
the Mind (1994). The standard reply, developed across decades of responses
from Paul Benacerraf onward, is that the argument smuggles in exactly the
certainty Godel's second incompleteness theorem forbids: to "see" that the
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Godel sentence for F is true, the reasoner must already know F is consist-
ent, and no consistent system — human or mechanical — can prove its own
consistency from within. The argument also assumes a human mind is well
modeled as one single, fixed, consistent formal system in the first place,
which nothing here establishes. Computation, examining this claim on its
own witness stand, cannot certify it; but philosophy answers back here too,
because the machine's own founding thesis has the identical shape of un-
provable self-trust — the Church-Turing thesis cannot certify its own do-
main without appealing to an intuition about "mechanical" that no formal-
ism proves, any more than the human reasoner can certify F's consistency
from inside F.

daduguuuuteldududetuiiogidemastandndrilldedaiiaalu
mm’lwm‘I‘jJ. R. Lucas ‘W”ﬂﬁiawﬁ'] Oxford Philosophical Society 1utl 1959 1a2
Weuldudaduarednwaldnwslu "Minds, Machines and Gédel" (Philosophy
36, 1961: 112-127) Tmguijunuss Godel indaenalnfisu (mechanism):
dwiduszuugUtie F fiaumnaunalag iudausweszdrsiaavadald n1s
a¥19904 Godel Tiusglomaieusgloandad F igavilld uwidlimamadiiu
uyud Febuatjuen F uaglninsouiu nduiiuldinselontuade — azdulaid
seuugUiivszuuidealadunndeitnglénanun uazdnddlaleinsesdng Roger
Penrose Setludaldudiilionaulu The Emperor's New Mind (1989) iag
Uniosnestuiindeuseiulu Shadows of the Mind (1994) Fneuldunsgiu
fausuMatenAssvIaIN1snouTETURUS Paul Benacerraf luguan
fetelfudiluevaenldmuuineunuuisaiuiinguiunauliauysaide
fia0ees Godel suliwad: ez "iu' 1Uszlen Godel dwidu Fifluase ff
Thnanadesdedioundaii F auvgauna uaglifissuufiaumaauna — laid
uyudviielnsesing — Agatanuanmsaukavessaiuesnaeluld 4o
Tudsiissaunigeindnuyudgnineddmlugugssuuguiloniaien
AR AVHALNA RIS FalaiflerlsluiidtusuFosiu maduanm e
asvdeUTenassinitieuvesiaiuies Fusewiulaily uiuSveyni
neuldndunssiltuiu inneteminenmwouaiosdnsiosiisunsafivatuiu
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anulilamesnigalula — Church-Turing thesis US98 UL URVDIR U

Y
]
v a

wililalnelaiondedyvineranieaiu "WWanaln" Mlifinesdadadlangaula

o o

9 9 q

lussanglimaranywdsusasnnuanmnaunaved F aanaielu F Lila

Turing knew his own thesis had an edge, because he drew it himself. His
1939 Princeton doctoral thesis, "Systems of Logic Based on Ordinals," intro-
duced oracle machines: Turing machines equipped with a black-box oracle
answering questions no Turing machine could resolve unaided. B. Jack
Copeland and Diane Proudfoot later named the research program built on
that opening "hypercomputation,’ and Copeland has argued that exotic
physical setups — closed timelike curves, or the infinite-proper-time com-
putations permitted in a Malament-Hogarth spacetime — might in principle
realize an oracle. The honest objection is the verification problem: even if
such a device were built, nothing from outside could ever confirm it had
computed a genuinely non-Turing-computable function rather than an ex-
tremely large Turing-computable one. Here physics, not logic, casts the de-
ciding vote on whether the thesis bounds all possible computation or only
computation as our universe happens to permit it.

Turing losRgidedsvasiuesiivevey inngiwnduaudniuies Inedinus
U“iiymv%aﬂﬁ' Princeton U 1939 w311 "Systems of Logic Based on Ordinals"
w1 1AS1005 1A (oracle machine): 1A3peVI3sTiRAGIESIARNGBIAT]
noufaudunsessuazadlafnautadlylld B. Jack Copeland uaz Diane
Proudfoot Redielasanisiteiiasatuarngaisuiulumendsitlaesaey
Radf (hypercomputation) wae Copeland Tdudsinlassadamailanad
wUanusznann — closed timelike curve #59N1SANUIUILUY infinite-proper-
time fin1a@n1ALUY Malament-Hogarth iUan19l — enansewinessida
I5a3dlundnnis Yedaduiinsslunsandetymmsnsiaeudusy
(verification problem): sielia¥1sgunsaluuuiiutuanldase fliifierlsan
meuendudulfiasiniusunniaddui non-Turing-computable uiie Ll
e Turing-computable usluajTnaluisviniu aseiiiang laily
nssnanans [udasnzuuudnduindadeiaseunqunisdunnidululy
e WioATOUARNLANITAILIMYITBNANYBTLHB YRl
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Godel himself licensed far less than his popularizers claim. In his 1951 Gibbs
Lecture he stated a disjunction and stopped there: either the human mind
is not equivalent to any finite machine, or there exist mathematical prob-
lems absolutely undecidable by any means — or both — but he refused to
say which, remaining a mathematical Platonist who suspected the first dis-
junct without ever asserting he had proved it. What Godel proved is a limit
inside formal systems; what Lucas, Penrose, and a century of secondary lit-
erature have drawn from it is a conclusion about minds that the theorem
itself never reaches.

Godel tosayaynlitpsniNALNELWINAUYBUUIT1UNIN Tun15UsTNY
Gibbs Lecture U 1951 w1szywaulanuu "w3e" (disjunction) Liudvenag
asei: lindnuyedazliiisuminduieiasdinsdrinlag uiaileyminig

a s o MY & v a = ] 1 1
aalnransnsnaulilinavinlidinfieisle — wiensaeseds — uswn
Ufjiasfiazuanindelvu dsnadutdnnalnfieuneadnmansnasdodibon
wsnlngliimeduduinnungaidiulauds 899 Godel WganAadadrinnelu
5eUUFUNY d3uF39 Lucas, Penrose LazI35NITUTRINARANTNAAITIYA

U = ¥ dl U a dl U = 1 =

sanunduAedeaguineafuiaidmguunedddrgluia

Connections - 1%a3la4

Chapter 00 named 1936 as the moment the machine fell out of a philosoph-
ical proof; this chapter returns to ask what that moment actually licenses.
Chapter 01 owns Godel and Curry-Howard as logic's shared inheritance.
Chapter 04 owns the question the Lucas-Penrose argument tries to settle
from outside — whether the mind is what the brain computes. Chapter 10
tightens "in principle" into a measurable resource. Chapter 12 shows what
proof assistants do with incompleteness once it is treated as an engineering
constraint rather than a philosophical verdict.

Ui 00 5ant 1936 11ABYINIATEITNTNEUDBNUIINUNNAUTIUS VYN
t:’l’ﬂ/ Y] 1 1 g.’/ Y a dl I3 %4
unildounauliauingaaraiuueyyineslsliasee) uni 01 1Wwdves
Godel uaz Curry-Howard lugtuzusansiuvesnssnanans undi 04 1u
LANVIANANUNVDLALEIVD Lucas—Penrose Wa8INARAUAINAEUBN — I
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Open questions - A1auigalnag

Is the Church-Turing thesis falsifiable — and would a working hypercom-
puter refute it, or merely relocate the boundary it draws? Does Godel's 1951
disjunction ever get resolved, or does it stay open the way the thesis itself
does? And if minds turn out to be Turing-equivalent, does that settle func-
tionalism, or only computability — a question this chapter can raise but not
answer.

Church-Turing thesis ﬁgﬁlﬁLﬁﬂﬁ (falsifiable) #3013 — wazadl
hypercomputer Nl43ulAase siuaziinda1etonsil wssuadraduveuiuinll
Wihiw? Weuluwuu "w3e" ves Godel Tull 1951 npgnaanaigluu wsading

a v A Aov v & U a v ' Y a @ a o .
\WaAnamilaunfiteniasdulnangey? wasdndnnateidudei Turing-
equivalent 954 HulzeRvanningwTaInNlen (functionalism) N3aefuA
sosnsauiallavintu — aanununianslausneulaila
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— B. Jack Copeland, Carl J. Posy, and Oron Shagrir, eds., Computability: Turing,
Godel, Church, and Beyond (Cambridge, MA: MIT Press, 2013).

B. Jack Copeland, Carl J. Posy, and Oron Shagrir, eds., Computability:
Turing, Godel, Church, and Beyond (Cambridge, MA: MIT Press, 2013).

— Alonzo Church, "An Unsolvable Problem of Elementary Number Theory,'
American Journal of Mathematics 58 (1936): 345-363; Alan Turing, "On Com-
putable Numbers, with an Application to the Entscheidungsproblem," Pro-
ceedings of the London Mathematical Society, ser. 2, 42 (1936-37): 230-265,
received 28 May 1936 — doi.org /10.1112 /plms /s2-42.1.230.
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COMPLEXITY

CHAPTER 10

Complexity

AMULTULDU

Second hearing of Part II. Chapter 09 asked what computation can do at all; this one
asks what it can do before the universe runs out of patience — and whether that
second question is merely practical or cuts as deep as any distinction philosophy has
drawn.

AsleaiuAsaNaaIvaania Il uni 09 arudnnisaudvineslslavnslundnnis unil
auntiuvineslslanauiienanasnunAILBANY — LagAaNNADIIULALS DT
UUR w3ednwe dudeuusuenlas NUsseynaediali

Is "possible in principle but not in practice" a metaphysical category?

"Jululalundnnsudlidululdluneujod Wununangidseiviveymse
Tai?

In May 1971, at the third ACM Symposium on Theory of Computing, Stephen
Cook presented "The Complexity of Theorem-Proving Procedures," proving
that Boolean satisfiability — given a formula, does some assignment of true/
false to its variables make it true? — has a peculiar property: every problem
whose proposed solutions can be checked quickly reduces to it. Two years
later, cut off from Western journals, Leonid Levin proved the identical the-
orem in the Soviet Union without having seen Cook's paper — a second in-
dependent convergence on the same result, the same shape as Church and
Turing thirty-five years earlier. Richard Karp's 1972 paper "Reducibility
Among Combinatorial Problems" then showed that twenty-one familiar
hard problems — the travelling salesman, graph coloring, clique — are all
satisfiability in disguise. Cook, Levin, and Karp had located a single fault
line: P, the class of problems solvable quickly, against NP, the class whose
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solutions can be checked quickly once found. Whether P equals NP is the
most consequential open question in mathematics, and almost every expert
believes the answer is no.

Laaquwmﬂu 1971 Tusu ACM Symposium on Theory of Computing AT
@13 Stephen Cook Ut@ua "The Complexity of Theorem-Proving
Procedures" Wga1131 Boolean satisfiability — Auungnsnssneunilagns I

o 1 a < Y Y = A o 4 & I a =
N1sAUAAIRY/ANalRIwUsYe iUk lawuunilaniniansuuluasvse
141? — fnuandfuserainegnmils: yalymnAnauiiausin

[ 1 < v < 2 v & =

aunsansivaeulieging duanguundulaymitlanmun aaelseun
Leonid Levin F4gniinuinaininsaisngiunn wgaungugunbeanuilzlu
annladenlaglipeiiuunanuves Cook 1nneu — nsgidimiulag
a gj dl 1 [ o o a L4 . dl a
dasyasaaesduaansiAgaiu UnsuAeaiu Church wag Turing Weaudy
M UNDUNINUY UNAIUYBY Richard Karp U 1972 1584 "Reducibility Among
Combinatorial Problems" antuuansinleymieiniiauag 21 Jeynn —
WHAUVIBLAUN (travelling salesman), n1sszune@nsIn, ada (clique) —
audu satisfiability fiuAuuassnaun Cook, Levin uag Karp 55ysasugniiien
16 P fomanavestlymiiuilasgnesas suiiu NP Aepanaiidineuwes
) ¥ & & v @ o A o A da
Sunsrasuldegresnisaiionasuan P windu NP wsslifeAiaulaiil
NadziauNINgAlUANAAIENS LaZHITEIY Y UNUNAUTaIAnaUAS 4

[

INU

Scott Aaronson's 2011 manifesto "Why Philosophers Should Care About
Computational Complexity" argues that this is not a technicality philosophy
can set aside as an engineering detail. Classical epistemic logic assumes an
agent who believes all the logical consequences of what she believes — lo-
gical omniscience — and treats the assumption as an idealization, the way
physics idealizes frictionless planes. Complexity theory shows it is not an
idealization but an impossibility: for many ordinary beliefs, deriving every
consequence would outlast the universe even granted every computer hu-
manity could ever build. Aaronson extends the same lens to Hume's prob-
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lem of induction, to Newcomb's problem, and to economic rationality — in
each case, a puzzle that looked purely conceptual turns out to have a
computational skeleton nobody had priced in.

woasn1sait 2011 ves Scott Aaronson 1384 "Why Philosophers Should Care
About Computational Complexity” Tgugeinitldlaseaziduamamaiadi
Uswaaelasisluifuisodimnssuld nssnenansideayial (epistemic logic)
wuaaadnauuRidgnseiiidelunaiuidondmssneiaunvaieion
o — museuiBamssng (logical omniscience) — wazwosdoauuAiiu
9auAf wulinafuiiidndgauafissurulusadeaniu ngufianududeu
wansigiulilvgauaduddululaildiae: dmsuaruidesssundaumn
nseyuuNaiuliieandestldinauuiuengionaw delienaouiumesvn
\nsesiiuywerRiasaialdnliiaunfinia Aaronson veneyuseuieaiuil
TudsUayninsguileuas Hume Jsyniuas Newcomb waginsaids
wsugenans — Tuusiaznsdl Usaundiguisiowduudizeadeluiimidoug
nduilasadeinnudousginduiiliflasaeiisiailieu

The clearest case of that skeleton is what P vs NP says about creativity.
Checking a completed Sudoku, or a proposed mathematical proof, takes a
fixed, modest amount of work regardless of how the answer was found;
searching the space of all possible arrangements or all possible proofs is —
if P # NP — exponentially harder in the worst case, no matter how cleverly
the search is organized. A mathematician's flash of insight, the moment a
proof strategy presents itself, may be doing something no systematic al-
gorithm can replace: recognizing is cheap, finding is not, and the distance
between them is precisely what complexity theory measures. Chess sup-
plies an older, purer instance of the same gap. Ernst Zermelo proved in 1913
that chess is determined — one of "White forces a win," "Black forces a win,'
or "both force at worst a draw" is simply true, since the game tree is finite.

Nobody knows which, because "finite" and "searchable" are different claims;
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the game tree is too large for exhaustive analysis by any device anyone ex-
pects to build. "Solved in principle" and "true" turn out to be much further
apart than either word suggests.

ado o Ja & A a4 o a 1% I
nsfintangaveslaseilfadeil P vs NP uanifigdfiuaumAnasneassa nns
nsvaeuglaniuEsILE Wsauniigaunwadinatansiaueun Tduseau

o

AsduanlivnliddnAmeutugnuunlaedials usnisdunmludsglivesnis
=

Fogaiidululiimun ioungaiidululdianun — &1 P = NP — azen
Fuuuuenida (exponentially) Tunsdiaairefign lidraedasaidountsdum
Tﬁ’aa'mlmvlwuﬁmu Uszmeaudnlavesiinadamans drananiinagnsnis
wmuwmumm onadnindsilifisanesfiudeszuulaunudls: msm”l,m
ngnifugnnin memifuedulignn wazssesesewinastdiinodei
ngufianududouiawed mnnsnlishediidudniuaguannicves
foriadsaiuil Emst Zermelo wgailull 1913 Fmnngngniuuanaliudy
(determined) — nildluando "snatisdulvivuglé "dnisdulvivugld wie
"aesdhededulFedaiiosiigaraiaue” Wuaivotrautiueu msedulding
(game tree) vasiiusain Lifllasfindoluu sz "diar fu "dunldide
Hudendnidreauagiesiu dulfinulvajiduninasinseilinsuynnsdild
drwgunsailag Alasagaanisliadretuanls "usldlundnans” fu a3e ndu

WsfunnnIneInsaasuanidutiy1iuan

Herbert Simon anticipated the gap from the other direction, decades before
complexity theory could measure it. His Administrative Behavior (1947) and
"A Behavioral Model of Rational Choice" (Quarterly Journal of Economics 69,
1955: 99-118) replaced the classical agent — who surveys every option and
every consequence before choosing the best — with a satisficer, who stops
at the first option clearing a "good enough" threshold. Simon meant this as
psychology, a description of how managers and shoppers actually decide;
complexity theory later gave it a floor that is not psychological at all. Any
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agent operating under a real time budget — human, corporation, or al-
gorithm — is a bounded-rational agent as a matter of physical necessity,
whether or not it wants to be.

Herbert Simon Aan1saitesinsiliandniiamanils naneverssuneuii
naeijanududousziniiuld wilsde Administrative Behavior (1947) uaz
UnAId "A Behavioral Model of Rational Choice" (Quarterly Journal of
Economics 69, 1955: 99-118) v unuiifjnsgyiuuuaanadn — garsaasa
Fonuazuadnsnndeneudendaiinign — degnsevinuuy satisficing (s
wolaudna) grgaidadonusniiniunas "fne" Simon adlalitiludainen
ﬁaﬁﬂa%madﬁpﬁﬁﬂmmazﬂu%awmﬁﬂau"f,a}ﬁuﬁa6'] 981315 NgufAN
FudoulunandeulinulituddailviFesinineas gnseilafnuiivhau
melAsunanads — lddnsduuyed usen wedaneiiiu — arudugnseiin
fifimawadivauiun (bounded rationality) Tnsanusndunianienin laidrey
Fosmaifuuuutunielifnny

The same fault line, treated as a resource rather than an obstacle, built
modern cryptography. Whitfield Diffie and Martin Hellman's "New
Directions in Cryptography" (IEEE Transactions on Information Theory 22,
1976: 644-654) proposed that a "trapdoor one-way function" — easy to com-
pute forward, computationally infeasible to invert without a secret key —
could let two strangers agree on a shared secret over an open channel,
though the paper offered no working example. RSA supplied one soon after:
multiplying two three-hundred-digit primes takes a processor milliseconds;
factoring the product back into its primes is believed, by every known
method, to take longer than the universe has existed. Every padlock icon in
a browser rests not on a proof but on an unproven complexity conjecture —
one-way functions are, quite literally, the applied physics of keeping a
secret.

a [ c’l’ d'l I3 [ d' I3 o k%
FVYLLYNLAYINUU LﬂJE]QﬂﬁJ?NL‘lJuVIiWEJ’]ﬂ'iLLVIu‘VI‘s]3[»‘1.]14@1]%‘155?1 NAUAIN
Ingnsiinsiaadeluddunn unaau "New Directions in Cryptography” ve4
Whitfield Diffie wag Martin Hellman (IEEE Transactions on Information
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Theory 22, 1976: 644-654) L@uain ﬁdﬁﬁuﬂiz@ﬂam’mam (trapdoor one-
way function) — Aualudnamiindie usnndunaulaglifinyuaduunuidu
TUllalwgerunn — dagvilieuudannitaesspunnasauausiuiule
Hutewada ulidunanuey lifidhegneiildmuldaiuausliinm T
w&39n1t RSA Alishegnan: msgasuawzanuiesndnassiildion
TWswawesuaTadiundl drunsuendruszneunagunauluduiuaniy
i iWefuindaeisnsinnnis erldnaunitoguesenawdedn lenou
winguuannSuvuuM iwesnseguuteranisalifennududeuiissigalsl

a <

16 Lailyunivgan — Hendumiadien (one-way function) Aeil@nduszenaves
AMSAUANLAU AuAMUMINEAsIR ATz

Complexity theory's strangest offspring reworks what a proof even is. Shafi
Goldwasser, Silvio Micali, and Charles Rackoff's "The Knowledge Complexity
of Interactive Proof-Systems" (17th ACM Symposium on Theory of
Computing, Providence, 1985; full version, SIAM Journal on Computing 18,
1989: 186-208) showed that a prover can convince a verifier a statement is
true — "these two graphs are isomorphic," "I know the password" — through
an interactive back-and-forth whose transcript, read afterward by anyone
who wasn't part of the exchange, proves nothing at all. The evidential force
lives entirely in the live interrogation and its shrinking probability of letting
a cheat through, not in a static object anyone can inspect later. That breaks
with every proof from Euclid onward, where a proof is a fixed thing you
hand someone and they check alone; here philosophy has grounds to object
that computation has redefined "proof” to mean something merely statistic-
al, and complexity theory's honest answer is that the older picture of cer-
tainty was never available at scale in the first place — chapter 12 finishes
that argument.

dl dl = U ¥ = U = a o 1 n
aﬂ‘VILLUaﬂUizVia"lﬂV]ﬁﬂﬂJ?NV]@]U{]ﬂ’J"IﬁJ‘UU%@UﬂEJZJUL‘UEJUUEJ"IN‘U@QW’I'J"I un

Y Q
a L4

Wgau" b‘[,mi‘l?lg\muﬂ UnA1U "The Knowledge Complexity of Interactive Proof-
Systems" U84 Shafi Goldwasser, Silvio Micali k&g Charles Rackoff (17th ACM
Symposium on Theory of Computing, Providence, 1985; avuaulu SIAM

Journal on Computing 18, 1989: 186-208) w@n431ENaa (prover) @11150
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Tiutiagnsieaeu (verifier) Wiidiadndeanumiladuaisld — "nsassduil
isomorphic " "dudsiaeinu” — irunislanauluuinuuan nduiin
unaunuveiu mngneudeunalaglasnamuilildeglunisuaniUasuniu
szigavezlshildiay dmdndmangrunmuneginsdnauan (live
interrogation) Laganuuazuianasess vesnsuasslviaulnsaencinu
e luldegningisnlasaznsiaaeudoundala tuwaninduunigainniu
v & 1 . [ b4 a a A o o ad ) 14

Husaust Euclid susiuun nunigadfedsmeadingulilasauniaaiien
MFIVADULDINIUEING RseluSvardianaszAanauladnnsAuanten "un
a “u 2 < 1 a aa o = a
wgaul" Tnadllinaneiduualiontaada uazAnauiinsalunsaunvemgufany
Fudouranmanuntueukuuinuulireiiogasdusyaulvaausdusneag
wa7 — uni 12 azUavelaudaillnau

Whether "possible in principle but not in practice" earns the name meta-
physical depends on whether the boundary is fixed or merely historical.
Worst-case complexity classes are mathematical facts, but real instances
are not always worst cases: practical SAT solvers now settle satisfiability
questions with millions of variables that theory calls intractable, because
most real formulas are far from the adversarial examples the proofs are
built on. The gap between "P # NP" and "this particular problem, today, on
this hardware, is out of reach" is where sociology and engineering quietly
do the work that pure complexity theory cannot yet certify.

Hululdlundnnsualiidululdlumajie azauanslddoindumnanany
\Beeiusuymdeli usdfuindureutuneivieduudFouds
Usg¥imans aanannududou (complexity class) wuunsiiarredigaiu
Forarsmendinaans uddegnsosdlildfunsdim$eiianansly: daud
SAT \sufoRTutagsuuAdanu satisfiability AidFauusidudiuale s
ngufsenduiuilalalunisufus (intractable) iwsnzansassaulugving
Tnavrniaegnaufjilng (adversarial examples) fiunfigavinaniiuadiatuan
UUFIUVDIIIU ¥8931952n 309 "P = NP" fiu "Hayvdeillasiawe Tuil vu
g1iauasil eguenigew” Aegaiidiauineuazimnssudeus vhauiingu]
AugdudauaIue de5useslila
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Connections - 1%aule

Chapter 09 established what computation can do at all; this chapter meas-
ures what it can do inside a clock. Chapter 03 asked whether machine testi-
mony counts as knowledge; interactive proof is that question with a prob-
ability attached. Chapter 06 meets the same impossibility-result shape in
algorithmic fairness. Chapter 11 takes up Kolmogorov complexity, the cousin
of computational complexity that measures description length rather than
running time.

unii 09 MesngIuIInsAIaerlsldtdlundnnis uniisintuhels
Ignelunaniifisria und 03 anardidlimsveaasesdnsiuduauiuie
"la] interactive proof Asanuieafuufinanazdudtluge unil 06
L«'\]agﬂquwaé’wémmL*fJu"l'iJvlaﬂé'LLUULﬁmﬁuﬁiumﬂmﬂuﬁssuL%ﬂé’ﬁﬂ@%ﬁu
(algorithmic fairess) Uit 11 $ugassiodas Kolmogorov complexity ATMIGRIN
aududoudeinnaitaanusnmesusunudiazTanailunisiu

Open questions - A1aundanag

If P vs NP were resolved tomorrow, would it settle a metaphysical question
or only a mathematical one? Does the gap between worst-case hardness
and real-world tractability mean complexity classes describe the world, or
only the adversaries mathematicians have chosen to imagine? And if
bounded rationality is a physical necessity for any agent, what is left of the
classical picture of a fully rational ideal observer that philosophy built its
theories of knowledge and choice around?

1 P vs NP gnadnanenieil duasgffn1uidaenusan n3auaf1aiugs
ANIAFANAASYITUUL? YO9INTENTNAMNBINKUUNSAIAITINaARUAINLAL
a5slulanass mneanuirataaududeussuislanaie vseurasuiy
UfUnuitinadiaaansiaonIuauin1sTuNIInuL? uasduanadveuLun

. . [J o & o v Y o <@
(bounded rationality) UuAMuTRTunIImanwdmsugnseiinlagg Anu
wideezlsaginanameaaadnvesddunanisallugauadnfimanaiiu ey

FaUFvy a1 MU ANFUALNISIEENVDIRBITUNIINATWLL?
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INFORMATION

CHAPTER 11

Information

da19duine

Third hearing of Part II. Chapters 09 and 10 measured what computation can do and
how long it takes; this one asks what computation actually moves when it runs at all
— and whether that thing is the whole world, or a very useful abstraction from it.

AsleauasanaIuvasnIa [l uni 09 wag 10 Aadnsarurineslsladnanagldnan

wuualuy unilnnuinnsawannieusslsase Wesiuriinu — uazdsiuAelannslu
= < 1 . Ao L4 A o

nsaLJuwnA abstraction NiUsEleviNNRannoanu1aInlan

Is information the stuff the world is made of?

A a o v X o A ,
ﬁ’]iﬁuL‘I/lﬂﬂE)?N‘VIIaﬂQﬂﬁi’]d‘lluuﬁf\]']ﬂuu%ia‘lu?

Claude Shannon opened "A Mathematical Theory of Communication" in the
Bell System Technical Journal in July and October 1948 with a sentence that
would outlive the telephone-switching problem it was written to solve:
"Frequently the messages have meaning; that is, they refer to or are correl-
ated according to some system with certain physical or conceptual entities.
These semantic aspects of communication are irrelevant to the engineering
problem."” Chapter 00 quoted the line to mark computing's original forget-
ting; this chapter audits what the bracket actually bought, and what it cost.
What Shannon needed was a way to quantify how much a signal could be
compressed and how reliably it could survive noise, regardless of what it
was about — and his measure, entropy, H = -Xp log p, does exactly that. A
page of Shakespeare and a page of the same length generated by a fair coin
flip can carry identical Shannon information if their symbol frequencies
match, because the quantity is about surprise, not significance. The bracket
was honest and correct for the problem in front of him. It has been treated
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as a metaphysics ever since — a discipline that can measure information
without asking what it is of eventually builds systems it can quantify and
cannot interpret, and that gap is this chapter's subject.

Claude Shannon tUaunA1u "A Mathematical Theory of Communication” Tu
Bell System Technical Journal ¥3aiauNsNYIANLATAAIAN 1948 A

!
1 =)

Useleanazaggitugaiunindayminisaduangnsdnnndugnideuiunine

wA: "UeAsIdonNuilAINNIY TuAe SustaIelnuduNLSAUEINY
DHATINNNIUAMNUTONNUTUVIANUNTEUU WILUTIAUNUY (semantic)
méwﬁﬂuaqmiﬁam{lajLﬁ'm%aaﬁuﬂzymL%ﬁmﬂsiu" unit 00 $reuszlentl
INeYLATEINENS AR NYBNNSALIN Uninsaadeuinuduiiuge
avlsunldasen uazdosdnwerlslulunsuaniuaeu dsii Shannon desnisie
Bl duanamiladudalaunudliy uazduazsenandayayia
sunuldindedoudlvu ngliauinfuyaiaieserls — uasmeiavaen
woulnsd (entropy) H = —Zp log p ¥iuwuuiiuléide nihnszauainauves
Shakespeare funtinszamsAMuBIWhRuiainnslounrdoyfghsssu
anansafiansaumALuy Shannon wiiild draudvesdydnuainseiu
wszUSinasiiaaudseanala laildaanudndey idutudonsauazgnies
z‘hw%’uﬂmmﬁaﬂmwﬁwwﬂ LwiﬁfuLtdﬁuﬁunnuaaLi‘luaﬁﬂ%’%m'ﬂmﬁaasmﬂ?u
— mmammﬂmiaumﬁiﬁﬂavl,ammmm'muLﬂumsaummma%s Tumaﬂ
fadesvuuiiduiausnalldusinnulild uavdesirnfuiertevesuni

Shannon's entropy measures a message against a known probability
distribution of possible messages; it says nothing about a single object's own
intrinsic structure. Andrei Kolmogorov's "Three Approaches to the
Quantitative Definition of Information" (Problems of Information Transmis-
sion 1, no. 1, 1965) supplied that: the complexity of a string is the length of
the shortest program that outputs it and stops. A million zeros compresses
to a short program ("print 0, one million times"); a string of the same length
generated by fair coin flips compresses, with overwhelming probability, to
nothing shorter than itself — a formal definition of randomness as incom-
pressibility. Kolmogorov was not first. Ray Solomonoff had described al-
gorithmic probability independently at Caltech in 1960 and published "A
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Formal Theory of Inductive Inference" (Information and Control 7, 1964: 1-
22, 224-254) for a different purpose entirely: not measuring randomness but
formalizing induction itself. Solomonoff's universal prior weights every hy-
pothesis by the length of the shortest program that generates the observed
data, turning "prefer the simplest explanation” from a maxim into an equa-
tion — Occam's razor with a ruler. Solomonoff's work went almost un-
noticed until Kolmogorov's later, more rigorously presented papers cited it;
priority runs one way, fame ran the other, and Jorma Rissanen's minimum
description length principle (1978) turned the same idea into a working tool
for choosing between statistical models.

woulnstuns Shannon Fademumiafisuiunisuanuasanuinasnduides
wiwastonnuiiiululivima suliiveneglsifeatulassaisluivosing
Fuifieaas unAIY "Three Approaches to the Quantitative Definition of
Information" 984 Andrei Kolmogorov (Problems of Information
Transmission 1, no. 1, 1965) leiemausiusn: Anududoulaalulnsan
(Kolmogorov complexity) °uENﬁm‘%wquﬁam1umwaﬂﬂmnsuﬁﬁy’uﬁqmﬁ‘lﬁ
nadwsiluanseiuudmgn avguinisdusivsamiedulusunsudun 16
(i 0 nilsduade) druaniemnesiiuiiadeenmsleumioyi
yisssn ununnasszludamdedunindaiiueslilfios — feundegutvves
Aauduluguensiudalilé (incompressibility) Kolmogorov lailgauusn
Ray Solomonoff a5ungauunaziduliedanasiu (algorithmic probability)
5081988527 Caltech fausdl 1960 uazAnuw "A Formal Theory of Inductive
Inference" (Information and Control 7, 1964: 1-22, 224-254) é]"sagmﬂssmﬁ
fisnseaniuTneduds: lafldiaanugy wivinlinnsgudislendugute prior
@1na (universal prior) U84 SOlomonoffIﬁﬁmﬁnauuagwnn%mumwmfa
vadlusunsuiiduiignfiasstoyafidanald win "dendiesusiiiediga”
nadnalinaneiduaunis — Salnuves Occam Aifflussinfiiy TTuves
Solomonoff unulsiflasaula aunseiteunainuwes Kolmogorov fileuiiu
ndauaztaueagraduananitidiiu mnududwestouidluna
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& A A A = o o a t% a ..
#ila Poidua9luBnnie uazuanAUeIRIasUIEBsTEA (Minimum
description length, MDL) ¥®4 Jorma Rissanen U 1978 nanladeieaniuille
nanaiduasesiialduldasidnsuidanssninglumanisans

Rolf Landauer supplied the fact that keeps information from floating free of
physics altogether. "Irreversibility and Heat Generation in the Computing
Process" (IBM Journal of Research and Development 5, 1961: 183-191) showed
that erasing one bit of memory — a logically irreversible operation, since
the bit's prior state cannot be recovered from its blank successor — neces-
sarily dissipates a minimum quantity of heat, on the order of kT In 2. The
claim sat as a theoretical curiosity for half a century until Antoine Bérut and
colleagues built a single colloidal particle in a bistable potential and meas-
ured the predicted heat directly, published as "Experimental Verification of
Landauer's Principle Linking Information and Thermodynamics" (Nature
483, 2012: 187-189). Landauer's own slogan, "information is physical,’ is not a
metaphor: a bit erased anywhere in the universe has a thermodynamic price
tag, which is exactly why Maxwell's demon — the imagined creature that
seems to violate the second law of thermodynamics by sorting fast mo-
lecules from slow ones for free — turns out to owe its debt not at the sort-
ing but at the moment it must erase its own memory of which molecule
went where.

Rolf Landauer Tsidaufinassiifulaliansaumaasssiuiudassannitandly
Fefiien fredsfinevdsgniSenimdnnisuauaiions (Landauer's
principle) unA1y "Irreversibility and Heat Generation in the Computing
Process" (IBM Journal of Research and Development 5, 1961: 183-191)
wanritmsauanusmiein — Ujinsiigeundulilfidanssng sz
anuznountwasdntufauananiugifinnunldld — sududesuses
anufeusanueseiiosiigausinamile Tusedu kT In 2 Fonannsiibuud
Fenauladmnuioguiuaieaniss aunsedta Antoine Bérut fuituadng
mgmﬂﬂaaaaaﬁtﬁaﬂuﬁ’nél,wuamamus (bistable potential) WA AR
Sauiivinune3laTaense Anuviidu "Experimental Verification of Landauer's
Principle Linking Information and Thermodynamics" (Nature 483, 2012:

12



INFORMATION

187-189) A1vieyved Landauer 109 "asaunadadadanianin” lalyan

a = a :- o d a o
guu: daviangnavlidnesnlunuluenanithesiamaneslulauniind
Afived tuAsmnNaiIvinlulaaues Maxwell — &dT3nludusuinisn
auillsuazaziliangdonaswaaneslulauniinddionisuenluanaisioen
nnluanatlaglidealddne — naunaneluinfeniiey ldlimeuiiuen us
naufiudosauaudvesiuesilaanaluulunislm

John Archibald Wheeler took the physical entanglement of information and
pushed it all the way to ontology. "Information, Physics, Quantum: The
Search for Links," delivered at a Santa Fe Institute meeting in 1989 and
published the following year, proposed that "every it — every particle, every
field of force, even the spacetime continuum itself — derives its function, its
meaning, its very existence entirely" from "the apparatus-elicited answers
to yes-or-no questions, binary choices, bits." Existence, on this reading, is
downstream of measurement. Luciano Floridi's philosophy of information
generalizes the same instinct into a proposed successor discipline to meta-
physics, built on the claim that reality is best described at "levels of abstrac-
tion" defined by the observables a system tracks — informational structure,
not stuff, as what is ultimately real.

John Archibald Wheeler 181A2MUWIWULTINYATNYBIATAUNA NANAUTY
TUaudeaniinen (ontology) uUnA31d "Information, Physics, Quantum: The
Search for Links" fiussenglusuuszyuvas Santa Fe Institute U 1989 uagé
WUATUAANT LEaUDd "N it — BYNIANNGT AUINLSIVNAUIN WIUFARIAINAD
\lesainaninaes — lasumini mamane waznnsfieguassaiurianun”
11910 "Ameuiigunsaifsesninaindianulyudelaly dudensiuaes Ta"
nsileg aun1seuil Sadudsiinnuaniindinisia Usaransaumeaves
Luciano Floridi %aﬂﬂé’zymmmﬂmﬁmﬁ'uﬁiﬁﬂawLﬁuaﬂmqﬁLauaﬁaﬁum
uwiueAuFua afrtuvudendndiiihanudusiesuelffgad “sedu

994 abstraction” NgulpeAsndannle (observables) YISLUUNUIRANIYU —

A a

Tasasradsansaumnd lilding Aedsniduasduinedign

q
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Here the examination turns, because a fact about physical cost is not the
same claim as a fact about physical constitution, and philosophy is entitled
to press exactly that distinction. Landauer proved that erasing information
costs energy; he did not thereby prove that energy, mass, and spacetime are
made of information rather than merely correlated with it whenever com-
putation happens inside them. Floridi's own framework quietly concedes
the point by making "information" relative to a chosen level of abstraction —
a physicist's level and a biologist's level carve the same event into different
informational units, which is difficult to square with information being the
one substrate underneath both. Wheeler's participatory universe remains a
research program rather than an established result, and most physicists
who work on quantum foundations treat "it from bit" as a suggestive slogan,
not a settled dependency. The identification overreaches exactly where
Shannon's original bracket was most honest: a theory that measures in-
formation while setting meaning aside cannot, without further argument,
turn around and claim that meaning was never there to set aside.

nsetitasiinistnauiumiianig iwsizdamassanenuiunudneninla
TddanansrafeaiudeinagiauneiiuesnusenaullenienIn wazUsveynil
ansnasuliiiudoutvsnentullze Landauer Wgatinnsavasaumeil
aunulunasau i ldldngedludeinmmasnu wa wazniasine asns
YUIN @TAUNA uNUNzEATANUNFNRLSAUTUYNATINNSAIAAATY
P9ludiu nseuAnues Floridi tosuauganiulszinuilognanes daenisvinli
"ENSAUNA" FUNNSHUTEAUA abstraction Mdenl — seduvestinWandiiv
szAuveindIng famnnsalifediuesnilumheasaumaninneiu q
ginazUsulndniumsnasaunaduasasduniafenogldvsaossziuiu
lonANLTedidusIu (participatory universe) 981 Wheeler Sspatdunalasenns
3o lalldadnsnguduudn wazinidnddulugNvinauaiusinguaousiu
. . a [ 1o o A a 1 ) A a v
4 it from bit (@en39nTn) WuuamviyvIuas ldlgnsiannefiuaa
nsseymnunuuliuiulunefnsigafitsdunaiuves Shannon Jonseign:
= ﬂl U L LY L ¥ 1 v
nauininasaumdaldlagiuanunungesnly aziunduunsnaleyliifive

Taudanuininanunneliweiieglinesiueenlunsuausalule
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Connections - 1%aule

Chapter 00 quoted Shannon's bracket to mark computing's forgetting; this
chapter audits it in full. Chapter 01 keeps to Shannon's earlier, narrower
1937 circuit work. Chapter 02 takes up Floridi's informational realism as a
question about what a program is. Chapter 10 supplies the sibling notion —
computational complexity measures time, Kolmogorov complexity meas-
ures description length, and the two rarely coincide. Chapter 15 takes digit-
al physics — it-from-bit's descendants, from Zuse to Wolfram — to the
question of whether the universe itself computes.

Unfl 00 $192948UVBS Shannon LNBVAZEIMINENTALVDNINITAILIBL UN
finsredeusfuaghadiuii unii 01 28 1UU995U 1937 va4 Shannon fiuAu
Auaziing unii 02 ududafioandeansaume (informational realism) ¥aq
Floridi unusanuiniusunsunilsioazls unit 10 TuusAniiesiu —
AMNFUFDULTIALIUTALIAT d@2U Kolmogorov complexity 1aA11081A1
a8une Medesunuliinenseiu unii 156 wilandi3anava (digital physics) —
N8V it from bit Gaud Zuse B9 Wolfram — Tugdaudnionamias
Auseli

Open questions - A1aundalnag

If Kolmogorov complexity is uncomputable in general — no algorithm can
determine the shortest program for an arbitrary string — what does that
limit say about how far Occam's razor can ever be mechanized? Does Land-
auer's principle really license "information is physical,’ or only "erasing
information has a physical cost," and is the difference between those two
claims the whole of the dispute over digital physics? And if levels of ab-
straction are chosen by observers rather than discovered in nature, can
philosophy of information still claim to be describing what is real rather
than what is useful to track?

aanududeulaalulnsenmwialulalaenald — lifisanesiiulann
TWsunsundunandmsuanilag 1o — Yadriatuvenszlsineiuindalay
w83 Occam azgnvinbiunalaldlnaudluu? wdnnisuawneesoygnli
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WA "FsAUNARDANTINIEAIN" 1HA5IUI8 HSoaYIALA "N15aU
ANTAUMATAUNUTINIBAIN" LU KAZAIUFANTENTNADITONE1INTAD
Y a &J’ dl ara ¢ a aa v 1A 1 14 L% .
VONWIMNIUATBINANATIRTTAlonS o lai? uazdnseauves abstraction gn
danlaedunanisal unuinazgnaunulusssuyif Usuyansaumadasnala
[ 1o v A a ae a 1 1a aa L3 a
aglnuinidsesuredamiluass lulvuadaniivssleviasfnnu?

Go deeper - 91Ufid

— James Gleick, The Information: A History, a Theory, a Flood (New York: Pan-
theon, 2011).

James Gleick, The Information: A History, a Theory, a Flood (New York:
Pantheon, 2011).

— Claude Shannon, "A Mathematical Theory of Communication," Bell System
Technical Journal 27 (1948): 379-423, 623-656; Ray Solomonoff, "A Formal
Theory of Inductive Inference," Information and Control 7 (1964): 1-22, 224~
254.

Claude Shannon, "A Mathematical Theory of Communication," Bell System
Technical Journal 27 (1948): 379-423, 623-656; Ray Solomonoff, "A
Formal Theory of Inductive Inference," Information and Control 7 (1964):
1-22,224-254.

— Stanford Encyclopedia of Philosophy, "Information" — plato.stanford.edu/
entries/information.

Stanford Encyclopedia of Philosophy, "Information" — plato.stanford.edu/

entries/information.
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TYPES AND PROOFS

CHAPTER 12

Types and Proofs

BinAUUNNgaU

Fourth hearing of Part II. The last three chapters asked what computation can do,
how long it takes, and what it moves; this one asks what happens to the oldest
philosophical prize — certainty — once proof itself becomes a checkable artifact.

nslagiunsandusania Il auunicuuiainimsanariezlsladn Tdaauuua
v wazimdouezls unilawininezlsPuiuseiadalSvgyininunign — au
uuueu — WeunigatiesnaaludslssAvginsrvaauls

What happens to certainty when proof becomes an artifact?

L4

a X o 1 & a L4 2 a a
Lﬂﬂﬂ%li‘UUﬂ‘Uﬂ'J']llLLuuau LQJI’J'U‘VIWQQ'L!ﬂa'I‘EJLUu%NUi%WU‘ﬁ?

LL]

In 1976 Kenneth Appel and Wolfgang Haken proved the four-color theorem
with the help of a computer program that checked close to fifteen hundred
map configurations no human being would ever survey by hand — chapter
03 already sat with the shock that verdict caused: a proof too long for any
mathematician to read start to finish. Nearly thirty years later Georges
Gonthier closed a different case about the same theorem. His formalization,
completed in the Coq proof assistant and published as "Formal Proof — The
Four-Color Theorem" (Notices of the American Mathematical Society 55,
2008: 1382-1393), did not merely rerun Appel and Haken's argument; it re-
derived the whole proof, combinatorics and case-checking alike, as a se-
quence of steps validated by a small trusted kernel that a single person can,
in principle, audit line by line. The theorem that once symbolized proof out-
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running human comprehension became, in Gonthier's hands, the theorem
that showed comprehension could be replaced by something more exacting
than any human reader: a machine that does not skim.

U 1976 Kenneth Appel wagz Wolfgang Haken ﬁgﬂﬁmqwﬁwﬁﬁ (four-color
theorem) lARBAMNYTIBUABVBILUSLNTUABURIANBSTINTIVABUNITINING
wnunaunilsiuinSaswuy Fdiiiuywdaulnuazdisianeieliay — un
1 03 WegiunsiduaziisunaAdindutuneliud: unigauneraiuninin
AtnAransaulaazeuauAsLRRUaUaUle theuaudulnaun Georges
. a aa a & oA LY = = o & o Y @ LY

Gonthier Unafidnafnilanefiungufunmdeaiuil nisvitliiduguile

. . A o < . e aa ¢ &
(formalization) voaw Mviasalu proof assistant e Coq uagANuWL Iy
"Formal Proof — The Four-Color Theorem" (Notices of the American
Mathematical Society 55, 2008: 1382-1393) luilduasudaldudsves Appel
fiu Haken 91 wsisiuad1sunigauvaduauunlg 13 combinatorics wagn13
nsIREUNIali19e) Tugruzadutunaunguduaiugnaaslag kernel (wnu

< Al P = v o [

ns1adev) 1ang Nlilald Gepuaufeansreasuldiasussialunannis
nguiuniasmiansdudydnvalvosunigaimaiuanuilavewysd
Tufiowas Gonthier ndunatalunguiuniuansitanudilagnunuiilinie
unNERanIgeuuywdaula: insesdnsilidiueiuniueg

What makes Gonthier's kernel trustworthy is a correspondence discovered,
not designed, twice over. Haskell Curry noticed in 1934 that the types as-
signed to combinators in combinatory logic could be read as axiom
schemes of intuitionistic implicational logic, and in 1958 that a fragment of
Hilbert-style proof systems coincided with a fragment of typed combinat-
ory logic. William Howard made the analogy exact three decades later
without knowing Curry's full history, circulating a manuscript in 1969 that
was finally published as "The Formulae-as-Types Notion of Construction” in
a 1980 festschrift for Curry edited by Jonathan Seldin and J. Roger Hindley.
Howard showed that a proof, written in the natural-deduction style Ger-
hard Gentzen had introduced in 1935, and a program, written in the simply
typed lambda calculus, are the same object viewed from two directions: a
proposition is a type, a proof of it is a program of that type, and simplifying
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a proof — removing a detour — is executing the program. N. G. de Bruijn ar-
rived at a version of the same idea independently at almost the same time,
building it into his Automath system before either he or Howard knew of
the other's work. Three researchers, working from logic, from combinators,
and from an automated proof-checker, kept finding the identical seam —
the strongest kind of evidence this book has for its own claim that philo-
sophy and computing are one project rediscovered rather than two projects
borrowed from each other.

#9917 1% kernel va9 Gonthier 13lalaRenuaenndss (correspondence) 7
gn "Auwy” Ll "eanuuu” Griufisaessau Haskell Curry daunmludl 1934 31
¥Tin (type) Niuualin combinator Tumssneidean1sdn (combinatory logic)
a1ulalugiug axiom scheme vanssnzidaoulanuudyyuiey
(intuitionistic) waglul 1958 1d1unilav05zUUNGLUU Hilbert Asany

1 = a o A a o w A o 4 = =
dUnilavenssnetansinndvianinu William Howard vinlinisiiguides

v
IS 1

UuaiugrPuaunesselivadagluiussiRnmunves Curry tnaunsduaty
Tud 1969 %x‘l?jﬂﬁ’waﬁuﬁlﬁu "The Formulae-as-Types Notion of
Construction" Tu festschrift U 1980 A1vindiuiia Curry laedl Jonathan Seldin
waz J. Roger Hindley 1uussaundnis Howard uaneinunigaiivils Mdeulu
almanisistesssuani (natural deduction) 7 Gerhard Gentzen wugin13Tud
1935 Aulusunsunils Misuluwaandawauiaindviinegnedie (simply
@ v a o A a s =

typed lambda calculus) lUUINQLABINUNNBDIINABINIANIG: UTEWIUNUIAD
yllanile uUnwgauveiuAslusunTuUeIstauY waznsinliunigatdievy

) Y X & ) & .. = =
— MIRANIITIUN — NABNITTUIUTUATUTIULEA N. G. de Bruijn u1dslaifiy

= U d’/ 1 a 1 Y U = j .4 U ¥

wuuRgniuiiegadasslutliuailnalfsiuunuaswed asreiudnlulu
52UV Automath v@9lUIRaUIauILaE Howard 983318n6evinauses
Weafiueg UNIJEINAL VIN9IUIINATINAIENS 910 combinator KAZAINAT
MIVADUUNNFILTNLULR siranuseemaihefuliguaIgan — nangiui
ninuuunaanisdsiauiilidmsutenaanswessiituieaninuivayiunis
o < = = v % 1 A o
aandulasinisifeangnaunugt lulvaslasnisnguiu
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The correspondence gave a century-old heresy its revenge. L. E. J.
Brouwer's 1908 paper "The Unreliability of the Logical Principles" rejected
the law of excluded middle — the claim that every statement is either true
or false — for mathematics whose objects are mental constructions rather
than mind-independent facts, building on the intuitionistic program he had
opened in his 1907 dissertation. For most of the twentieth century this
looked like a minority taste, a scruple most working mathematicians could
safely ignore. Curry-Howard explains why it stopped being optional inside a
proof assistant: a constructive proof that something exists must, under the
correspondence, be a program that builds the thing, while a classical proof
by contradiction — assume no such object exists, derive a contradiction,
conclude one does — corresponds to no program at all, because it never
says how to build anything. Coq, Agda, and Lean are, at their foundations,
implementations of intuitionistic type theory not out of philosophical loy-
alty to Brouwer but because only the constructive fragment hands back
code you can run. Intuitionism became load-bearing engineering exactly at
the point where it stopped being asked to defend itself philosophically.

AUADAAABIULENISUAKAULAANLBENI AT D YTUARITTY UnAUT
1908 w84 L. E. J. Brouwer 1584 "The Unreliability of the Logical Principles"
Ufiasnguinalasitiade (law of excluded middle) — Fonanaganiamn
Usznwauluaswisenasdslaegrmilaaue — dmsuadinaansningues

v & Ay a 1Y @ a A& a a '
fuludaadaniedn ldlddenasaniludaszainin lngssgenainlasanis
dryurudiou (intuitionism) M ntaliluing dinusl 1907 naenrnd55e9 20
dulugy Upulousatisuvesaunguiios AuaLalantnAtinA1an3inau

1 1 ¥ ¥ [ a 1o v 2 A <
drulugguesiulasgrsUasnsie Curry-Howard agungdnvinlusiuiadnidu
madenlalulanvas proof assistant: UNWEALLTIAS (constructive proof)

a o

Iunsdiiogess meldanuaenndesil seadulusunsuitadadaiutiuan Tu
vaugiiunfigatidenanadn (classical proof) uuufigaiilastetaud — auud
liffguuutiuey syuumnudaudieann udasuiniuiieg — Tl
aonndosiulUsunsulaiay msziuliinsuenitavaiueylstuldesnls
Coq, Agda uag Lean ﬁswngwu%mﬁuﬁamia%ﬁa (implementation) Y@y

wilndnyanuilua (intuitionistic type theory) ladldiwsizanuinanieuven
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1 1 = 11 P a I & Aa Yy Ao Y a LY 4
#a Brouwer ulnsediuddruiiludadravintunaulaansulaasainduanlv
deyrufleunanaiduimnssuiiuuniuimingss wefinssgandiwangnusli
Uniesieatsusvayn

Once that machinery existed, mathematics started handing it its hardest,
longest proofs. Thomas Hales completed a proof of the Kepler conjecture —
that no packing of equal spheres is denser than the familiar grocer's stack —
in 1998, but the 250-page argument, part conventional and part computer-
assisted, took twelve referees four years and left them only 99 percent con-
fident it was correct. Hales responded in 2003 by launching the Flyspeck
project to re-derive every step inside HOL Light and Isabelle; the formaliza-
tion was completed in 2014, checked and independently rechecked that
year, and published as "A Formal Proof of the Kepler Conjecture” (Forum of
Mathematics, Pi, 2017). Flyspeck's tens of thousands of lemmas rest on a
kernel small enough for a handful of people to inspect completely, in place
of twelve referees who could only sample a proof too long to read whole.
Lean's mathlib, a continuously growing, community-verified library built on
the same foundations, now formalizes results across the whole of mathem-
atics as they are proved, turning "has this been checked" into a question
with a machine-checkable answer rather than a matter of reputation.

wonalntufiogud adamansidubuunigaiiisniiaauazenigavessiu
1% Thomas Hales ﬁqaﬁ%’aﬂ’lﬂmiiﬁ%m Kepler (Kepler conjecture) @59 —
Imssansenavavidulifuvuulruuiuninesuuuiinedunenaliivin
— 1u¥ 1998 usdalduds 250 nihdsesmidadunvudafuuagdnassld
AewiImestne THadnsaniuduassauiedd uasiiananienlifuay
fulaud 99 wWefldudinfugndas Hales nauldlud 2003 Fensdialasenis
Flyspeck Lﬁaa%"lw!ﬂ%’jumuimjnwiu HOL Light uag Isabelle n5vinloitdu
sUtfmaSoauysallul 2014 gnenvasuuaznsIdeutogdassuifieaty
Su udARLNL Y "A Formal Proof of the Kepler Conjecture" (Forum of
Mathematics, Pi, 2017) Uﬂé\g\‘l (lemma) wmwﬁwﬁamaa Flyspeck mqag"uu
kernel fiiinwaliunduiioniansvasuldasuiu unuinzidugnsam
?maaaﬂuﬁejumaﬂé’uﬁiuwﬁfmmawmﬁgjﬁ]ﬁﬁ'maLﬁuﬂ'h%émﬁmﬁ”’mm
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mathlib ¥4 Lean Galundsiilassiiiownaznsivaeviudulneguvu @519Uu
a o & A o 14 v b & a g @ L% 2 |
vusInguieaiuil neuilvilinadwsmnseanmansidugUislunseudun
fiugnivgal wan "3e3lignRIIadeunaInzedy” 9 nisessstaidudlinay
WJumauniidneunsiadeuldmeiasosdng

Vladimir Voevodsky pushed the foundations themselves one step further.
Homotopy Type Theory: Univalent Foundations of Mathematics — the col-
lective volume written by the Institute for Advanced Study program he led,
published in 2013 — proposed reading types not as bare sets but as spaces,
and proofs of equality between elements as paths between points — under
Voevodsky's univalence axiom, structures that are isomorphic can be
treated as identical, which gives mathematics's oldest and most abused
word, "equal,’ a precise, checkable meaning it had never quite had before.

Vladimir Voevodsky Né’ﬂéﬁ’umﬂgmwﬂﬂ%ﬂ%’wﬁa Homotopy Type Theory:
Univalent Foundations of Mathematics — iausauiiifeulaslusunsuvos
Institute for Advanced Study fivundugun ffuwlul 2013 — auelisuwiia
(type) hailaluguzigmiians uilugiuzusall (space) wazunngariaa1uLin
AuseninNautnlugugiduniaseninega — negladanationan (univalence
axiom) 483 Voevodsky Tassa$nsfi isomorphic fuanunsngnuesinniiousuld
Falianumaeiuiuguasasaasuldunei wirdu' adudiiiudian
waggnldRnunniigasmisluadinanans — anununefidulieediunneu
DYV

None of this delivers the certainty Hilbert wanted in 1930. A proof assist-
ant's guarantee is only as strong as its kernel, and the kernel rests on a
compiler, which rests on hardware, which can fail — the same regress Wit-
tgenstein pressed against any rule that claims to interpret itself, and the
same one chapter 03 raised as a Gettier problem for sensors and pipelines.
What Curry-Howard delivers instead is certainty re-engineered as a
budget: instead of trusting a 250-page argument and twelve tired referees,
trust a kernel of a few thousand lines, state exactly what would have to fail
for the proof to be wrong, and let that be the whole of the remaining doubt.
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Philosophy wanted proof to end an argument once and for all; computa-
tion's counteroffer is a proof that tells you precisely how small the
argument left over actually is.

laufiaslaluiidauauautueaun Hilbert daan1stud 1930 1a nnssuuseiu
984 proof assistant LUusIlALAYN kernel YB3 LAY kernel ﬁmaagjuu
Aaulwiaas Farveguuaninnls Gansld — nisasenauliifau (regress) wuu
= o A . . o v 1A o % = o A
Wheafiufl Wittgenstein nasunglag 18193180610l wazuuuhgafun
a X < & a ¢ . o w P
un? 03 sndunlutlyninfies (Gettier problem) dusutsuivasuag
1UUlau & Curry-Howard dewauliunufsanuwiusungnasnwuulvali
Wusuuszuna: ununazliladeldude 250 nAuERIIINIUNUiloyadu
< |d' [y Y] Y 1 % v = o % a '3

an3nAu N3l kernel Linuussiin seylitninezlsnesiansaziiliuniigan
fin uarUdesliiuluanuasdenndesgnoun Ussandoinsiiuniga
ghvelaudslamnvinasufsrau derauslinauvesnisAuimfeuniigai
venlawsugrindeldudfiaoegiuanua lnuaseg

Connections - 1%aule

Chapter 01 introduces Curry-Howard as the logic chapter's treaty between
the two disciplines; this chapter completes it. Chapter 03 is where the four-
color theorem first caused its epistemological shock — this chapter is its
answer. Chapter 09 supplies the incompleteness results that proof assist-
ants must live inside rather than escape. Chapter 11's Kolmogorov complex-
ity measures the length of a proof the way this chapter measures its trust-
worthiness.

uni 01 wuziAugenAdee Curry—Howard (Curry—Howard

a v 4
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g o Y L4 dl I dl I dld 1 Y] = a
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a [ [ S o Y = 4 ] 1
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AuYsaln proof assistant fiavagunslunnunazniaanlyld Kolmogorov
complexity Tuun# 11 daanueivesunivgal lukuuieanuinunidinainy
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Open questions - A1aundanag

If a kernel can be made small enough for one person to audit, has the re-
gress of trusting the verifier actually been stopped, or only shortened to a
link short enough to overlook? Does univalence settle what "the same
structure" means in mathematics generally, or only inside type theory's own
house? And now that Lean's mathlib checks new results as they are proved,
does mathematical knowledge still need the human community of referees
at all, or only the community that decides which theorems are worth
proving in the first place?

61 kernel vinlianwedmsuauawigansiaaeuls msnssnduliiavvesnis
laghnsrnaeugniynaies udmdeds visudgneeliduasumdoaieui
dunevzuosiuiluiapn? dawatiienen (univalence) giinamiBuas
Tassairafeaiu luadinmanslaeiluldazuse vieyRlduanielutu
mamqwﬁ%ﬁmawﬁﬁ’u? WAZABUIIT mathlib ¥os Lean asradounadnglug
Tunfoufufitugniigat arudnieadinaransdadeantsyusunyuduey
asranueglva wiadesnsudgusuiisnduimguiunluuasaunnis
AgoriRaudusnivintu?

Go deeper - 91Uf1®

— Jean-Yves Girard, Yves Lafont, and Paul Taylor, Proofs and Types, Cambridge
Tracts in Theoretical Computer Science 7 (Cambridge: Cambridge
University Press, 1989) — free edition at paultaylor.eu/stable /prot.pdf.

Jean-Yves Girard, Yves Lafont, and Paul Taylor, Proofs and Types,
Cambridge Tracts in Theoretical Computer Science 7 (Cambridge:
Cambridge University Press, 1989) — free edition at paultaylor.eu/stable/
prot.pdf.
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— William Howard, "The Formulae-as-Types Notion of Construction," in To H.
B. Curry: Essays on Combinatory Logic, Lambda Calculus, and Formalism, ed.
J. P. Seldin and J. R. Hindley (New York: Academic Press, 1980), 479-490;
Georges Gonthier, "Formal Proof — The Four-Color Theorem," Notices of the
American Mathematical Society 55 (2008): 1382-1393 — ams.org/notices/
200811/tx081101382p.pdf.

William Howard, "The Formulae-as-Types Notion of Construction," in To H.
B. Curry: Essays on Combinatory Logic, Lambda Calculus, and Formalism,
ed. J. P. Seldin and J. R. Hindley (New York: Academic Press, 1980), 479-
490; Georges Gonthier, "Formal Proof — The Four-Color Theorem,"
Notices of the American Mathematical Society 55 (2008): 1382-1393 —
ams.org/notices/200811/tx081101382p.pdf.

— Stanford Encyclopedia of Philosophy, "Intuitionism in the Philosophy of
Mathematics" — plato.stanford.edu/entries/intuitionism.

Stanford Encyclopedia of Philosophy, "Intuitionism in the Philosophy of

Mathematics" — plato.stanford.edu/entries/intuitionism.
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CHAPTER 13

Learning Machines

4‘ = | 4
LADILIBUT

This is Part II's fifth hearing: computation has spent a decade teaching itself to speak,
translate, and see without being told a single rule, and now philosophy is asked to
explain how that could count as knowing anything.

dld 1 0’.’1 dl o ¥ a = o L4
RAenslaaIuasan 5 veenia Il nsawadldinaidulasumieddiiyn uwla uazuea
wiu Inglifilasuenngdndeides uasneutiuivaygnuelieduieindeiuaziuiiunisy
azlsunsedlangngls

What does machine learning prove about how knowledge enters a mind?

a P & a Pe vy A U ada Y ¥ 1a
ﬂ’]SLSEJug“UENLﬂiENWQT{IUEw‘lﬂﬂU’NLﬂEJ’JﬂU’JSVIﬂ’J']NgL’U']Qf\]Gl

On 24 May 2024, Anthropic let the public talk to a model that could not stop
mentioning the Golden Gate Bridge. Ask it for a love letter and it worked
the bridge's orange paint into a metaphor; ask it to file your taxes and it
found a way back to the fog over the strait. This was "Golden Gate Claude," a
demonstration built from research the company had just published: "Scaling
Monosemanticity," which used a sparse-dictionary technique to pull tens of
millions of human-interpretable "features" out of the middle layers of
Claude 3 Sonnet — internal directions that reliably fire for a specific bridge,
for sycophancy, for a known kind of security flaw (Anthropic, "Scaling
Monosemanticity,’ May 2024). For the demonstration, one feature was
simply turned up until it dominated. The model was taken offline about a
day later. What it left behind was stranger than the joke: a single concept,
inside a system nobody had hand-coded concept by concept, had an ad-
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dress you could dial like a volume knob. A structure philosophers had called
irretrievably opaque turned out, at least at this one coordinate, to have a
location.

Tuil 24 wewn1A 2024 Anthropic Walviasisaznaneiulunanyaga
Golden Gate Bridge aginasnaungalils valiiudsuaavunesn dundsied
¥ ¥ @ 14 Y 1 & = IOV (% =
duvosaznuuldduguunld velndurisgunt dundmmisnnauluin

I 1 14 dld n n a ‘dl b4
nuentiaveswauaule UAe "Golden Gate Claude” M3a13nTas192IN9Y
IeNuseninaneuns bU: "Scaling Monosemanticity" @slginaiia sparse-
dictionary A4 "feature” NuywdRnlATUAUAUIBRNNNAINIARSNAN
294 Claude 3 Sonnet — fiAnanielunvinanuaitausLlonUaZNIUE LY
Wiy WenuanuUszauaenas wisilianudadlninnulasnieuuungan
fiuegual (Anthropic, "Scaling Monosemanticity," May 2024) #1%5Un15a150
39l feature Antlagnisslusoss) AuAsaUANaUNINNA lunaslignaen
sananszuungluailssunamilsiudaun dnsivialiuvanninynnaniiu

a A a a dl 1 I~ Y A a 14 =) [ dﬂ‘
Ldgan: LL‘H’JﬂﬂLﬂU?ﬂﬁﬂiﬂi%UUWvLﬁJmﬂimﬁluiﬂﬂ‘l/lﬂ%l,l,u‘lﬂﬂﬂ"lﬂlli] NauuNaeY

Tinyuusulamiloududes TassadrsninuSveynaeseninivaudaulile
naunaneiludi egretiesiiningailgaiied dullduniinsegas

That location is where this chapter starts, because finding it reopens a dis-
pute older than any computer: what, if anything, must a mind already have
before experience can teach it something.

AUNLILUABYANUNTITUAN LNT12N 1 TNUTIUATaANINLAILANT
ABNNILMBSIATa IuTuL Ind: Indasliezlsindiunnau a1dl neun
Usvaunisalazasuaslsiula

Empiricism and rationalism have been run, this past decade, as an experi-
ment at scale. Noam Chomsky coined "poverty of the stimulus" in Rules and
Representations (1980): children acquire grammatical structure that the in-
put they actually hear radically underdetermines, so some of that structure
must be innate — Universal Grammar. Large language models seem to an-
swer back: trained on nothing but text, with no grammar built in, they be-
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come fluent. But the reply does not settle the argument, and philosophy ob-
jects on the argument's own terms. Chomsky, with Berwick, Pietroski, and
Yankama, restated the case in "Poverty of the Stimulus Revisited" (2011): the
claim was always about what a child's actual, limited exposure can support,
not about what any learner given enough data can do. A model trained on a
written record no child ever sees is not a counterexample to a claim about
children; it is a different experiment with a different subject.

Uixaumszﬁﬁauﬁ’uLw;Naﬁaugnﬁ'}mmaaﬂwummimyjmaamﬁuﬂﬁshum
Noam Chomsky Sayeiffn3n "a1nuanaunauvasdast” (poverty of the
stimulus) 131u Rules and Representations (1980): LﬁﬂL%‘UUéTﬂN?I%’N
Thensaifiteyatndndaaniunlddusisimunlilineias aztulasadng
uwdIuRBIRafIuuaniln — lawnsalaina (Universal Grammar) Tuiaa
mevunvggliousznaulindu: msumedaauaiue lidlensaiile
lusiae fdmnldasoad undnouilliléUndonnies uasusvnyah
Andudieteulvvestoliuduns Chomsky $2uAU Berwick, Pietroski uag
Yankama nén%’mauaif%ﬂu "Poverty of the Stimulus Revisited" (2011): U@
nadnsiyaivasinssuteyaiauarsiinues iin seeiulfiauoun Tallvds

a 14

Jiisuiaulnunmuvilagnlddeyaunne lumaimsuainduiinanednual

e =S

1
=

A g < " . o Y ' Yy o = & To oA
anwsdelitianaulvueeiu ldlddegnsiutenasrinnfidn uasiuae
A1SNNADIAUALOUNUNIVDAUATLSDI

The empiricist side of that experiment has a doctrine, and the doctrine is a
wager about how knowledge arrives. Richard Sutton put it into engineering
form in March 2019: "The biggest lesson that can be read from 70 years of Al
research is that general methods that leverage computation are ultimately
the most effective, and by a large margin" (Sutton, "The Bitter Lesson," 13
March 2019). Chess, Go, speech, and vision each fell to search and learning
after decades spent hand-encoding what researchers thought minds
needed. But a lesson drawn from which strategies won in a handful of do-
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mains is a historical generalization, not a proof about how any mind must
gain knowledge — and it is silent on domains, like formal proof (ch.12),
where built-in structure has not obviously become a liability.

HaUszaun1saliauuaIn1snnaoIlinanANd@auvadRLeY LasnanAd@ouLu
Aeniswiluinanuiundldednals Richard Sutton wlasiulusuuuuda
Amnssulufouiviau 2019: "uniSeunlugngansulaainaiuise Al 70U
A ad & =g v ¢ Yy  ad = a v
AvIsNsTUNTgUsElaviiann compute lanafvigaluiian wasinindesses
#19u1n" ("The biggest lesson that can be read from 70 years of Al research
is that general methods that leverage computation are ultimately the most
effective, and by a large margin") (Sutton, "The Bitter Lesson," 13 March
2019) wungnana lng Msya waznsueaiiu aswiglifunsAumLazns
38us nasnvaenassenldluiumsinsiaseioludaminideAnindn
RoaMs uwiunissunaguinnitnagnssuzlulawusuuniaduiies
n1sagutaUseiRmans luldunigaindnlag deddanuiuiegisls — uwas
v & 1 = 1 a ¢ a CY a a k4 = 1Y
unlidyafslamueg 1 unNgiltagutls (uni 12) Nlassaddealaunusny
feldnanadunszedstaau

Chapter 05 puts Stevan Harnad's 1990 question on the record: can a system
that manipulates symbols purely by their shape ever mean anything by
them, or does it only borrow meaning from whoever reads its output? A
model trained only on text is, on that question, purer than anything Harnad
had in mind: its entire "experience" is other symbols. Is a feature that fires
reliably on "Golden Gate Bridge" across languages and phrasings a grounded
reference to the object, or an extremely well-organized cluster of shapes
that still refers to nothing? The finding is evidence; it is not a verdict.
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71U "Golden Gate Bridge" 91un19UazdNd1UIU ABNI5919D9718ALE9NU
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The research line runs from "A Mathematical Framework for Transformer
Circuits" (Anthropic, December 2021) through "Towards Monosemanticity"
(2023) to the 2024 scaling result, and it gives philosophy of mind something
it rarely has: a system whose internal representations were discovered, not
designed, open to direct inspection rather than armchair argument. The
caution belongs beside the excitement — a "feature" is what a sparse au-
toencoder, itself a trained model, finds; whether that unit deserves the
name "concept" is exactly the question interpretability opens rather than
closes.

aoauiseiilaundausd "A Mathematical Framework for Transformer
Circuits" (Anthropic, 541Au 2021) W1u "Towards Monosemanticity" (2023)
unudsnasndnsveneanalul 2024 wariuneudsiiuSvauiadnunuld
\Ael: suuummumummduaﬂ Aunu ldldgnesnuuu Waldnsiaaeuld
Iﬂ&lﬁl’ix‘iLLVlu‘l/lf\luL‘lJutLﬂﬂ’l’iﬂﬂLﬂ&l\‘i‘UuLﬂ']E) AUsEnsT TaRBINngiuAY
mumu — "feature" ﬂamw sparse autoencoder mmumaqnwu‘[umawmu
MSIMSUN AUWU drunmietuauaislédedn "concept” wiela Aaranuii
interpretability (n1s@aula) 1Wald luldUnag

Hume's problem is replayed, batch by batch, inside the training loop. In
1748, Hume showed that no argument — demonstrative or probable — can
license projecting a past regularity forward without already assuming
nature is uniform, which is the very thing in question (Hume, An Enquiry
Concerning Human Understanding, Section IV, 1748). Every gradient update
is exactly that projection: a rule fit to past batches, licensed to govern data
it has never seen. Statistical learning theory supplies generalization bounds,
but only by assuming train and test are drawn from the same distribution —
Hume's uniformity principle, formalized and assumed, not derived. Comput-
ing's retort is that probably-approximately-correct is enough to ship; philo-
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sophy's is that this is enough only because the premise Hume showed un-
provable was smuggled in at the start, which is exactly why models fail si-
lently the moment the world stops resembling their training data.

Uey1uea Hume gniaudniiasuundagnielu training loop 1wl 1748 Hume
wandliiuinlufidelaudsla — lidnzngailduiveunsounirazdululs —
= ¥ 6 = v I X ' av v
Nageynlianenmauainaneluefinludrantle leeldauudlinew
WAIINSITUIRNAMNALLEND FeTUAFNAAIYNAIAIDNBEWBA (Hume,
An Enquiry Concerning Human Understanding, Section 1V, 1748) n159Uiag
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n151 U (generalization bound) 111AN939 wARBANNRIYA train AUy test
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The people, briefly. Sutton has spent four decades building reinforcement
learning's core toolkit — temporal-difference learning, actor-critic methods
— from the University of Massachusetts to AT&T Labs to the University of
Alberta, where he has been a professor since 2003 and, from 2017, a distin-
guished scientist at DeepMind Alberta. Chomsky has argued the rationalist
case from MIT linguistics since the 1950s. Harnad's grounding paper has
outlived several fashions in Al it was written to challenge. Chris Olah, an
Anthropic co-founder who previously worked on interpretability at Google
Brain and OpenAl, has run the Transformer Circuits project since its 2021
opening paper.

v ' v a F% & = @ .
HAU IGIEIEIEI Sutton GL‘UL’Ja']?Wlﬂ?ﬁiﬂﬁiﬂﬂﬂﬂtﬂi@ﬂﬂﬂﬁﬁﬂ%@ﬁ reinforcement
learning — temporal-difference learning, actor-critic methods — f4iL6l

University of Massachusetts 1U AT&T Labs aufia University of Alberta 7itn
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Humansasindaud 2003 wagdaudd 2017 Wulindngrmansmiauii
DeepMind Alberta Chomsky Sunsutheimamaisuanniadvinmansii
MIT sndausinessy 1950 iwiesisesnsialesuad Harmnad agssaanseiu
wninseuaanenszualy Al ifugnideutuuvie Chris Olah gsaurens
Anthropic flagvineugu interpretability 7l Google Brain waz OpenAl 11

ou \uggualasenis Transformer Circuits umsusiUilosiUadalul 2021

Connections - 1%auleg

Chapter 04 asked whether the mind is what the brain computes; this
chapter asks what an artificial learner's success or failure can actually prove
about that question, and mostly finds "less than advertised." Chapter 05
owns the symbol grounding problem this chapter tests at scale. Chapter 09
supplies the notion of mechanical procedure this whole debate assumes.
Chapter 10 supplies the bounded agent that Sutton's engineering doctrine
implicitly assumes and classical epistemology did not. Chapter 11 explains
the bracket Shannon drew around meaning; interpretability is computing's
first serious attempt to look back inside it.

|
A a a °
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Open questions - A1aundanag

Would any degree of language-model fluency count as evidence against
poverty-of-the-stimulus, or is the argument, properly read, immune to that
kind of evidence by construction? Does a feature that survives translation
and paraphrase amount to reference, or only to a very tight correlation
mistaken for one? If the bitter lesson is right that hand-built priors lose out
in the long run, what should we make of the domains — so far — where they
have not?

ANuAaBILAavaslunan esEaUlnunmuasiulundngiuau poverty
of the stimulus leviselyi wairdelaudell drgulvigndes dglaufuse
nanguwuutuegludilasiadaueiuiesagudl feature N5ana1NNISUUA

a o Y 13 ¥ a Y a = oA 13 1 o o oa
wazn1siasuduiutiuilunissnsdldasmseld nsalduuannudunusi
wuunluanaugnidlaindndun1se198e 61 the bitter lesson gnfvaiin
prior Ni@d1emsiiounlussezen udnsrazitegnelsnulamumngg 1 — auds
mouil — Judluun

Go deeper - 91Ui®

— Noam Chomsky, Rules and Representations, Columbia University Press,
1980.

Noam Chomsky, Rules and Representations, Columbia University Press,
1980.

— Richard Sutton, "The Bitter Lesson," 13 March 2019 — incompleteideas.net/
Incldeas/BitterLesson.html; Anthropic, "Scaling Monosemanticity: Extract-
ing Interpretable Features from Claude 3 Sonnet," May 2024 — transformer-
circuits.pub/2024 /scaling-monosemanticity.

Richard Sutton, "The Bitter Lesson," 13 March 2019 —
incompleteideas.net/Incldeas/BitterLesson.html; Anthropic, "Scaling
Monosemanticity: Extracting Interpretable Features from Claude 3
Sonnet," May 2024 — transformer-circuits.pub/2024/scaling-

monosemanticity.
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— Rationalism vs. Empiricism, Stanford Encyclopedia of Philosophy.

Rationalism vs. Empiricism, Stanford Encyclopedia of Philosophy.
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CHAPTER 14

Distributed Trust

v
a1 l99lauvunszane

This is Part II's sixth hearing: computation has spent forty years proving, formally,
exactly how much agreement strangers with no shared authority can and cannot
reach — and philosophy's social contract is called to answer for what it left out.

ey 1 Y A ° v da aa ¢ I L]
RAenslaaIuAsan 6 vesnia Il nMsawaldinaiddulngategraduguieinauulan
nihildfisnunasauiuazanasiulaunnualuunasanasiulalaualuy — wasdyan
UszrAuvaslsyangnisenuineumauinduaziagessly

Can computers settle what philosophers only argued — how strangers
cooperate?

a [ 1 1

mauWmasyRasninUsuyAsnAanitiesiulivseli — Sesianaundan
wihsusienuldegnsls

On 3 January 2009, a program mined the first block of a currency that no
bank, state, or company controlled. Embedded in that block was a string of
text: "The Times 03/Jan/2009 Chancellor on brink of second bailout for
banks" — the front-page headline of that day's London Times, quoting the
news that the UK government was about to bail out its banking system a
second time (Bitcoin Wiki, "Genesis block"). The line proved the block could
not have been mined earlier, but it did more than timestamp; it dated the
system's birth to the exact week the institutions trust is normally out-
sourced to had just failed in public. The paper behind it, "Bitcoin: A Peer-to-
Peer Electronic Cash System," had been posted to a cryptography mailing
list on 31 October 2008 under the name Satoshi Nakamoto — a name
nobody has ever conclusively attached to a person. A system built explicitly
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so that strangers need not trust one another was written by someone none

of us can authenticate by any of the ordinary means. That irony is this

chapter's opening exhibit.
Fuit 3 unsA 2009 Wsunsuniayauienusnvesanaiduilifisuras 35
wouisvlanuauld dsegluvdenduodoninu: "The Times 03/Jan/2009
Chancellor on brink of second bailout for banks" — Wi wthuilsuas
wilsFeRun The Times nysaunauluiutiu §1erirfsuraansveraning
ﬁﬁé’ﬂfwémzwﬁmms‘uaeéfuaaL‘Tluﬂ%y’aﬁam (Bitcoin Wiki, "Genesis block")
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wanutirligeslilefu ndugnideutulaslasdnauiiliflaslumanistansa
Budusnulddaeizundlag ins anudeuudaiufendngrutuusniiuniiin
\WWgn1swansan

The social contract has an executable version, and it begins from the same
premise the original did. Thomas Hobbes argued in Leviathan (1651) that
without an authority capable of enforcing it, agreement among equals is
unstable — the state of nature is "a war of all against all," and peace requires
transferring judgment to a sovereign strong enough to compel it. Distrib-
uted computing's answer, worked out three centuries later, keeps the peace
without a sovereign: Leslie Lamport's Paxos ("The Part-Time Parliament,’
ACM Transactions on Computer Systems, May 1998) and Diego Ongaro and
John Ousterhout's Raft ("In Search of an Understandable Consensus Al-
gorithm," USENIX ATC 2014) let any majority of equal replicas bind a de-
cision, tolerating the minority being slow, wrong, or offline. Where Hobbes
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solved coordination by concentrating judgment in one place, these proto-
cols solve it by counting votes among peers — a social contract that needs a
quorum and a clock, never a Leviathan.

FuaUszrnudnestuisuldess wasiudunndeauuiisriuduatu
Thomas Hobbes Tuéilu Leviathan (1651) indnlaifigrunaiiveduldldass
Fannassgninaginiiouiugeslisiuns — anzsssunife "amsmvemn
AusionnAL" uazduinwdesandenislousrunadnaulaluligiesulned
wdaunseweszdedusiule Ameuves distributed computing AARALUTUAN
Anssusion Snwduinnlildleelidesdidiesulneas: Paxos ves Leslie
Lamport ("The Part-Time Parliament,” ACM Transactions on Computer
Systems, May 1998) uag Raft ¥84 Diego Ongaro fiu John Ousterhout ("In
Search of an Understandable Consensus Algorithm," USENIX ATC 2014) T#
\Feetnaannued replica Avinfisufugnianisiaduleld nudensiiAedig
Yiowayii Annann viesawlaiilu 9afi Hobbes uAtlymnsUssamunudag
nsswsunadadulaliigaiier Wilnreamariuddensiuazuuudedu
wyjivinfieniu — fyaUssvaudidenisue quorum Auuniing laidesns
Leviathan tag

Testimony gets harder when a witness may be lying rather than merely mis-
taken. Leslie Lamport, Robert Shostak, and Marshall Pease posed that
sharper version in 1982: generals surrounding a city must reach unanimous
agreement — attack or retreat — communicating only by messenger, when
some generals or their messages may be actively treacherous. Their result:
with unsigned, oral messages, no protocol works unless more than two-
thirds of the generals are loyal; among just three participants, a single
traitor already defeats two honest ones (Lamport, Shostak & Pease, "The
Byzantine Generals Problem,” ACM TOPLAS 4, no. 3, July 1982: 382-401).
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Philosophy's testimony debates — how much a report should be discounted,
knowing some sources may be adversarial rather than merely unreliable —
get an exact numerical threshold: one-third.

flnnsBesnnduitenguetamdsinun lilvudidinlaia Leslie Lamport,
Robert Shostak uag Marshall Pease aaastufinuniniul3lud 1982: we
waiidgouiiasliFesussatonnanduondui — ynvienes — lnedoansiu
Kugdsansivintu Tuanunisaifiuiewaunsauniedennuuisatvenady
MMSNTBAT3Y KadnsveswInAe: Medeanuurndriilifianeduiiiu
wlifilsTmroalvuldldias uudunewamnnniaesduauasdodng Tungu
uAamAY fnseAissauiioafionvuzgtodndassauldind (Lamport,
Shostak & Pease, "The Byzantine Generals Problem," ACM TOPLAS 4, no. 3,
July 1982: 382-401) Fenniisaisesrlinsvesude — asaaimiin
seeuasualu dediunaunadseraduusing lilvualiindedio — 14
inauiavTidaew: nilsluay

Agreeing on a plan is one thing; agreeing that you have both agreed is an-
other, and it is provably out of reach. In 1975, Akkoyunlu, Ekanadham, and
Huber proved that two parties coordinating over a channel that can silently
drop messages can never become certain, after any finite exchange, that
both sides know the plan is on — any acknowledgment could itself be the
message that is lost. Jim Gray gave the result its familiar military name, the
Two Generals Problem, in 1978. This is the philosophical structure of com-
mon knowledge — I know P, you know P, I know you know P, without end —
which David Lewis had formalized in Convention (1969); Joseph Halpern and
Yoram Moses gave it a distributed-computing treatment, proving that true
common knowledge is unreachable over any channel with even a small
chance of failure, and that only finite, nested approximations are ("Know-
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ledge and Common Knowledge in a Distributed Environment," 1984; expan-
ded Journal of the ACM 37, no. 3, 1990). Epistemic logic, usually a philosoph-
er's diagram of nested belief, becomes a protocol with a proven ceiling.

mMsanasiuisesunuAiSomiie msmnasiuiisaesihennasiundafedn
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FoamumeluReuq 16 Tufinadlalfiaendinisuanitdeusuausialag
s iunudumiug msznmsmeuiulag formdudennuiine
Tuiduio9 Jim Gray {;],5\‘1‘?'161/]’]\1ﬂﬂiﬂﬁﬁﬁﬁﬁ:uﬁiﬁwaﬁwﬁ(ﬁ’jﬂ Ueyrnunewaaes
18 (Two Generals Problem) 1u¥ 1978 fifielastas1adeuFunvasauidan
(common knowledge) — #15 P Bnéed P dufindndes P luGeslififiduan
— &4 David Lewis ﬁﬁiﬁLﬂugﬂﬁﬂ'lﬁu Convention (1969) Joseph Halpern iiag
Yoram Moses 1sfuandanisuuy distributed computing figatidnarusiuii
wieselulufaldasrugendlag fiflenadunaudifeadntos waviius
msUszanauuudeutusifnwituiluasld ("Knowledge and Common
Knowledge in a Distributed Environment," 1984; expanded Journal of the
ACM 37, no. 3, 1990) A53neLB38y18u (epistemic logic) FaunAduuAununn
amudedoutuvesinuiva naredulusinreaifiwaudeigaiunda

A digital signature lets any stranger verify who a message came from
without a shared secret or a vouching intermediary: trust becomes a math-
ematical relation — only one private key produces what a matching public
key can confirm — rather than a social one requiring a notary, a bank, or a
state. A ledger extends this from verifying one signature to verifying an
entire ordered history, letting mutually suspicious parties agree on a single
sequence of events without deferring to any one of them.

aeguRIaviiauuUanuiaulwunaugudulaindeanuunanles lny
lidesdinnudusiuiunsednaisgsuses: anulinsdananaluanuduius
Bendinmans — fiissnyuediudnenisiviniuiiadedeiinyuoasisue
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Money is where every piece of this machinery bears weight at once. Na-
kamoto's protocol makes the ledger itself the output of a Byzantine-fault-
tolerant vote — proof-of-work — among anonymous, mutually distrustful
participants, solving double-spending without the single trusted ledger-
keeper Hobbes would have assumed was unavoidable. But philosophy ob-
jects here, not merely answers: the whole distributed-trust literature treats
trust as solved once nodes agree on facts — which block is valid, whose sig-
nature is genuine. Older accounts of trust, including Hobbes's own worry
about promises kept only under duress, hold that trust carries normative
content no vote over present facts touches — reputation earned over years,
forgiveness, the willingness to be vulnerable to someone else's future
choice. A blockchain makes forgery costly. It does not make betrayal within
the rules — a fraud run entirely inside a legitimate, signed ledger — visible to
the protocol at all.
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Uasuudasisunuas uwasivlilavinldnisnsea anglunseung — nslnsiiiin
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IalnelUslnmoaasuliusiiion

The people, briefly. Hobbes wrote Leviathan out of the English Civil War's
chaos. Lamport received the 2013 ACM Turing Award for this and other
foundational work in distributed computing, and by his own account wrote
"The Part-Time Parliament” as an allegory of a fictional Greek parliament
because reviewers found the direct version unreadable. Halpern and Moses
built on Lewis's philosophical account of convention to give epistemic logic
a computational home. Nakamoto has never been identified.

{jau Tnugia Hobbes 18y Leviathan Susnnanulnamavesasasiunaniios
gangw Lamport 1a5U5199 ACM Turing Award U 2013 MUtz
ﬁugmﬁluq A1 distributed computing WAZATUATUBNLAIYDAUYILBY LUV
"The Part-Time Parliament” \ufivnuusuifisuiisafusganindnauui
wednmvsnuiiuitnestunsdlunssangiulifizes Halpern uag Moses
HovananAeaSuneilisuai3es convention vas Lewis iivelinssnzidi
1l unIe computational Nakamoto laitmsgnszysanuléiae

Connections - 1%auleg

Chapter 03 asked whether a machine's answer counts as knowledge; Byz-
antine fault tolerance is that question with an exact fraction attached.
Chapter 06's responsibility gaps recur here as blame distributed the same
way trust is. Chapter 07's stack-versus-state tension sharpens once money
itself no longer needs a state. Chapter 12's certainty-as-engineering-
product reappears in the one-third threshold and the proven ceiling on
common knowledge.

unii 03 nrhdmeuveaniestiuliuanuiuieli aAnununiusoay
Aawanauuuluwsulnifesmanuierfuduitiavdusiavusiusrnundae
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Open questions - A1auigalnag

If perfect common knowledge is provably unreachable over any unreliable
channel, is ordinary human coordination — running on language and ges-
ture, channels no more reliable — merely tolerating the same gap with a
longer patience for uncertainty? Does a system that formally guarantees
agreement on facts quietly redefine "trust” down to "agreement," discarding
what the word carried for Hobbes? And if no one — not even a quorum — is
identifiable behind a permissionless ledger, whose sovereignty has actually
been replaced?
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Go deeper - 911619
— Thomas Hobbes, Leviathan, 1651.

Thomas Hobbes, Leviathan, 1651.
— Leslie Lamport, Robert Shostak & Marshall Pease, "The Byzantine Generals
Problem," ACM Transactions on Programming Languages and Systems 4, no.

3 (July 1982): 382-401; Satoshi Nakamoto, "Bitcoin: A Peer-to-Peer
Electronic Cash System," 31 October 2008 — bitcoin.org/bitcoin.pdf.
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Leslie Lamport, Robert Shostak & Marshall Pease, "The Byzantine Generals
Problem," ACM Transactions on Programming Languages and Systems 4,
no. 3 (July 1982): 382-401; Satoshi Nakamoto, "Bitcoin: A Peer-to-Peer
Electronic Cash System," 31 October 2008 — bitcoin.org/bitcoin.pdf.

— Common Knowledge, Stanford Encyclopedia of Philosophy.

Common Knowledge, Stanford Encyclopedia of Philosophy.
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CHAPTER 15

The Computational Universe

LNANLTYIATUIN

This is Part II's closing hearing: computation, having examined every other branch of
philosophy, finally asks whether reality itself will take the stand — and here the two
courts run out of ground to stand on separately.

RAenslaaulavinevainia Il: n15AUIM RSN IHEIUYNAIUIBUVDIUTBEINIUET
lufiganauinauaiseszdulinisuisli — uavnssllisiiaesmanuaiuligiuuen
nfudnsialy

Is reality itself on the witness stand?

dl Q:l | 1
onaniesaglunilangrumnsoly

On 2 June 2016, at Recode's Code Conference, Elon Musk told the audience
there was "a one in billions chance we're in base reality," reasoning that
video games had gone from Pong to photorealism in forty years, so a suffi-
ciently advanced civilization would run simulations indistinguishable from
the world we take for granted. The claim traces to Nick Bostrom's 2003 pa-
per "Are You Living in a Computer Simulation?" — but Bostrom's actual ar-
gument is not that claim. It is a trilemma: at least one of the following is
true — almost all civilizations go extinct before they can run high-fidelity
ancestor simulations; those that survive are almost universally uninterested
in running them; or we are almost certainly in one (Bostrom, Philosophical
Quarterly 53, no. 211, 2003: 243-255). Bostrom assigns no precise probability
to the third branch and warns explicitly against overconfidence in any of
the three. A careful philosophical argument, built to be cross-examined by
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philosophy, was cross-examined instead by a technology conference, and
lost precision in the exchange. That collapse — trilemma into slogan — is
itself worth entering as evidence before the argument proper begins.

Jui 2 igu1eu 2016 #i411 Code Conference a4 Recode Elon Musk Uaﬂéﬁs‘i
it Temanilsluiuduiiistegluauaegu’ (a one in billions chance
we're in base reality) lngliiusuadninlonuimuin Pong U WaN39
sedunwangldneludaul avtiuensesssuiidnutiwedeuiunssiassii
wsnliivonvnlaniisfeidusecunild donansnsilfudeuludaivesd
2003 w4 Nick Bostrom Lgl’eN "Are You Living in a Computer Simulation?" —
uiteldudn3eves Bostrom laflitonandraiu fufe trilemma: aghatios
wilsluanadedeluiliiuess — ensesssuieunaungayWugiouasuns
$ravsusTnyTuiiazBunanaield vielifensusssuiisenuldunuiemualal
aulovgiuiiy videlifsunuazuiueuitoglunissiasmilsogud (Bostrom,
Philosophical Quarterly 53, no. 211, 2003: 243-255) Bostrom lyl@szyuaau
unnduiiwiugilitutefian uasiieulfesndmaulilitiuladululude
Tvusanude deldududeusvngiiseunsu Feasranliigndnanudlog
USvayn ndugndnauAulneauyssyusumalulagunu wazdadening
wingluTunsuaniuAsutiu mswananetiu — 91 trilemma nanetdu
alaunu — duaniaztnduiundngnuiesdeuiidelfudeiaoiasiudu

Stated as Bostrom wrote it, the argument is a disjunction reached by elim-
ination, hedged at every step: it does not say what we are, only that one of
three things must be. Held to that standard, it is a piece of careful anthropic
reasoning about future computing capacity — not a metaphysics, and not
proof of anything about the world we are actually in.

i Bostrom 1@oulia3e deldudsiine disjunction fildunainnissagden
veniiazde sedinseimndumeu: sulilldveninsuduerls venuadmilslu
awegheenduaie Webamumnnsgiuiu fufetudiuvenisTivaunauuy
anthropic fiseunsuiigaiudneninnsawaadueunan — lildeiusuan
waglilduniigaierlafeafulanfiisegase
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The proposal that physical law is itself computation runs from Konrad
Zuse's Rechnender Raum (1969; translated Calculating Space, MIT, 1970),
which modeled space as a cellular automaton computing its own next state,
through Edward Fredkin's Finite Nature hypothesis — that space, time, and
every physical quantity are ultimately discrete and finite — to Seth Lloyd's
Programming the Universe (2006), which treats every particle collision as a
bit-flip, and to the Wolfram Physics Project, launched 14 April 2020, which
models space as an evolving hypergraph from which physical law emerges.
The skepticism deserves equal floor, not a footnote. Sabine Hossenfelder
has argued that no one has shown how a discrete algorithm reproduces the
continuous symmetries of general relativity, and that searches for a
preferred discretization scale have found nothing (Hossenfelder, "The Simu-
lation Hypothesis Is Pseudoscience,’ Backreaction, February 2021). Scott
Aaronson makes the sharper point: the hypothesis's problem is not that it
has been shown false, but that essentially no observation could count
against it — a defect prior to any question of truth ("Because you asked: the
Simulation Hypothesis has not been falsified; remains unfalsifiable," Shtetl-
Optimized, 3 October 2017).

Jerausingiandiesnaonisaruias laurnaus Rechnender Raum ve4
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wivlsifinsdanalaaefiaetudundnguduiuld — dounnsesiiinnou
AanuiEenuesalag azi5udae1 ("Because you asked: the Simulation
Hypothesis has not been falsified; remains unfalsifiable," Shtetl-Optimized, 3
October 2017)

John Conway's Game of Life, publicized by Martin Gardner in Scientific
American in October 1970, runs on three rules and produces gliders, oscil-
lators, and — decades later — a complete computer built from its own
pieces. Rule 110, one of 256 possible elementary one-dimensional automata,
was conjectured universal by Stephen Wolfram in 1985 and proved so by
Matthew Cook, who worked out the proof while bound by a nondisclosure
agreement with Wolfram Research that delayed its publication roughly a
decade ("Universality in Elementary Cellular Automata,” Complex Systems 15,
no. 1, 2004: 1-40). Both cases make the same point without metaphor: full
computational power, and the unpredictability that comes with it, can hide
inside a rule simple enough to state in one sentence.

Game of Life 284 John Conway 17% Martin Gardner LWeLLWS LU Scientific
American Luamaummﬂu 1970 sumﬂﬂguﬂmma u,avwam gllder oscillator
way — vangdauUsionn — ﬂauwamasauusmu,uummﬂwumﬂwmumamu
184 Rule 110 wiislu 256 elementary one-dimensional automata MdulUly
gn Stephen Wolfram aransadl3ludl 1985 318u universal wazgnivgaiiass
Tae Matthew Cook fAnduuniigatiitussuinsiignyniindednyaliiJawe
#ayafiu Wolfram Research Gaviliinisfiiuriandnlusaviimenssy
("Universality in Elementary Cellular Automata," Complex Systems 15, no. 1,
2004: 1-40) WgesnsaltUsziudisatulaglideddauuias: wianmsduan
Wuguuuy wienduanuaaalildidaudae deusglungiiiieneasnaay
Tuuseleadiaale

Every "random" number a computer produces is the deterministic output of
an algorithm seeded by some prior state; it looks unpredictable only be-
cause the algorithm is opaque to whoever is asking. This restages compat-
ibilism's oldest move as engineering. Hobbes and Hume, the classical
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compatibilists, held that freedom never meant uncaused — it meant acting
from one's own will, unconstrained by external force — so a fully determ-
ined pseudo-random generator and a fully determined human can both ex-
hibit exactly the unpredictability-to-an-observer that ordinary judgments
of freedom actually track. If physical law itself turns out to be the determin-
istic output of a cellular automaton, that does not resolve the question; it
removes the last place to hide from having to answer it.
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Every principle above runs the same shape, and the shape is the turn this
book keeps making: a computational claim meets a question philosophy has
held open for centuries, and neither side gets the last word. Bostrom's tri-
lemma stays open; Hossenfelder's objection stays unanswered; compatibil-
ism stays contested. That is not this method failing to reach a verdict. It is
what an honest cross-examination looks like when the witness is reality
itself, and the trial is still open when the file closes.

NNNENNITUIAUAIUFURUUAEINY wazgUluutumaaivtidaLauil
ihgegiaue: JonandrudAiurnueiuAaunussyUaaaliniuiu
nanerAna3sy wazliideluuldannanaing trilemma v849 Bostrom gaiUneg
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The people, briefly. Bostrom, a Swedish-born philosopher at Oxford, wrote
the 2003 paper after first circulating it in 2001. Zuse, better known for
building one of the first working programmable computers in the 1930s and
1940s, turned to digital physics afterward. Fredkin worked the idea for dec-
ades until his death in 2023. Lloyd is a mechanical-engineering professor at
MIT and an architect of quantum computing. Wolfram, having built Math-
ematica, launched his physics project as an open, crowd-participation ef-
fort in 2020. Hossenfelder is a German theoretical physicist known for pub-
lic skepticism toward untestable claims dressed as physics. Conway devised
Life in 1970; Cook proved Rule 110 universal and then spent years fighting to
publish it.
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Connections - 1%aule

Chapter 02's question — are objects in a simulated world real — is this
chapter's necessary predecessor. Chapter 09's Church-Turing thesis sets
the limit on what "computing the universe" could even mean. Chapter 11's
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audit of Shannon's bracket, and Wheeler's it-from-bit, is where the specu-
lation in this chapter meets its own foundations. Chapter 10's question of
what is reachable, not merely true, asks whether any simulator could
compute reality at the resolution reality displays.
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Open questions - A1aundanag

If no experiment could ever distinguish a simulated universe from a "base"
one, has the argument stopped being the kind of claim philosophy or phys-
ics can adjudicate at all? Does proving Rule 110 universal make Wolfram's
hypergraph more likely to be physics, or only more likely to be capable of it,
pending some independent reason to believe the update rule? And is com-
patibilism actually answering the free-will question, or quietly redefining
"free" until the harder version of the question can no longer be asked?

D
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Go deeper - 91Ufid
— Seth Lloyd, Programming the Universe: A Quantum Computer Scientist Takes

On the Cosmos, Knopf, 2006.

Seth Lloyd, Programming the Universe: A Quantum Computer Scientist

Takes On the Cosmos, Knopf, 2006.

— Nick Bostrom, "Are You Living in a Computer Simulation?", Philosophical
Quarterly 53, no. 211 (2003): 243-255 — simulation-argument.com/simula-
tion.pdf; Matthew Cook, "Universality in Elementary Cellular Automata,’

Complex Systems 15, no. 1(2004): 1-40.
Nick Bostrom, "Are You Living in a Computer Simulation?", Philosophical
Quarterly 53, no. 211 (2003): 243-255 — simulation-argument.com/
simulation.pdf; Matthew Cook, "Universality in Elementary Cellular
Automata," Complex Systems 15, no. 1 (2004): 1-40.

— Computer Simulations in Science, Stanford Encyclopedia of Philosophy.

Computer Simulations in Science, Stanford Encyclopedia of Philosophy.
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CLOSING

Closing

Uarau

This is the courtroom after both benches have been used — no verdict read out, only
the record handed across and the door left unlocked.
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What was the trial for?

a aNam v A
ANsNaNsaRfUl I neazls

Count the collisions this book has entered into evidence. Church and Turing
settled the Entscheidungsproblem six weeks apart in 1936 without either
having seen the other's proof, by methods that had nothing in common un-
til Turing wrote the appendix showing they agreed (ch.09). Stephen Cook
located the boundary of feasible computation in 1971; Leonid Levin, cut off
from Western journals, found the identical theorem two years later (ch.10).
Haskell Curry, William Howard, and N. G. de Bruijn each arrived at the cor-
respondence between proofs and programs from a different direction, none
of them aware of the others (ch.12). George Boole rebuilt Leibniz's calculus
of reasoning without knowing Leibniz had been there, and only learned of
the anticipation after his book was printed (ch.01). Four independent redis-
coveries of the same seam is not four coincidences. It is what a single vein
looks like when people keep striking it from opposite sides of a wall.
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That is the whole claim, and it is why this book was built as a cross-examin-
ation rather than a survey. Philosophy and computing are one project —
what can be known, said, and done by rule — separated by an accident of in-
stitutional history rather than by a difference in subject. Part I put the
machine on the stand and let philosophy ask what a program is, whether a
machine's answer counts as knowledge, how code means, whether a deleg-
ated decision keeps its morality, and who governs when architecture out-
runs law. Part II reversed the benches, and computation's questions were
the more embarrassing ones: your ideal knower is computationally im-
possible (ch.10); your certainty is an engineering product with an error
budget (ch.12); your account of trust is a threshold with a number on it
(ch.14).
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Neither court won, and that is not a failure of the method. Every hearing
here ends the way an honest examination ends: with the claim narrower
than it was, and the ground under it visible. Chapter 15 said why the trial
cannot close. This chapter says who runs it next.
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The route - LAUNS

Thirty days, one hour a day. Read the book's chapter first, then the source;
the encyclopedia entries are load-bearing, not decoration, and every link
below was checked before this file shipped. Where a chapter gets two days,
spend the second one arguing with the first.
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Days Chapter

Start with

Then

1-2 00 The Map

3-4 01 Logic

5-6 02 Metaphysics

SEP, Philosophy of Computer
Science

SEP, Godel's Incompleteness
Theorems

SEP, Types and Tokens
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SEP, Hilbert's Program

SEP, Leibniz's Influence on
19th Century Logic

re-read ch.02's wall
argument against ch.04
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Days Chapter Start with Then
7-8 03 Epistemology SEP, Computer Simulations in ~ Robertson, Sanders,
Science Seymour & Thomas, The
Four Color Theorem
9-10 04 Mind SEP, The Computational Turing, Computing
Theory of Mind - The Chinese =~ Machinery and Intelligence
Room Argument (1950)
1-12 05 Language SEP, Speech Acts SEP, Montague Semantics
13-14 06 Ethics SEP, Ethics of Al and Robotics Kleinberg, Mullainathan &
Raghavan, Inherent Trade-
Offs
15-16 (7 Politics SEP, Political Legitimacy SEP, Privacy and
Information Technology
17 08 Aesthetics SEP, Martin Heidegger Dreyfus, Alchemy and
Artificial Intelligence (1965)
18 the benches reverse  re-read ch.00's three rules of  write down which side you
examination have been quietly siding
with
19-20 09 Computability SEP, The Church-Turing ch.09's open questions,
Thesis answered in your own
words
21-22 10 Complexity SEP, Computational Aaronson, Why
Complexity Theory Philosophers Should Care
(2011)
23-24 11 Information SEP, Information ch.11's audit, re-run against
ch.00's Shannon bracket
25-26 12 Types & Proofs SEP, Intuitionism - Girard, Lafont & Taylor,
Intuitionistic Type Theory Proofs and Types
27-28 13 Learning SEP, Rationalism vs. Sutton, The Bitter Lesson
Machines Empiricism - The Problem of (2019)
Induction
29 14 Distributed

Trust

SEP, Common Knowledge
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Days Chapter Start with Then
30 15 The Bostrom, Are You Living in a pick the branch of the
Computational Computer Simulation? (2003)  trilemma you reject, and
Universe say why
fu un 13190 s
1-2 00 Wil SEP, Philosophy of Computer  SEP, Hilbert's Program
Science
3-4 01 ASsNANERNS SEP, Godel's Incompleteness SEP, Leibniz's Influence on
Theorems 19th Century Logic
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SEP, The Church-Turing Thesis
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SEP, Computational
Complexity Theory

SEP, Information

SEP, Intuitionism -
Intuitionistic Type Theory

SEP, Rationalism vs.
Empiricism - The Problem of
Induction

SEP, Common Knowledge

Bostrom, Are You Living in a
Computer Simulation? (2003)

Aaronson, Why
Philosophers Should Care
(2011)

AIASIVABUVDIUNT 11 Su
FufgUiuINAUVDa
Shannon 21U 00

Girard, Lafont & Taylor,
Proofs and Types

Sutton, The Bitter Lesson
(2019)

Nakamoto, Bitcoin (2008)
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Two habits matter more than the schedule. Read one primary source per
chapter rather than three summaries of it — the summaries agree with each
other and the primary does not, and the disagreement is where the thinking
is. And keep the last column: the exercises are the examination, and a route
with no cross-examination in it is a reading list, not a training.
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The license - Tuméiy'm

Nothing in this book required a degree in either discipline to produce, and
the record says so. Boole was a schoolmaster in Lincoln when he algebra-
ized logic. Shannon was a twenty-one-year-old master's student when he
showed that Boole's algebra was also a wiring diagram. Turing wrote the
founding paper of computing for a mathematics journal and the founding
question of machine minds for a philosophy journal, fourteen years apart,
without changing fields — because there was no field to change. The de-
partment that separated them was founded in 1962, twenty-six years after
the paper that made it possible. An institutional boundary that young has
no authority over a reader.
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That is the license, and it is narrower and better than permission to have
opinions. It is permission to ask a question in the other discipline's vocabu-
lary and to insist on an answer there: to ask an engineer what their system
means and not accept a benchmark score, to ask a philosopher what their
ideal agent would cost to run and not accept that the question is vulgar.
Each field's habits protect it from exactly one kind of question, and it is
always the other field's question.
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The rules were set out in chapter 00 and they are the only equipment
needed. The examiner sets the terms. Both voices appear, or it is a lecture.
Every claim carries its evidence — a date, a work, a source that can be
opened — because the fastest way to lose a cross-examination is to assert
what the record will not support.
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The record is now yours. The witnesses are still under oath, the questions
in every chapter's Open questions were left open on purpose, and the chair
at the front of the room has been empty since chapter 15. Sit down and be-

gin.
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